S e e e SR R T O R

MPOCBEIIEHUE

W BLA ANTLENTL LG CTABED




Anredopa

IKJIacC

Yuebuuk
IJis 0011eo0pasoBaTeIbHBIX
YUpexIeHuu

Pexomendosaro
Munucmepcmeaeom
06pas306aHUA U HAYKU
Poccuitcroil
PDedepayuu

17-e magague

MocxkBa
‘I1pocserniexue-

2010



VIK 373.167.1:512
BBK 22.14a72
Ad5
ABToOpHI:
. A. Anumos, JO. M. Koaszun, FO. B, Cudopos, M. B. Tkauéea,
H.E.®édoposa, M. H. Illabyrun

YuebHHK DOArOTOBJIEH MOJ HAYYHBIM DYKOBOACTBOM aKaJeMHKAa
A.H. Tuxonosa

Ha yue6HUK NOJYUEHEI MOJIOMKUTENLHEIE 3AKIIOUEHHS
Poccuiickoii akagemuu Hayx (Ne 10106-5215/488 or 03.10.2008)
u Poceuitckoit akagemun obpasosanma (Ne 01-195/5/7x or 11.10.07)

¥YecanoBHBIe 0603HAYEHHA

D BbleJIeHHe OCHOBHOI'O MaTepHajia

TeKcT, KOTOp]:Iﬁ BaXHO 3HATH M NOJIe3HO NOMHHTE

pelmenue 3afaduu

060cHOBaHME YTBEDKACHWA HJH BHIBOJ (HOPMYJIBI

obazaresbHbIe 3aJaun
JIOTIOJIHUTEIbHBIE 3aJaun

TPVAHEIE 3aga9H

3aHHMAaTeJIbHbIE 3aja4H

Anrebpa. 8 xuacc : yueb. nua obmeobpasoBaT. yupesk-
A45 penmit / [III. A. Anumog, FO. M. Konarus, 10. B. Cugopos
¥ ap.] — 17-e uag. — M. : [IpocBemenne, 2010. — 255 c. :
uin. — ISBN 978-5-09-024154-0.
YK 373.167.1:512
BBK 22.14a72

ISBN 978-5-09-024154-0 © HWsparenberso «Ilpoceemennes, 1991
© MWManarenwcreo «Ilpocsemennes, 2009,
¢ U3MEHeHHAMH
© XyaoxecTBeEHOe 0(OPMIIEHHE.
Hzparenscreo «Ilpoceemenues, 1991
Bee npaga samuineHsl



.

. 2Raen

: HepaBeHncTBa

Hoaoxureapunie
M OTPHIUATEIALHBIC THCIA

A R L L I EE T I EETE T EETETY PR EERE Y R

B xypce marematuku VI—VII KiaccoB Bel MO3HAKO-
MHJHCH C PATHOHAJLHBIMH YHCJIAMH. PﬁHHOHaﬂbHOE
YHCJIO MOMET OHITh NOJOHUTEeJIbHBIM, OTPDHIATEJ b~
HBIM HJIH PABHBIM HYJII0.

Ionroxumenvroe PAUUOHAABHOE HUCAO — ITO YHCJIO

BHAA L ,rae k 1 n — HarypanbHble uHcaa. Hanpumep,
n

%, %, %— NONOKHUTEAbLHBIE PalHOHaAJBHBIE HHCIA.
Ompuuameﬂbuoe pauyuoHaALbHOEe YUCAO — ITO HYHUCIIO

BHIA —f, rie K U n — HaTypalbHEIe yucaa., Hanpu-

Mep, —%. —%. —% — OTpHIIATEeNIbHEIe DAlHOHAJBLHEBIE
gucaa. OTpHIaTenbHOEe PALMOHAJbHOE HHCIO MOMKHO
3alMCaTh B BHJE =k, Hanpumep, —%: ‘_32

n

Payuonanvrvimu yucaamii Ha3kIBAIOT YUCIA BHEIA ﬂ,
n

rae m — uejoe, n — HATYpajlbHOe YMCJIO.

Ecay pamMoOHANBHOE YHCJIO0 MOXKHO HDEACTABHTE B
Buze ApobH, V KOTOpOoil 3HaMeHaTeN b ABJIAETCA HATY-
pasibHON crTeneHblo yucia 10, To aTO pamHoHAIBHOE
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YUCJ0 OOBIYHO 3aMUCHIBAIOT B BHJIE AECATHUYHOH Apo-
6u. Hanpumep:

25 _0,25 25T —0,257; 324_ 324,

100 1000 10
IonoxxuTenbHble YHCAA HASBIBAOT G0blUUMU HYASA,
a OTpHIATelbHble — MEHbWUMU HYAA. JlIa TOrO 9To-
ObI KOPOTKO BallHCATh, YTO YHCAO GOJbIle HIH MEHb-
e HyJd, HCHOJb3YVIT 3HAKH HepaBeHcTBa > (foiabiie)
u < (menbine). Tax, sanuce a > 0 o3HauaeTr, 4T0 YHCIO
a Donblle HYJA, T. €. @ — TOJ0KHTEelbHOe YHCJIO; 3a-
nucek b < 0 ozHAYaeT, YTO YUCHO b MEHbIIe HYJd, T. €.
b — orpunarensHoe yuciao. Hanpumep:

2550, $>0, ~21<0, -§<0-

3HaKH > W < HA3HEBAOT npomusonojoxchuvimu. Tak,
5>0 u 7>0 — HepaBeHcTBa OAWHAKOBOTO 3HAaKa,
a 3>0 u —2<0 — HepaBeHCTBA NPOTHBOIOJOMHBIX
JHAKOB.

B manpHeiimem 6yayT MCIONIB30BATHCS CHEAVIOIIHE
ceoiicmea wucen:

OOopMYyIMPOBKA ¢ MOMOIbIO OYKB

CrnopecHasas QOpMyJIHPOBKA

|
S— — — |
|
|

Ecnrna>0u b>0,T0a+6>0, CyMMa, DpOM3BeJeHHMe H YaCTHOE |
ab>0, % > 0. ABYX IONOMUTEIBHBbIX YHCeJ] — Io-

| mMoMHTeIbHbIE YHCIA,




ITpodoaxcenue

T
| MopMyIHPOBKA ¢ MOMOmEBI OYKB CnoeecHas GOpMYyIHPOBKA

2. Ecnma<0ub<0,Toa+b<0, Cymma oTpHOAaTeJbHBIX 4YHcel OTDPH-

ab>0, 20, bo. | marenska, a TPOM3BeJEHNE U HACTHOE
b a ABYX OTPHUATENBHBIX YHCET MOJOMKH-
TeNAbHBI.

3. Ecoima>0u b<0, To ab<0, IIponsBefileHHe ¥ HACTHOE MOJOMKH- |
ao, b <0 | TEIBHOTO W OTPUIATENLHOTO YHMCEJ
b a | OTPHIATEJIbHBI.

4. Ecnu ab >0, To Ecnn npomssBejeHHe HJIH YAaCTHOE |
i a>0u b>0, JBYX YHCeN TONOMKHTENbHO, TO ITH |
umu a<0n b<O. uyHucia HMMEWT OZWHAKOBbBIE 3HAKH

@ (r. e. ofa ynclIa NOJMOMKHUTEJbHBI HJIH
Ecam > >0, o 06a OTPHLATENHHE).
wima>0nb>0, I
wim a<0ub<0.

5. Ecnw ab <0, To Ecnu mnpouagenenwe HIH HACTHOE

i uin a>0u b <0, ABYX 4MCEN] OTPHULATENLHO, TO 3TH
. i a<0ub>0. YUCsIa WMeKT pasHble 3HakH (T. e.
- OJHO W3 HHUX MOJOXHTEIEHO, a APY-
| Ecm s <0, 1o roe OTPHILATEJbHO). i
nin a>0mub<0,
uan a<0u b>0.

6. Ecam ab=0, T0 Ecnn npousBeJileHHe JABYX 4HCeJ pas-
um a=0, b0, | HO HYJI0, TO XOTH OBl OLHO M3 ITHX
pia a#0, b=0, YHCeJ PABHO HYJHO.
wim a=0, b=0.

1

7. Benu 2=0, ro ' Ecan npoe pasea HYo, To ee duc- |

b nHTeJb PaBeH HYIK, a 3HAMeHATeNb |
a=0, b=0. HE paBeH HyJIW. i
Ha uyncnoBoif 0CH MOMOXKHUTEIBHBbIE YHcIa W30bpaa-
JOTCA TOYKAaMH, JexaluMu npasee Touku 0, a orpu-
maTenbHBIE YHCIA — TOYKAMH, JeXKalUMH Jepee ToU-
ku 0 (puc. 1).
JInA KpaTKOCTH BMECTO CJIOB «TOYKa, u3obparkalomasn
YHCJIO @» TOBOPAT IIPOCTO «TOUYKA a». Hampumep,
MOKHO CKa3aTh, YTO TOUKA 3 JIeKHUT npasee ToYkH 0;
TouKa —2 JexuT Jesee Touku 0 (pue. 1).
-2 0 3
Puc. 1



3amaua 1

oy Ay

AR A

4

Hoxasars, uro ecnim a <0, ro a?>0 u a® <0.

ITo yenosuio a <0. Tak kak a®=a-a, a mpousBejeHue
JIBYX OTPHIATEIbHBIX YHCeJ IOJOMKHUTEIbHO, TOo @’ > 0.
Ilo ceoiictBy cremenu a=a?-a, t. e. a® aAsnaercs
HpOH:lBe,lIEHHEM MOJOHTEJIBHOI0O YHCcHa 32 H OTpHH,a-
TeIBHOTO YMcHa a, noaromy a® < 0. <l

Boobie npu BO3BeJleHWH OTPHUIATEJNbLHOI0 UHCIA B
YETHYIO CTeleHb HOJY4YaeTcH IIOJOKUTeIbHOe YHCJIOo.

ITpu BO3BeAeHHMH OTPHOATEILHOTO YHCJIA B HEUETHYIO
CTeleHb MOJNYYaeTcs OTPHIaTelbHOe YMCJIO.

3apmaua 2

Orger

3amaua 3

OtBer

3anaua 4

Orser

[ 2

>

Hanpumep, (-2,8)¢>0, (-1,2)° <0.

Pemmurs ypaeHerue (2x +1)(3x - 9)=0.

JlanHOe DpoM3BelleHMEe PABHO HYJIO, €CJIH XOTA ObI
OIMH M3 MHOMHTelell paBeH HYJIW, T. €. ecJH
2x+1=0wumm 3x -9 =0. Pemuasa ypasaesne 2x +1=0,

HAXOJUM X = — é; pemraa ypasaenue 3x —9 =0, saxo-

oM x = 3.
1
x,=—=, X3=8. <
1 2 2
x®+5x

22+ 25

Pemnrs ypaBHeHuE 0.
INansas pApobs paBHa HYJIO, ecau x>+5x=0, a
x2+25#0. Ypasneaune x?+5x=0 MOXHO 3ammcaTh
TaK:

x(x+5)=0.

9o ypapHeHHe MMeeT KOpHH X, =0, x,=-5. IIpn x=0
M x = -5 aHamMeHaTenb He paBeH Hymo: x2+25# 0.

x,=0, x,=-5. <

2_25
PemuTth ypaBHeHHe "= .
x+5

Namsass npo6p paBHa HyJI0, ecau x°—25=0, a
x+95#0.
VpaBuenue x2 - 25=0 MOHO 3aIIMcCaTh B BHAE

(x=-5)(x+5)=0,
oTKyaa Xx,=5, x,=-5. Ilpu x=5 3HameHareib
x+5+#0,a npu x =5 3namenarens x + 5=0. Cnegosa-
TeJbHO, X = —5 He ABAAeTCs KOPHEM HCXOAHOr0 ypasB-
HEeHHA.

x=5 <
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YopamaeHus
Beramcante yerHo (1—4).

1) 12:6;  2) (=25 3) (—é](g) 4)(-3)-(—%}

1) 0,2-6-5; 2) (-2)-4-5;

3) 0,2-(-5)-6; 4) 5:(-0,2)- (-4)

3) (-6)-0,4-(-5)% 6) (—-6)-(—4)-(-3).

1) 36:3; 2) (-36):2; 3) 658 :(-5);

4y (-0,4):8; 5) (—80):(-16) 6) (-0,9): (-0.,3).
1) 2-(-15):3; 2) (-0,4)-(-5): 2;

3) 6-(-8):(—12); 4) (-6)-(-12):(-8x

5) (~45):3- (-2); 6) (-55):(~11)-(-3).

Haiitu uHcaoRoe IHaHeRHe REIDAMKOHHN:
1} a®b?c? npua=-1, b=-3, ¢=2;
2) ab’c? npra=-2, b=-1, c=-3;
a2
3) ——mpua=-2,b=-3, e=-1;
c
4) 5’; opu @¢=8, b=-1, ¢=-2.
¢

HCHOJILGYH SHAK > HJIH <, 3aOHCATE y"rnep:i:,u,eﬂne:
1) 11,7 — orpunaTensnos gucno;

2) 98,3 — DONOKHTENBHOE TUCIO;

3) X — OTPHLOATENEHOE THCIO;

4) ¥ — HOIO¥KHUTEAFHOS JHECAC.

Ilyere ¢ > 0, &> 0. Joxazars, aro;

1) 2u{u + 30) > 0; 2) (a+ b)2a +b) > 0.
IlyeTe ¢ < 0, & < 0. JoxazarTs, ITO:

1) 32 +4b <0 2 2a(a+5)>0.
yets ¢ =0, & <0, Joxasare, 4To:

1) a-b>0; 2)b—a<D;

3) a?b+bi< 4) ab®+a3b <0,

He BEIuMCIAS, BEIACHHTE, HOJOMKHTENLHO MM OTPHIATEILHO
IHAUEHHE BRIPAIKEHUA:

1) (-17)-(-1,281)%; 2) (-2,28)*- (~0,54)%

3) (-0,37)* +(-2,7)%; 4) (-3,21)* - (-45,4)*.

I[OK&B&TB, HTO0 OpH JawboM o 3EaveRMe R DAMEENE OOIOEHA-
TEJIEHO:

1, g, 1-a® |
h2 azﬂ.' 2)(! +1+a2’
3) (3a 1 2)2 - Ba(a +2); 4} (2e — 8)2 — 3a(a — 4).

7



12

13

14

15

16

17

18

19

21

22

23

JokazaTs, uTo mpu JO60M a4 3HAYEHHEe BRIPAXKeHHWA OTPHIA-

TeJbHO:
1) (-1,5)3—a?;
3) 2a(4a - 3)-(3a -1)%;

2) (-1 -(1-a)
4) 3a(a +4) - (2a + 3)2.

IIyers a <0, b>0. BolgcHUTE, NOJIOMKUTEIBHO HIH OTPHILATEb-

HO 3Ha4YeHHE BbIpaXeHHuH:

3pd. a? |
1) a°b?; 2)33-,

3) (2a-b)(2b-a);

3b-2a

4 .
) 3a-2b

BEICHUTE, HOJOMXUTEILHO MIKM OTPHIATENBLHO YUCJIO @, €CTIH:

3) a%a®>0;

4
a
6) a—a<0.

IIycrs a < 0. BbIACHUTE, NOJMOKUTEIBHO HIIN OTPHILATENIBHO YHC-

1) —a<0; 2) -a >0;

4) a'a®<0; 5) ﬂ>0;
aZ

a0 b, ecam:

1) ab>0; 2) ab<0;

4) %>0; 5) ab=-1;

Pemutes ypaguenue (16—21).
1) x(x+1)=0;

3) (x-2)(x+3)=0;

1) Bx—1)(x+5)=0;

3) 1+2x)(3x—-2)=0;

1) 22+x=0;

3) 5x-x%2=0;

1) ¥2-9=0;

3) 25-4x%=0;

1) x+1=0; 2) x—1=0;
x-2 x+2
2 2 _

) Zto0; 2 Tlog;
x-2 x-1
Pemnre ypasuenue (22—24).
1) x(x+2)=0; 2)

x+1
3) {2x—1)(x—2)=0; 1)
x+ 3
5) _Q’iﬂ); 6)
x*-x-1
2-1
1 =0; 2
) x+2 )
2
3) 3x +x=0; 1)
x-5

8

3) %CO;
a'A-»
6) 3—2.
2) x(x-2)=0;

4) (x+4)(x+5)=0.

2) 2x+3)(x+1)=0;

4) (5x-3)2 +3x)=0.

2) x2-x=0;

4) 3x2+4x=0.

2) 16 - x2=0;

4) 49x2-16=0.

3) 2x-1=0;
3x+1
x2+5x

3) =03
x

4) 1‘12:0.
2x-5

2
e
x

x(x—2)=0;
x—3
(x+3)(2x—-4) _
x-1 B
—E= 0.
2+rx+1
2_49
e _0
x-1
x-b5x?
x+ 3

0;

=0.




25

27

1 x
) x—9

gy L _

x-1

INPAMAA PA3BHBAET YHCJA HA LHHPEPBIATE
YACOB HA JABE IPYHNIIEI.

KAK ITPOBECTH INPAMYIO, YTOBBI CYMMBI
YHCEJI B OBEHX IrPYIIIMIAX BBIJIH OJHHAKOBBEI?

9
10
11

*12

1

43

+
[+ B =I5 B

[~
o

_.'::—2= . 2) x+l+l-—x=0;
x-6 x-2 x+3
2 -0 1) 1 1 _
x2-1 x-8 (x-2)x-38)

HoxasaTs, uTO:

1
a+2
1
a—-2

2

1)
2)

3)

3a + 2
4) 1 _

1-a

1
a+ 3

>0, ecnm a >0;

>0, ecnim a <0;
s

1
a+1

<0, ecnu a >0;

<0, ecnmn a <0.
3-2a

Brrauenurs (n — HaTypansHoOe YHCHO0):

1)

(_}_)ﬁrx _(_1)2n +3

—13y2n 132 +1
gy T +(-D) _

(_1)4n+1+(“l)6n -1’ (357_2,4)6
YIOpocTATE BEIpaXKeHue:

_ 3a2+4a+1 -
1 &-1._ 1 4y gy =2 t7er__e8-1

a+l a®+2a+1 (a+1)? a+l

9



Yucaosbie
HePaABCHCTBA

CpaBHeHHe YHCel IDMPOKO MPHMEeHAeTcHa Ha NPaKTH-
ke. Hanpumep, 9KOHOMHMCT CpABHUBAET ILIAHOBREIE TO-
KasaTenu ¢ GpaKTHIECKHMH, Bpad CPABHHBAaeT TeMmile-
paTypy G0JBHOTO ¢ HOPMaibHOH, TOKaph CPaBHHUBAaeT
pasmeps! BeITAUWBAeMON jgeranu ¢ sTajsoHoMm. Bo Beex
TAKHX CIYyYaAX CPaBHUBAIOTCA HEKOTOPHIE YHCJA.
B pe3yasTaTe CPABHEHHSA YHCeJ BO3HHKAaAKT YHCIOBLIe
HepaBeHCTBA.

CpaBHHM, HAIpUMED, YHCA % " g Ilnsa sToro Halaem

UX pasHOCTh:
4 3_16-15_1

5 4 20 20

4 3 1 4
CrnemosaTesibHO, — = = T. €. — IOJy4aeTcs MpH-

'5°4 " 20° g "o P
OaBneHHEM K YHCIY % TOJIOKHUTEJNBHOM0 YHCIA % . 910
03HATAeT, 4YT0 YHCIO — Gom;me 3 Ha oo . Taxum obpa-
4

30M, 4.3 rak kax ux PasHOCTL HOJOXKHUTENbHA.

574’

Onpenenernune. Yucno a Goasmie uHcnaa b, ecaw
pasHOCTb @ — b nosoxkuTenpHA. YMCIO @ MeHbIe Yuc-
aa b, ecaiu pasHOCTE @ — b oTpHUIATENBHA.

Ecnwm a Gonbiie b, To numyT: a > b; ecaiu a MeHbIie b,
TO NHIIYT: @ <b.

Taxum oOpasomM, HepaBeHCTBO @ >b o3HavaeT, 4TO
pas=oCTh @ — b monokuTenbHa, T, e. a —b>0. Hepa-
BEHCTBO a < b o3mavaer, uroa—-b<0.

3anaua 1

Hoxasars, 4To ectu a > b, To b <a.

» HepasenctBo @ >b o3mauaer, 4TO 4 —b — HNOJOMKH-

rTejasHOe 4duciao. Torma b—a=—(a -b) — orpunaTenh-
HOe 4HCJIOo, T. e. b<a.

10



Ins nob6eIX ABYX 9HCE] @ U b U3 cIeAyOmUX TpexX co-
OTHOLUeHuM a >b, a="b, a <b TONBKO OAHO ABJAETCA
BepPHBIM.

Hanpumep, s uncea —5 U —3 HEpaBeHCTBO -5 < —3
ABJIAETCH BEPHBIM, 4 cooTHomeHus —5=-3 u —5>-3
He ABJAKTCA BePHBIMH.

‘' Cpaenumb wucaa @ ¥ b — 3HAYUT BHIACHUTH, KAKOM

° N3 3HAKOB >, = WM < HYHO MOCTABUTE MEMXIY OTH-
MH YWCJIAMH, YTODLI NOJYIUTH BEPHOE COOTHOITEHHUE.
9T0 MOXKHO CAeNAaTh, ONPEAEIUB 3HAK pasHocTH @ — b.

2

3amaua 2 Cpasauts unciaa 0,79 u %

» Haiizem ux pasHOCTE:

0,79 - % =0,79-0,8 = -0,01.

Tak Kak 0,79—§<0, mo,79<%. <

TeoMeTpHYecKH HepaBeHCTBO ¢ > b o3HauyaeT, YTO Ha
49HCJ0BOM OCH TOYKa a Je:HT NpaBee TOUYKH b
(puec. 2).

Hanpumep, ToYKa % aexxuT npasee Touku 0,79, rax
Kak %)0.79; TouKa 2,3 JeyuT JeBee Touku 4,4, Tag
kak 2,3 <4,4 (puc. 3).

3anmaua 3 Iokasats, uro a’+ b%> 2ab, ecnu a #b.

b ITokaskem, 9TO pasHOCTH a®+ b% — 2ab monoxUTENLHA.
B camom gexne, a®+b%-2ab=(a-b)?>0, Tak Kak
a#b., <

3amaua 4 HokasaTk, 4TO a + B >2,ecina>0na=l.
a

1
» IlokaxeM, 4TO pa3HOCTh @ + —— 2 MOJIOIKHATENbHA.
a

1

2 2
- a“+1-2a a-1)
HeiicTBUTENBHO, a+——2= = >
a

0,

a a
Tak kKak a >0 maz1, <
- P »
b a
Puc.2
2,3 4.4
" - 4 —+ ———
-2 -1 ] 1 2 3 4 5
Puc. 3



n
3axaua 5 IlokazaTe, YTO €CIH — — MNPaBHJILHASA ApPo0b, TO
m

28

29

31

32

33

n _n+1
< —

m m+1
n
HanmomuuMm, uTo Apobb — HasbIBaeTCA NPaBHJIb-
m

HOH, ecau n<m (B ¥ m — HaTypajJbHBEIe YHCJA).

I n_n+l_nm+)-mr+1l)_  n-m
m m+1 m(m + 1) m(m + 1)
MeHbIIe HyJ#, Tak Kak n—m<0, m>0, m+1>0.
n+1

n
CrneposarennHo, — < .
m m+1

Ynpamxaeausa

HCHOJIBSYH onpejieJ;ieHNEe YHCJIOBOI0 HepaBeHCTBa, CPaBHHTH
qHcaal

1 1 13 b}
0 =z o)) = : S 35; -2 u-0,7.
1) ,3115, ) 31{0,3, 3) 40}10, 4) g !

Cpaerurs uncna a u b, ecnu:

1) b-a=-13; 2) b-a=0,01;

3) a-b=(-5)"; 4) a—b=-51.

HokasaTh, 4TO Npy JOOLIX 3HAYEHHAX ¢ BEPHO HEPABEHCTBO:
1) a?>(a+1)a-1);

2) (a+2)(a+4)>(a+1)a+5).

CpaBHHUTH 3HAYEHHA BEIPAYKEHHA

a? [1 2 1]
—.-. ._+_+_
(1+a)®) \a® a® a
1) npua=235mu a="785;
2) npﬂa=70.8ﬂa=f%.

JokasatTb, 9To NpH aIO0BIX 3HAYEHUAX @ BePHO HEPABEHCTBO:
1) a®<(a+1)a?-a+1);

2) (a+T)a+1)<(a+2)a+6);

3) 1+(3a+1)?>(1+2a)(1+4a);

4) (3a -2)(a +2)<(1+2a).

JloxasaTh, 4TO NpH J0O0LIX 3HAYEHHAX @ ¥ b BepHO HEepaBeHCTBO:
1) a(a+b)>ab-2; 2) 2ab-1<b(2a+b);

3) 3ab-2<a(3b+a); 4) b(a +2b) >ab - 3.

Hea ManpyuKa KYNWIH OJAWHAKOBOE YHCJIO Mapok. Ilepeeiil Bhi-
Opan Bce Mapku no 5 p. BTopoil moJIOBHMHY MapoK KYNWJ 10

3 p., a ocranbHbie — 1o 6 p. Kakoil Manbuuk HCTpATHJ AeHer
Gonbme?

12



35 [loxazaTts, 9TO ecnm a, b, ¢ — TOJOXKUTEJIBHBIE YUCIA U 4 > b, TO:

1) 2reca. gy bie b

b+c b a+c a

36 JoxasaTre, uto ecnm a >0, & >0, TO BEINOJNHAETCA HEPABEHCTBO
a*+b*>a’b +ab’.
37 Jokasatk, uto eciua>—-luaz1l, roa®+1>a2+a.

OcHOBHBIE cBOliCTBA
YHCJIOBBIX HEPABEHCTRB

B sToM naparpade paccMaTpPHBAKTCA CBOMCTBA UHCIIO-
BbIX HEPABEHCTB, KOTODhIE OGBLIYHO Ha3BIBAKT OCHOB-
HBIMH, TAK KaK OHH YaCTO HCHOJB3YIOTCA IPH A0Ka3a-
TENBCTBE APYTHX CBOHCTEB HEPABEHCTB H IPH DeIleHHH
MHOTHX 3aj1a4.

Teopema 1. Ecima>bub>c,T0@a>c.

® Ilo ycaosum a >b u b > c. 1o o3gavaer, uroa —b>0u
b—¢>0. CkmagepiBad TMOJIOMKUTENBbHEIE 9HCJa @ —b |
b—c,monyuaem (a —b)+(b—-¢)>0,7. e. a—c¢ >0. Cie-
JOBaTeNbHO, 4 >¢. )
T'eomerpuieckn Teopema 1 o3HavaeT, 4TO €CJIH HA YHC-
JIOBOH OCH TOYKA @ JEKHUT mpaBee TOUYKW b w Touwxa b
JIeKHT IpaBee TOYKHU ¢, TO TOYKA 4 JIEJKHT IpaBee TO4-
KH ¢ (pumc. 4).

Teopema 2. Ecim xk obeum yacTAM HepaBeHCTRA
npubaBUTE OAHO K TO e YHCJI0, TO 3HAK HepaBeHCTBa
He H3MeHHUTCSH.
@® Ilyers a >b. Tpebyercsa DOKA3ATH, UTO
at+c>b+c
s npoboro uykenaa ¢. PaceMoTpuM pasHoOCTh
(a+e)—(b+e)=a+c—-b—-c=a-b.

&
C

=R

b
Puc. 4
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Jra pasHOCTh IOJOXXHTEJNEHA, TAK KAK IO VCJIOBHIO

a > b. CnegosaTtensHo, a +c>b+c.

Cneacrrue. Jlioboe cnaraemoe MOMKHO TePeHECTH
M3 OXHO# YacTH HepaBeHCTBA B APYryio, M3MeHHB
3HAK 3TOrO0 CJIAMAEMOTO HA [IPOTHBONOJIOIKHBIN,

Ilyers a > b + c. [IpnbaBnsaa k o6eum yacTaM 3TOro He-
paBeHCTBaA 4YMCJI0 —C, mojaydaem a—c>b+c—c, T. €.

a-c>b.

Teopema 3. Ecnu obe wacTm HepaBeHCTBA YMHO-
JKHTH HA ONHO U TO 3Ke IIOJIOMKHUTENbHOe YUCJIO0, TO
3HAK HepaBeHCTBA He H3MeHHTcA. Ecam obe wacTm
HepaBeHCTBA YMHOMHUTE HA OHO M TO JKe OTDHIA-
TeJbHOEe YHCJO, TO 3HAK HEPABEHCTBA M3MEHHUTCH Ha
IPOTHMBONOJIOAHBIH.

1) Hyers a>b u ¢ >0. lokaxkem, uro ac> be. Ilo
yeyoBuo a —b >0 u ¢ >0. Ilosatomy (a —b)c >0, T. e.
ac —be > 0. CregosarennHo, ac > be.
2) Ilyere a>b u ¢ <0. doraxem, uro ac < be. Ilo
yeaoBuo a —b>0 u ¢ <0. Iloaromy (a -b)c <0, 1. e.
ac —be < 0. CnepoparensHo, ac < be.

Hanpumep, ymHOMAasA 06e yacTH HepaBeHCTBA % <0,21
Ha 3, monyyaem §< 0,63, a ymuoxasa obe yuacTH Hepa-
BEHCTBA % < 0,21 na -4, nonyuyaem —g— > —0,84.

1
SameTHuM, uTo ecau ¢ # 0, To yMeaa ¢ M ~ UMEOT OAHH
(4

M TOT e 3HakK. Tak Kak AeJieHHE Ha ¢ MOMHO 3JamMe-

1
HHUTh YMHOMEHHEM Ha —, TO H3 TeopeMbl 3 BBITEKAaET
C

ClleAyiolinee yTBepXxiaeHHe:

Cnepcreue. Ecin ofe yacTu HepaBeHCTBa pasje-
JUTE HA OZHO U TO ’Ke IMOJOMKHTeJLHOE YHCJI0, TO
3HAK HepaBeHCTBA He M3MeHuUTCcA. Ecam obe wacTu He-
paBeHCTBA Pa3fe/INThH Ha OLHO H TO K€ OTPHIATeNb-
HOe YHCJIO, TO 3HAK HEepPaBEHCTBA M3MEHHTCH HA IIPO-
THBOIOJIOMXKHBIHN.

Hanpumep, paagenns obe yactu mHepaserctsa 0,99 <1
Ha 3, nonyumm 0,33 < é, a pasgenus obe wacTH Hepa-

sencrBa 0,99 <1 na -9, moayunm —0,11> —%

14



3amaga 1 HokasaTs, 4To ecnu a > b, ro —a < —b.

) ¥muoxas ofe uwacTu HepaBeHCTBA a >b HA OTpUIA-
TeabpHOe 4Hucao —1, noaydaem —a < —b. <|

Hanpumep, u3 Hepasencrsa 1,9 < 2,01 crexgyer mepa-
BeHeTBO —1,9 > —-2,01; u3 HepaBencTra 0,63 > g cleny-

eT HepaBeHCTBO —0,68 < — g -

3anaua 2 Jlokasatk, 4TO ecJii @ ¥ b — MOJOKHUTelLHEIE YACIA B

38

39

41

a>b, o 1 < 1 .
a b
p Pasgenus ofe uyacTH HepaBeHCTBa b<a Ha moJoO-
JKUTeNbHOe YHCJo ab, mony4aem:
1 1
—<3- <
OTMeTHM, UTO Bce CBOICTBA HEDABEHCTB, PACCMOTDEH-
Hble B 9TOM naparpade, 10Ka3aHel L1 HEDaBEHCTBA CO
3HakoM > (Gosbuie).
Touro Tak e OHM AOKA3BIBAIOTCH M [JIA HepDABEHCTB
CO 3HAKOM < (MeHbIe).

YupamHaeHus

IokasaTp, 4TO:
1) ecima-2<bub<0, 10 a~2 — OTPpUIATEILHOE YHCIIO;
2) ecnua?—5>ana>1,r0oa’-5>1.

BEBIACHUTH, MOJOXUTEJbHBIM HJIH OTPHIATEeJbHBIM SABIAETCS
YHCIO 4, ecJu:

1)a=bub>1; 2) a<bub<-2;

3)a-1l<bub<-1; 4) a+1>bnb>1.

3amucaTh HEPaBeHCTBO, KOTOPOe MOJYYUTCA, eclH K obermM Jac-
TAM HepaBeHCTBa —2 < 4 npuGaBHTh YHCIO:
1) 5; 2=

BanucaTh HEPaBEeHCTBO, KOTOPOe NOJIYYUTCH, eCjH K 00euM gac-
TAM HepaBeHcTBa 2a + 3b > a — 2b npubaButs uyncio:
1) 2b; 2) —a.

3amucaTe HepaBEeHCTBO, KOTOPOe MOJYYHTCsA, ecJI H3 06enx Tac-
Tell HepaBeHCTBa 3> 1 BEIUECTh UHCJIO:
1) 1; 2) -5.

3anucaTh HePABEHCTBO, KOTOPOE IOJYYUTCA, eCJIH U3 00eHux Jac-
Teil HepaBeHCTBa a — 2b < 3a + b BEIYeCTh YMCIO:
1) a; 2) b.

15



45

47

49

51

52

53

Ilyvers a < b. CpaBHHUTE YHCHIA:

1) a+xub+x; 2) a-5ub-5.
JokasaTh, 4TO:

1) ecru da—-2b>3a—-b, Toa>b;

2) ecnm 2b-3a <3b—4a, 0o a<b;

3) eciim b(2a+1)<a(2b+1), Toa>b;

4) econ b(1-3a)>a(1-3b), Toa<b.
IlokasaTh, 4TO:

1) ecam x(x+2)<(x—2)x+3), T0 x < —6;
2) ecnmn x(x+6)>(x+1)(x+4), To x>4;
3) ecim (x—38)2 < x(x-5), 70 x>9;

4) ecnu x(3+ x)<(x+2)%, To x> 4.
VMHOMUTH 06e yacTH JAHHOrO HEPABEHCTBA HA YKA3AHHOE YMCIO

(47—48).

1) 3,35<4,5 Ha 4; 2) 38>2,4 ma 5;
5.2 ua-12: 3.7 4a-

3) 6_>§ Ha —12; 4) 4{8 Ha —16.

1) 2a>1 =a 0,5; 2) 4a <-1 =na 0,25;

3) —4a < -3 Hua 0,25; 4) -2a > -4 na —-0,5.

Pazpenuts o6e yacTH JAHHOTO HEPABEHCTBA HA YKASAHHOE YHCJIO
(49—50).

1) -2<5 na 2; 2) 4,5>-10 =a 5;

3) -25>-30 nHa —5; 4) -20 <-12 Ha —4.
1) 1,2a <4,8 na 1,2; 2) 2,3a<-4,6 uva 2,3;
2 1 a2, 83,51 4, 3
3) 3xc y Ha 3’ 4) 4x>3 Ha 1

Ilyers @ — nososxurensHoe uueno u a < 1. Jloxkasars, 4ro:
1) a®<a; 2) a®<a?.
IlyeTe a < b. CpaBHUTE YHcaa:

1) —4,3a u —4,3b; 2) 0,19a u 0,19b; 3)

4) _% " _g; 5) —2(a+4) u -2(b +4);
2 2

6) 5(a~52)u (b-52).

" —;

L=

L
4

HokasaThk, 4TO:

1) ecau ba—2b>2a +b, To a > b;
2) ecimda-b<2a+b,Toa<b;
3) ecom 2a +2b<6a—2b, TOo @ >b.

Hoxkaszark, 4uTo:

1) ecoim (x—1)(x+2)>(x+1)(x~2), T0 Xx>0;
2) ecoim (x+1)(x—-8)>(x+2)0x—4), To x<0;
3) ecau (x—3)2 <(4+ x)(x—4), To x>26%r’;

4) ecam (x —3)(3+ x) > (x +2)2, o x<—14—3.
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95 Moxer 1M pasHOCTb @ — b OBITH:

1) Oousblie cymMmsl a + b; 2) MeHblIe CyMMBI @ + b;
3) paBHa cymme a + b; 4) Gonnme a;
5) Goabuie b; 6) pasma b?

IIpuBecTH DpHEMEpHI.
56 lokasaTsh, 4TO:

1) a+%<—2, ecina<0ua#-1;
2) %+§>2,ecnnab>0na=&b;

3) 4y+i>4, ecin y>0 m yi%;

4) 9x+i<76,ecnu x<0mu x#—%.
57 Ilyerws a >b. IlokasaTs, 4TO:
1) 1<l ecamab>o0; 2) 151 ecnmab<o.
a b a b
58 Bepso Jsn, uro:
1) ec.lma-:b,'ro%<1; 2) ecm{%>1,ma>b;
3) ec.nu%<1,*ro£>1; 4) ecim a®<1,T0 @ <1?
i

Crhnosrenue u YMHOEEenIne
HEepABEHCTE

Y . . AAAAA oy = s oo H-nves Fasune Aerens Pausas Frrrna T Prrveas Jomenn Brrraa Bose

Ilpu pemeHHM pasIHYHBIX 3afa4y 9acTO NPHXOAMUTCS
CHKJIaJLIBATE MJH YMHOXKATH NOYJEHHO JIeBbie W mpa-
Bble YACTH HepaBeHCTB. IIpm aToM HHOrZa roBOPAT,
YTO HEPABEHCTBA CKIAALIBAIOTCH MJIH YMHOMAKTCH.
Hanpumep, eciu TYpHCT IIpoullesl B NepBbii JeHb Go-
Jee 20 kM, a Bo BTOpON — Bojsee 25 KM, TO MOKHO
YTBepPKJIaTh, YTO 3a [Ba JHA OH npoien Goaee 45 kM.
TouHO TaK e eciH AJHWHA NPAMOYrOJEHHKA MEHbIIe
13 cm, a mUpUHAa MeHBIIE 5 CM, TO MOMKHO YTBEDX-
AaTh, YTO HOJAOIIAAEL ITOTO NPAMOYTrOJLHMKA MEHb-
nre 65 cm®.

IIpm paccMOTpPEHHH 3THX IPHMEPOB NPHUMEHANHCH
CHefVIOUIHE MmeopemMbl 0 CAONEHUU U YMHONCEHUU
HepaseHcma:

17



Teopema 1. Ilpu cnoKeHHH HEPABEHCTB ONUHAKO-
BOTO 3HAKA HOJyJYaeTcs HepaBeHCTBO TOTO JKe 3HAKa:
ectma>buc>d, roa+e>b+d.

Ilo ycnoeuio a—-6>0 u ¢ —d >0. Paccmorpum pas-
HOCTB

(a+ec)—-(b+d)=a+c-b—-d=(a-b)+(c-d).

Tak Kak cyMMa NOJIOMKATEILHEIX UHCE] MOJIOMUTENb-

Ha, To(a+c¢)-(b+d)>0,T.e.a+c>b+d.

Ipumepsr: 1) - 3>2,5 2) 12<1,3
5>4 -3<-2
8>6,5 -1,8 <-0,7

Teopema 2. [Ipy YMHOMEHMHU HEPABEHCTB OJMHA-
KOBOI'0 3HAKA, Y KOTOPEIX JIEBbI€ M IPABEI€ YACTH IO-
J0KUTENbHEl, TIONYYaeTC HePABEHCTRBO TOTO e 3HAa-
Ka: ectma>b, c>d u a, b, ¢, d — nonoxKATEJNbHbIE

quena, To ac > bd.

3amaua 1

3anmaua 2

PacemorpuM pasHocTb
ac —bd =ac —bc +bc -bd =c(a—-b)+b(c-d).
IIo ycaoBuw a-b>0,c-d>0, b>0, ¢>0. IToaro-
my c¢(a—-b)+b(e-d)>0, T.e. ac—-bd >0, orryza
ac > bd.
I[Ipumepsl: 1) « 3,2>3,1 2) % 1,8<2,1
3>2 4<5

9,6 >6,2 7,2<10,5

HokazaTs, 4To eciu @, b — NONOKUTENLHEIE YHUCAA U
a>b, to a®>b>,

YmMuoxan mepasBeHcTBO @ > b camo Ha cebs, noayyaem
a®> b2,

AHaNOTrHYHEO MOYKHO JIOKA3aTh, YTO €CJHu a, b — mouio-
JKUTeJbHbIe YHeaa U a>b, Toa” >b" npu nwbom Ha-
TYpPaJbHOM 7.

Hanpumep, us HepaBeHcTsa 5> 3 caejyi0T HepaBeHCT-
Ba 5°>3% 5">3" ur. 1.

HoxasaTe, 4TO cyMMAa PACCTOAHHMHA oT J060il TOYKH,
Jexaurel BHYTPHM TPeyroJbHHKA, [0 €ro BepIiuH
DoJibllle DOJNyNePUMETPa 3TOr0 TPEYroJbHHUKA.

Paccmorpum pucysok 5. Ilyers x, y, 2 — paccrossuda
OT BHYTPeHHedl Touku M £o BepIIMH TPEyroILHHUKA
ABC.
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Puc.5

59

60

61

62

64

65

67

B Ha rpeyronsruxos AMB, AMC, BMC no Teo-
peMe 0 cCyMMe JJIMH ABYX CTOPOH TPeyTOJBHH-

a ¢ Ka uMeeM:
x+y>c,
> A x+z>b,
y+z>a.

Ckyiajib1Basi 9TH HEPABEHCTBA, MOAyUAEM:
2x+2y+2z>a+b+e,

at+tb+c
OTKyJa X+ Yy+2>—

YupaxHeaus

(Yerro.) Bepro a1, uTO:
1) eciu x>Tun y>4, 10 x+y>11;
2) ecnm x>5u y>8, To xy <40;
3) ecim x<-Tuy<T7,10 x+y<0;
4) ecim x<2muy<5, 10 xYy<10?
BRIMOJHUTE CHOMKEeHHe HePABEHCTR:
1) 5>-8u8>5; 2) -8<2m3<5;
3) 3x+y<2x+1udy—2x<14-2a;
4) 3x2+2y>4a-2 u 5y -3x*> 3 -4a.
BRINOJHUTE YMHOXKEHUE HEePABEHCTB:
2 1 . 1 2 .
1)2§>1§H12>6. 2)6~4~<9§H4<6.

3) x-2>1ux+2>4; 4) 4<2x+1u8<2x-1.
Joxasats, uro ecnu a>2 u b > 5, To:

1) 3a+2b>16; 2) ab-1>09; 3) a?+b%2>29;

4) a®+b%>133; 5) (a +b)* > 35; 6) (a+0b)®>340.
CTOpPOHE! TPEYTOJBEHHKA MEHBIIE COOTBETCTBEHHO T3 cM, 1 M 15 cm
u 1M 11 em. JlokasaTsk, UTO €ro mepuMeTp MeHbIle 3 M.
Kynnenst 4 rerpagu u 8 6noxHOTOB. lleHa Terpaiu MeHbIIe
7 p., a 6nmokHoTa MeHbIIe 40 p. [TokasaTh, YTO CTOMMOCTSL Bceit
moKynKH meHbmme 350 p.

ITyers a <2, b > 3. [lokasaTs, 4TO:

1) a+3<b+2; 2)a-1<b-2;

3) b-3>a-2; 4) 2b>2a+2.
Ilyers a > 2, b >3, ¢ > 1. [lokasars, 4T0:

1) a+b+ec>6; 2) abe > 6;

3) 2ab + 3abc > 30; 4) abc + 2ac > 10;
5) a +ab +abc?>13; 6) a?+b%+c2>13.

OgHa cTopoHa npsaMoyroisHuka Oosbine 7 em, Bropas B 3 pasa
6onbpme mepBo#. JokasaTe, UTO NepUMETD HNPAMOYIONbHHKA
6onpme 56 cm.
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68 [limHA TPAMOYroJLHOrO y4acTKa B 5 pas GoJibllle ero ImMUPHUHLI,
a mupuHa 6onbme 4 M. Jlokasars, 4TO mioiaib y4acTka 00Jb-
me 80 m2.

69 JlokasaTh, 4TO cyMMa pacCTOSIHMM OT 060 TOYKH, Jexamei
BHYTPH OPAMOYrOJbHHKA, N0 €ro BePIIWH Goiblme NoJylepH-
MeTpa NPAMOYIOJbHUKA.

70 J[oxasats, uTO:

1) ecin x+y>5m x<2, 10 Y>3

2) ectmx-y<-3nx>4,104y>7T;
3) ecntma-3b<bua>-4,10b>-3;
4) ecii 2a+3b>1una<2,10b>-1.

71 Ilycrs a > 1. lokasaTs, uTo:

1) a3 >a; 2) a®>a’.
72 Ilyctb a <1 m a — nojosxkuTensHoe uncio. Jokasars, 4To:
1) a®<a; 2) a®<a’.

73 Ilycrk a >b u umucna a, b orpunarensusie, JokasaTk, 4To:
1) a” >b"™, eciu N — HeYeTHOE HATYDAJLHOE YHCIO;
2) a" <b", eciu n — YETHOE HATYPAJBLHOE YHCJO.

74 IlycTe a U b — MOJIOIKUTENBHEIE YHCJIA ¥ I — HATYDPAILHOE YHC-
a0. [Joxasate, uto ecaun a” >b", o a > b.

CTporue u HecTporue
HEePDABSHCTBA

HepaBeHcTpa co 3HakoM > (DoJibile) U < (MeHBINE) Ha-
seIBalOT cmpozumu. Hanmpuwmep, s> 3" %<1, a>b,
¢ <d — CcTpOrHe HEDABEHCTBA.

(=]
—

Hapsaay co 3HAKaM#W CTPOrMX HEPABEHCTB > M < HC-
TOJIL3YIOTCS 3HAKHW 2 (DoJbIne MM PABHO) H < (MeHb-
e UM PABHO), KOTODBIE HA3BIBAIOT 3HAKAMU HECTPO-
rux HepaBeHcTB. HepaseHcTBO a <b osHadaer, 4TO
a<bwunua=b, . e. a He Bonbumie b. Hanpumep, ecnu
YHCJI0 NOCAJ0YHBIX MecT B camonere 134, To 4HcCJIO @
Imacca’kMpoB MoKeT GLITE MEeHBIIMM HIH paBHEIM 134,
B aTom cayuyae MOXKHO 3anucarh: a < 134.
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To4HO TAK ¥¢ HePABSHCTRO & 2 b 03EATSET, YTD YHCIO
a bosble MM paseEc b, T. €, § He MeHEIIE D).

HepaBeHCTBA, COIepKallle 3HAK F WIA JHAK %, Ha-
aeIBalT Hecmpozumu. Hanpumep, 18212, 11512,
727,454, a> b, ¢ €d — HeCTporne HepPABEHCTEA.

Bce cBolicTBa CTDOTHX HEDABEHCTB, ¢hOpMYIHDOBAH-
Heleé B § 3—4, cnpaBeANHBL H I HeCTPOT'HX Hepa-
peHCTE, [IpH 3TOM €CJIU ANH CTPOTHX HepABEHCTEB IPO-
THEOHNUJAOKHBIMHEA CUYHTAJAYMCh JHAKHM > U <, TO AJA
HECTPOrHX HEPABEHCTE IPOTHBOMNONOMHEIMHE CUHTA-
OTCA IHAKHE 2 B %,

Hanpumep, Teopema 2 u3 § 3 copasexnass ¥ A8 He-
CTPOrMX HEPABSHCTB: ecliH @ # b, To a+c 2 b+c Aana
nwboro unucaa ¢. B camom fene, gna cayuad a > b sra
TeOpeMa JOKAIAHA B § 3, 4 JJIA caydana a =t oTo YTREP-
KIeHHEe BhIDAMACT H3BECTHOE CBOMHCTBO PaBEHCTE.

Sajuaqa Hoxkasathk, 4TO0 HEPABEHCTED

78

76

77

78

a+ b3 2ab 1)
BEDHO NpH AIOOHMX 4 U b.

B 3apaue 3 B3 § 2 AoKAa3aHO, UTO OPH 4 £ § BUIUIHA-
erca cTporoe HepasexcTbo a2+ b2 Sab. Ilpu a =b me-
pareneTro (1) nperpamasTes B OUARMIHOR DAREHCTRO
242 =2a?, CregoBarensEo, HepaseneTeo (1) BepHC IpH
mobHX & U b, oprdYeM 3HAK DABEHCTBA HMEET MECTO
TONXBKO NpH @ =b.

YopamEeHNA

Haitrr BanfoJslluge mexoe THCAC fI, YIOBJAETROPAIOIIEE Hepa-
BEHCTBY:
1) n <-2; 2) ns3; 3) n<4;
4) n <5 5) n<0,2; 6) n <-0,3.
Hailitn mamMeHbinee mexoe 9mciao i, YIOBIETBODAKIICe HEPa-
BEACTBY:
1) 2 -3; 2) n=6; 3) n>6;
4) n > -4; 3 n>-4.21; 6) n=23,24.
HatiTy nanGonbaiee neaoe 4ucac x, YAORJeTBOPAKIIEe HEPABeH-
CTBY!:

EX SN X -2,
1) 5 2) i <

3anucaTh, UCNOAL3IYS 3HAKH HEDABCHCTBA, YTREDIKACHHS:
1) ceromna B Mockse 0 °C, a B Cankr-Ilerepbypre Temnepatypa
(t °C) He BlIne, YyeM B MOCKBE;
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79

80

81

2) mopa nommANacE HA BeICOTY (B M), He MeHLIIYIO 5 M;
3) temoepatypa (¢ °C) BOABl B MUIAKOM COCTOAHHMH NDPH HOD-
MAJLHOM JABIeHHM He Meubnre 0 °C; re Hoxnsme 100 °C;
4) cxopocTk (U KM/9) OBHMEHHS ABRTOMOGHALHOrO TpPaHCIOPTA
8 ropoae ne Ooaemre 60 xM/u.
Tlycre o €. Bepro N1 HepaBeHCTBU:
1) a—-3<b-3; 2) 5a < 5b;
3) a+2.5<b+2.5; Ha-4>b-47
Myers a 2 b. Bepao ¥ HepaBeHCTRO:
1) -2a>-2b; 2) -3a < -3h;
a0, L b
571 TR
Hoxasars, uro:
1) ecana—-bzda+5b, 70a <-2b;
2) ecnm g — 2b <5g +4b, T0 202 > - 3b;
B ecam(x+2)x—-3) s (x+8)(x-2), 10 x> 0;
4) ecan (x-S x+ 1} #(x+5)(x-1), T0 x<0.
JoxasaTs, 4TO OPH BCEX JHAYEHUAX X BEePHO HEpaBReHCTBO:
1) (x—1Kx+3)<(x+1)?%; 2 (x+ 2> (x+1Nx+3)
Hoxasars, TO:
1) 4x% + 1> 4x npu mobom x;

2) a+%>2npua>0;

3) %+£?2,ec.rmab>0;

4) i(%,cma?buab:»o;
5) %2%,ecnna?buab<0;

é) a2+h2}%, ecmua+b=1.
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3anava

HepagencTBa
{ OAHHM HCHEBRECTHRIM

.m”.q. afmmaso]sseasennsolsaoaalosaoslossoaesseaooaosjooaoo]oos

M3 gByX ropofoB OTHPABIAKTCA OAHOBDEMEHHO Ha-
BCTpeYy APYr APYTY ABa Ioe3/la ¢ OAHWHAKOBLIMH IIO-
CTOAHHBIMH CKopocTAMH., C KaxKo#l CKOpPOCTBIO I0J-
JKHBI JBUrarbca mnoesga, 49Tobel uepes 2 1 mocJe
Hauana JBUIKEHUS CyMMAa PACCTOSHUH, DpOHIEHHBIX
uMH, 6bl1a He meHee 200 Km?

IIyeTs x KUIOMETPOR B HaC — HMCKOMAas CKOPOCTH JIBH-
JKEHHMA I0e30B. 3a 2 4 KaKJbIH U3 Noe3loB mpoijer
OyTh 2X KHJIOMETDPOB.

ITo ycnoBHIO 3aagn cyMMa PacCTOAHUM, TPOMAEHHBIX
noesjgamMu 3a 2 4, goskHa 0bITe He meHpire 200 xm:

2x+2x2200.
Orcioga 4x = 200, x = 50.

CKOpOCTH ABMIKEHWA KaMdJ0ro Ioesja AoJKHa ObITh
He meHbire 50 KM/4.

B nepasenctee 4x = 200 6ykBoi1 x 0603HaYEeHO HeU3Be-
CTHOE YMCJI0. ITO OIPHMEp JAUHelH020 HepaseHcmea ¢
00num Heuszsecmuuvim. HepaBeHcTBa BHAA

ax>b, ax<b, ax=b, ax<bh,

B KOTOPBIX d H b — 3agjaHHbBIE YHCJAa, 4 X — HeH3BeCcT-
HOe, HA3LIBAIOT JWHEHHLIMH HePABEHCTBAMH C ONHHUM
HEH3BEeCTHEIM.

Muorue HepaBeHCTBA, HaNpPUMep

x—3 <X= 2
3
CBOJAATCA K NTUHEHHBEIM HEepaBEeHCTBAM.
BripaskeHus, cToamue cleBa U COpaBa OT 3HaAKa Hepa-
BEHCTBA, HA3LIBAIOT COOTBETCTBEHHO Je60ill u npasoil
yacmamu Hepasencmea. Kaxjoe cnaraemoe JeBoi u
IpaBOil YacTeil HepaBeHCTBA HA3BLIBAIOT YA€HOM Hepa-
8eHCmMEd.
Hanpumep, B HepaBeHceTBe 2x — 5 2 4 + 3x neBas 4yacTh
2x -5, npaBas 4acte 4+ 3x; 2x, -5, 4 1 3x — uJeHH
HepaBeHCTBA.

4(3—x)>5+2x, s 1-%<3(x+4).
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85

86

87

Eciu B HepaBeHcTBO 2x + 2x 2 200, MOJIy4eHHOEe B 3a-
maue, moacTtaBuTh Xx =00, x=951, x=60, To moay-
yaTcA BePHBIE YHCIOBLIe HepaBeHCTBA!

2-50+2-50>200; 2-51+2-51>200;
2:60+2-60=200.

Kaxxnoe us upcen 50, 51, 60 HasriBaT pelmeHENeM He-
paBencTBa 2x + 2x = 200.

Pewenuen nepasencmed ¢ ONHUM HeHM3BECTHEIM Ha-
3pIBaeTCA TO 3HAYeHHWe HEM3BECTHOr0, IPH KOTOPOM
3TO HepaBeHCTBO ofpamjaercsas B BepHOe UHCJOBOE
HEPABEHCTEO.

Pewumb Hepaeencmeo — 9TO 3HAYMT HAHTH BCE €ro
pellleHWA MM YCTAHOBHTH, UTO MX HET.

HewuszsecTHOE UHCNIO B HEPABEHCTBE MOMET OvITH 0060-
3HaveHo nw0boi OykBoii. HanpuMep, B HepaBeHCTBax

3(y-95)<2(4-y), 2t-1=4(t+3),

2.2
8—-=>=-4
2 3
HeusBecTHBIE 0003HAYEHBI COOTBETCTBEHHO OyKBamMM
y, t, z.
¥Ynpaxaenusa

BaHHCB.TB B BHIOE HepaBeHCTBa yTBep}K,ﬂeHHe:

1) cymma yuces x ¥ 17 6oapme 18;

2) passocTh uncen 13 u x meHble 2;

3) mpoussenenue uucen 17 u x He mMeHbIIE 3;

4) yiaBoeHHas cyMMa 4ducel X U —3 He GoJiblue 2;

5) mosycymma umcesa x u 3 He GoJblIe UX [IPOHU3BEAEHHSA;

6) yaBoeHHOe TpOM3BeJeHWE UHCeJ X W —4 He MeHbITe WX pas-
HOCTH.

1 ‘
Kakwne us yucen 10, 57 0, -1, -2, —b asnsAOTCH pEIlIeHUAME HEpa-
BEHCTBA:

1) 3x+4>2; 2) 3x+4<x;
1 - 1
—x—3=21-x; —x==-x7?
3) zx 321-x; 4) 3—x 2x
IIpyn KAKUX 3HAYEHWAX I BEPHO HEPABEHCTBO:
1) 2y>0; 2) 8y<0; 3) y?+1=0;
4) 2y2+3=0; 5) (y—1)%<0; 6) (y+2)2>07

Ha pucysxke 6 wusobpaken rpadpuk JauHeiiHoll GQYyHKIUH
y=kx +b. 3anucars, KaKue 3HAUEHUA NPHHHUMAET Y, €CJIH:
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1) x=20;
3) x>-5;

88 Ha pucyske 7 usoOpaxen rpaduk

2) x<0; yA

4) x<-5. o] —

nuReiiHON dyEKOUN y=kx +b. 3a- ./ ‘

OHCATh, NPH KAKHX 3HAYEHHAX X . -5 0 “x
3HA4YeHUA QYHKIHH:

1) momoUTENbHbI; Puc. 6

2) HeoTpHLATEIbHBI;

3) oTpHUATENLHE; LY

4) meHbue —4;
5) He MeHblue —4;
6) ©oxapme —4.

89 C pomompo rpaduxa GYHRIHKA -3 0 x

Hﬂ.ﬁTH, IIpPH KaKHX 3HaA4YeHHAX X
3HAYEeHHNA (QYHKIOHUH [MOT0KHATEIb-

HBI, OTpHIlaTeldbHHI, Oogeme 1, -4
meHbme 1: \
1) y=2x+4; 2) y=3x-9;

3) y=-2x-8; 4) y=-3x+6. Puec.7

3azmaua 1

|

Perrenue
HepPaBeHCTB

Penrenne HepaBeHCTE ¢ OAHUM HEHU3BECTHBEIM, KOTODEIE
CBOJATCA K JIAHEHHEIM, OCHOBAHO HA CBOHCTBAX 4YHC-
JIOBBIX HepaBeHCTB, paccMoTpeHHELIX B § 3. Ilpusegem
IIPUMEPEI pellleHus HePABEHCTB,

Pewruth HepaBeHCTBO X +1>7 - 2x.

ITpepnonoxum, YTO YACHO X, ABIACTCH PEIlIeHUEM JaH-
HOr'0 HepaBeHCTBa, T. €. HEPABEHCTBO X, +1>7 - 2x,
ABnserca sepubiM. Ilepenecem uien —2x, u3 npasoit
YaCTH HEPaBeHCTBA B JIeBYI0, M3MEHHB e€ro 3HAK HA
NPOTHBOIMOJOMKHEIA, a YHCJO0 +1 mepeHeceM B IPaByio
YacThk ¢ MPOTHBOMNOJOKHEIM 3HaKkoM. B pesyabrare no-
JIy4dM BEDHOE HEPABEHCTBO X+ 22X, > 7 - 1.
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B ofenx gacTax 9T0Oro HepaBeHCTBA NPUBeAeM Momob-
HEI€ YJIeHEI.

3x,>6.
Paspenus ofe wacTu 3TOro HepaBeHCTBA HA 3, HalieMm
xy>2.
Hrak, mpeAmorosxuB, UTO X, — PelleHHe HCXOZHOTO
HEpPaBeHCTBAa, MBI TIOJYYHIM, YTO X, > 2. Yr0bBI yOe-
JAUTbCA B TOM, 4TO ni00oe 3sHadeHHe Xx, Ooabliee 2,
fAIBIAETCS PelIeHNeM HepPABEHCTBA, JOCTATOUHO IIpPOBe-
CTH BCe paccy’JAeHusA B 00paTHOM MOpSAKe.
IIycre x> 2. Ilpumenssa cBoiicTBA BEepPHBIX UHCIOBEIX
HEPaBeHCTEB, MOCJe0BATENLHO TOVYaeM:

3x>6,

x+2x>7-1,
x4+1>T7T-2x.

ChnepoBaTesibHO, JI060€ Yyucao x, 6oablitee 2, ABIAeTCH
pelieHdHeM JaHHOI'o HEpaBBHCTBa.
x> 2.

Ilpu sanwcu pemreHHsT HePABEHCTBA MOKHO He JaBaTh
noapodHBIX o0BAcHeHui. Hanpumep, pelenune 3ama-
M 1 MOKHO 3anucaTh TaK:
x+1>7-2x,
3x>6,
x>2.

Wrak, npu pemeHuu HEPABEHCTB MCHOJIB3YVIOTCHA CJie-
AVIOILHEe OCHOBHbLE CBOlcmea:

CroitcrBo 1. Jl1oboil uneH HepaBeHCTBA MOXKHO Ie-
peHecTH M3 OAHON UacTH HepaBeHCTBA B APYIyi0, M3-
MEHMB 3HAK 3TOTO WIeHa HA NPOTHBOMOJOMHBIN; IpPH
3TOM 3HAK HEpPABEHCTBA He MeHAETCH.

CBoiicrBo 2. Ofe uacTH HepaBeHCTBA MOYKHO YMHO-
JKUTE HJIH PASAeNIHTE HA OGHO M TO JKe 9HUCJIo, He PaB-
HOe HYJI0; €CJIH 3TO YHCJO IIOJIOKHUTENBEHO, TO 3HAK
HepaBeHCTBa He MeHAETCH, & €CJIA 9TO YHUCJO OTPHIA-
TeJbHO, TO 3HAK HEDABEHCTBA MeHseTcs Ha NPOTHBO-
HOJIOMKHBIH.

ITH CBOIMCTBA MOBBOJIAIOT 3aMEHATH AAHHOE HepaBeH-

CTBO JAPYTrAM, HMEKIIHNM Te e pelleHusd.

Ansa pemenus HEPABEHCTBA C OJHHM HEM3BeCTHLIM,
KOTOpOe CBOAMTCA K JHHEHHOMY, HYKHO:

1) nmepeHecTH uleHBI, COJlepXKAIUE HEH3BECTHOE,
B JIEBYI0 4acTh, a WIEHBI, He CO/JepiKaliie HeH3BeCcT-
HOe, B NIpaByio (cBoiicTBO 1);
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2) npuBens nojgob0HBIe WiIeHBI, pa3lenuTh obe JacTu
HepaBeHCTBa Ha K0a(pOHUIMEHT IpH HEH3BECTHOM,
ecJii OH He paBeH HyJ0 (cBoiicTBO 2).

3apmaga 2 PemATs HEPaBEHCTRO
3(x-2)-4(x+1)<2(x-3)-2.
P Vopocrum seByioo m mpaBylo dacTH HepaseHcTBa. Pac-
KpoeM CKOOKM:
3x-6-4x-4<2x-6-2.
IlepeHeceM UJeHEI, COAEDPIKAIIE HEW3BECTHOE, B Je-
BYIO 4acTh, a4 WIEHE], He COJepKallHe HeH3BeCTHOe,
B npaByio (cBoicTeo 1):
3x—-4x-2x<6+4-6-2.

IlpuBenem mogobHBIe uNeHbl: —3x < 2 u pasgenum obe

> 2
yacTH Ha —3 (cBoiicTBo 2): X >f§.

OTBer x>—%. <]

9T0 pelleHHe KOPOTKO MOMKHO 3aNHCaTh TaK:
(x-2)-4(x+1)<2(x-3)-2,
3x—-6-4x-4<2x-6-2,
-x-10<2x-8,

-3x<2,

2
>-2,
¥

MHoecTBO YHCes X, yAOBJEeTBOPHIOIIHX HePABEHCTBY
2 o
x>- 3’ HA THCIOBOX ocu nzobpaxkaerca Jy4yoMm

_m (puc. 8). Touxa xz—g He NpHHAaIe-

2 JKHAT 3TOMY Jy4yy, Ha pucyHKe 8 oHa
3 n300paxeHa CBETILIM KPYXKKOM, & JIyd
Puc.8 orMedeH MITPHUXoBKoii. MHOMXKeCcTBO -
cel X, VAOBJIETBOPSIOINIMX, HAPUMeEp,
F HepaBeHCTBY X = 2, HHOTAA HAa3bIBAIOT
- ayuom. Touka x = 2 npuHALIEIKUT ITO-
s my nydy. Ha pucyHke 9 ara Touka
Puc. 9 n3obpaskieHa TEMHBIM KDYKKOM.

SO e

2 3
) YmuoxHM 0be yacTu HepaBeHCTBa Ha 6:

6-X24+6-1>6-2X_6-2=3,
6 2 3

(x—3)+6=2156x-2(x-3).

3amaua 3 PemiuTe HepaBeHCTBO
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PackpoeM ckoOKH U npuBeleM I10J00HEBIE UJIEHBI:

x-5+6>15x—-2x+6,
x+1=213x+6,

OTKYIAa
12x3>5, x<-2.
X 12
OrBet X< -,
ST 12

MHOECTBO pellleHWu#l 3TOr0 HEpABEHCTBAa, T. €. MHO-

JKEeCTBO 4HCEN X < — 1—52, nz0bpakeHo Ha pucyHKe 10.

B paccMOTpeHHBIX IpHUMepax HepaBeH-

b CTBa MOCJEe VIPOIIeHUs CBOAHJIHMCH K

— - .
JUHEHHBIM, ¥ KOTODPBIX KO3(OHHUMEHT

5
“12 [Ip¥ HEeM3BECTHOM OBLT He paBeH HYIIO.
Puc. 10 B HexoTOpHIX ciaydaAx 3TOT Koa(phu-
’ DHEHT MOeT ObITL paBeH HYJIIO.
IIpuBeneM npHMephl TAKHUX HEPABEHCTB.
3anaua 4 PemiuTh HepaBeHCTBO
2(x+1)+5>3-(1-2x).
VYopoerum obe yacTy HepaBeHCTBA:
2x+2+56>3-1+2x,
2x+7>2+2x,
OTKyJa
2x-2x>2-1,
0-x>-5.
IloceHee HEPABEHCTBO SBISAETCS BEPHBIM IIDH JTIO-
foM 3HAYEHHH X, TAK KAK €ro JeBad 4acThb IpH JiboM
¥ paBHa HyI0, a 0 > -5, CnefoBarensHo, 10boe 3HAUE-
HHE X ABJAeTCA pellleHHeM JaHHOro HepaBeHCTBA.
OtBer x — moboe Yucio.
3apgaua 5 PemuTh HepaBeHCTBO

3(2-x)-2>5-3x.
¥YnpoceruM neByio 9acTh HepaBeHCTBA:
6-3x-2>5-3x,
4-3x>5-38x,
OTKYAA

-3x+3x>5-4,
0-x>1.
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91

93

94

95

96

ITocaeaHee HepaBeHCTBO He HMEeT PelleHMH, TAK Kak
JieBad 4acT: HEPABEHCTEA NIDH JIO00M 3HAYEHHM X DasB-
HA HYJAKW, a Hepaseucreo 0 > 1 HepepHo, Casposarens-
HO, HCXOOLHOE HEePABEHCTERO HE MMEeeT pEI.IIEIil“"l.

Oreer Pemennft ger. <
Yopambeuna
Pemurs mepaBeHcTEO (30—01).
1) x+2>215; 2) x-6<8; 3) 3y +6;
4) 4>5—y 5) 2222-T; 8) 32€22+4.
1) 12x > —36; 2) —7Tx < 56; 3) %m;
4) -5<§; 5) 7,2z > -2T; 6) —4,5x>9.

Pomurs, HepaBeHCTED M H30ODAZHTR MAOKECTRO €T0 DarmerEWid Ra
aucaosofi ocH (92—93).

1) 2x-16>0; 2) 18-3x>0; 3) 3x-15<0;
4) 25-5x <0; §) 9-3x>0; 6) 2x+4<0.
1) 3(x+1) s x+5; D 4(x-D2xb+x;
3) 2(x-8)+4<x-2; 4) x+2<3(x+2)-4;
5) g>2x—3; 8) 3""2;@_

8 L] 4 3

BHHCHHTB, NpH HKAKHX IHATICHHAX X BEHIPAMEHNEEC NPHHAMACT IO~
JOXHATENbHBIC JHATCHAA.

1) §x+4; 2) g—4x; 3) 2(x+3)+3x:
4) 3(x~5)-8x; 5) %—2[x+4]; 6) %—3(::—5).

BrACAMTL, TPU KaKHX 3HAYCHHAX Y BHIDAMKCHHE UDHHUMAaET OT-
PYOATEALHBIE JHAYCHAAS

-2
1) 5—%1;: 2) g—Zy; 3) y—a-+%;
e S L

Haitten HanmMeHblIee UeJ0e 4Ucic, ARJAKUICECHA PelleHMeM He-
PABSHCTEBAZ

D4Ay-1<2+7y; 2y 4y-9=3(y-2)

3) 3(x-2)-2x<dx+1; 4) 6x+122(x-1)-3=x.

Haiite wapSoapimee nenoce IHCIC, ABNAKIICECH PEIGHAEM Hepa-
BEHCTBA:

1) 5-2x>0; 2) 6x+ 050y

3) 3(l-x)>2(2 - x) 4) 4(2—- x) <b(1—x).
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100

101

102

103

104

Pemntes HepasencTBO (98—99).

Sed : = _B>10 0=
1) SE-o<4x+3; 2) =-56>12-=%;

4-3y 8y+1 3y—2>y—1 Sy+4

3 <15y - 6; 4) 8 +

) 2 6 y ) 4 6 3

1) 2t o X8 X2 3 (e g O R L
2 3 2 3 3 4

3) 2:—1_2_x>3x—2_5; 4) 3x+1_£<5x—2+£_
2 5 5 4 4 2 3 b

1) Ilpy xaxux a 3HaYeHne ApobH % OosbIie 3HaYeHHA OpPO-
6u 219
4

2) Ilpu xakux b 3Hauenwe JApobH

+
£ 5 2 MeHBbIlle 3Ha4YeHHA

3) Ilpum kakux x 3HaYeHHe Apobu Qﬂ"_5 fosblle 3HAYEHHA pas-

6x-7_ 3-=x
HOCTH apobeit —— u —=17
.HP 15 9

4) IIpu Kakux x 3HA4YeHHEe CyMMsI Apobeit 2ot " i£=3 MeHb-
mie sHageHus Apobu 2“;—;5?
Pemuts HepasercTBo (101—104).
1) 3(x—-2)+x<4x+1; 2) 5(x+2)—x>3(x-1)+x;
3) 3x+6_£)x+2; 4) 2x—1_4<x_3x+1;
4 4 2 5
5) 5x+1>2(x—1)+3x+8; ﬁ)x—;—'i-xézﬂg-.
1) 5(x+2)+2(x-3)<3(x—-1) +4x;
2) 32x-1)+3(x-1)>5(x+2)+2(2x-3);
3) 5'“'3—11?33:—1:—7;
2 2
d) 2oy x4
3 3
1) (x=1)2+7>(x+4)?%;
2) (1+x)2+3x2<(2x-1)2+T,;
3) (x+3)(x-2)=2(x+2)(x-3);
4) (x+1)(x—-4)+4=2(x+2)(x-3) - x.
1) —2 _<o; 2) —3 _50; 3) —7_5o;
3x+6 2x—4 0,56x-2
4) -2,3 <0; 5) _;1_‘.7__4_0; 6) i>
0,4x+8 2,1+6,3x 3,2-6,4x
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106

107

i08

109

110

111

112

113

114

115

116

Ilpu xaxkux x 3EAvenHd pyErnun y=2,5r—4:

1) TOROKATENLHEL; 2) OTPHIATENLHEL;
#) ooaxeme 1; 4) mensure —47
Ilpu rawnx x sHATeHnd $yErnuEn ¥ =3,5-0,5x:

1} monoxuTeALHE 2) meoTpullaTeNdbHEL:
3) me Goanme 3,5; 4) se mensle 17

TlocTpouTs rpadux dyExnne y=3-2x. C nomompio rpadmka
HAHTHA HATEHHS X, IPH KOTOPHIX TOYKM rpadUEa JesKaT:

1) emame ocm abenmcc; 2) smme npauol y=2;

3} mume ocu abcumec; 4) muame OpsaMoit y=4.
PeaynpTaThl TPOBEPATE, COCTABIAA M PEIIAS COOTEETCTBYIOLILE
HepaBeHCTBA.

CROIBKO RETeSHONOPOKHNY O/IaT¢oDPN moTpeGyeTca AIs mepe-
BO3KH 183 ronTelitHEpOE, £CAH Ha oAHOoH nxaThopMe MOKHO pa3-
mMecTHTL He Gomee 5 xomTeitimepon?

Pa6ounii o unauy poaxes #@sroToBRTeE 40 geraneii. CKoABKO
JeTaneil OH AOJIXEeA HMIrOTOBHTE, 9T00RI HeDeBHINOIHETE IJaH
Bomee gsem Ha T% ?

OaEa cTOpoHA TpeyIoALENKA paBHA 8 ¢mM, a Fpyrad — 13 cMm.
1) Earkpnm HavMeHbIOHM HEABIM YHCACM CAHTHMETPOB MOIEET
BLTTR JITHHA TROTREH CTOPOHRI?

2) EaxuM AauGOJILIIHM HEABIM YHCAOM CAHTHMETPOB MOJEET
BLITH JAMHA TPETHEH CTOPOHELT

CyMva HEYeTHOrD YHcHa ¢ TPeMS DOCHEeAVIONIHMH HedeTHEIMH
gucaameu Gonbme 49. Halitm HamMenpinee HedeTHOS YHCIO,
VAORASTRODAWIINEe ITOMY YCIAOBHIO.

CyMMa 9eTHOr0 YHCHd ¢ YTPOEHHHEM IMOCIEAVIOIHAM deTHBIM
yieaoM Menpre 69. Haiitm maubGonbmee yeTHOE 9HMCIO, VIOE-
JIETBOPAIOLee 3TOMY YCAQBHK.

H3 ABYX ODYHKTOB, HAXOARIIMXCA Ha pacctodadEun 60 km, or-
OPaBIATCHS OAHOBPEMEEHO HABCTPeUY APYr IPYrY HellexXol M
BEJIOCHIIEZHCT € IIOCTOAHHBIMH CKOPOCTAMH. CKODOCTbL IBHI)Ke-
BEA memexoaa paeaa 4 kn/u. € Karoil cKODPOCTEIO JOJDKEH ABH-
TaTLbCA BEJOCANEOHCT, YTOOH ero BCTPeda ¢ HelleXOJ0oM IIpOo-
HAOLIJIA HE TO3KE UeM Yeped J 4 [ociie HAYANA ZBHIKCHWA?

Ha copeRAORAAMAX BEAOCHIEIUCTLI OJMKHLI Opoexars 155 kM.
BedocHmeIncTRE CTAPTYIOT NOOUEDeNHD C HHTEDBAZIOM 5 MHH,
U K&KJBIA U3 HAX eAeT ¢ DOCTOAHEHON cropocThio. CKODOCTH
OepBoTo BelloCHOegucTa paBHa 30 KEM/4. U Kako#d CKODPOCTRE
AOJAEH ABATATHCA TpeTuidl BenOCHMOEZUCT, YTOOHI NPHOBITE
K (PUAWMTY parkme neproro?

IIpn KAKHX 3HATCHHAX X TOUKH rpaduka dyExkoun y=3x+4,5
JEJEAT BRIME ToUeK rpabwra pyEkoum y=-2x+17

llpH Kaxux 9HAYEHHAX X TOYKHN Tpadrka GyHKOEH y=5x-—4
NeXAT HAMEe Todek rpadmma dyarnun y=0,6x +67
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117 Ha raxoe HaMMeHbIlee HelOe YMUCJIO0 CAHTUMETPOB HYIKHO YBe-
JHYATE AJIHHY OKPYIHOCTH, 4YTOOBI ee pajuyc yBennduiacsa 6o-
nee uem Ha 10 cM? ([InuHA ¢ OKPY)MHOCTH pamzumyca R pasHa:
c=2nR, rge n=3,14... )

3anaua

I CHeTeMBI HepaBeHCTB
. ¢ ONHUM HeH3BeCTHBIM.
YHCAOBBIE NPOMEKYTEH

+ b Ao oeoneoscn 0005 0005(005 00065500 fusEanfaoe o) caneaeesaalaes
..
o B

1. CucTtemMBl HEepaBeHCTB.

B nycroit 6acceiin BmectrumocTbio 4000 1 mavanw =Ha-
auBark Boay. CKONBKO JUTPOB BOALL B Yac HYXKHO Ha-
auBarbk B DacceitH, uTo0bl yepe3 4 u ObLI0 3a00JHEHO
6onee monoBuHLI Beero facceiiHa M uToOBI uepez 5 u
GacceilH He nmepenoJHMJICA?

Ilycte X IMTPOB — KOJMYECTBO BOJBI, IOCTYHAOM{ei
B Oacceitn sa 1 u. Ilo yenosuio samauum 4x>2000,
9x <4000. M3 nepBoro HepaBeHcTBa noayuum x > 500,
a U3 Broporo x < 800,

3a yac HY’KHO BJiuBATh B bacceitn 6onbure 500 1 ropwl,
HO He OoJsbmie 800 J Bogbl. -

B mepasencrBax 4x > 2000 u 5x <4000 HeM3BecTHOe
YHCJIO X OAHO U TO e. IloaToMy 9T HepaBeHCTBA pac-
CMATPHBAIOT COBMECTHO M TOBOPAT, UTO OHU 00pazyioT
cucmemy HepageHcme:

{4.: > 2000, 1)

5x <4000.

durypHaa ckobKa MokassiBaeT, 4YTO HYKHO HAWTH Ta-
KHe 3HAUeHHA X, IPH KOTOPLIX 004 HEPABEHCTBA CHCTE-
bl (1) oGpalialores B BepHblE YHCJI0BbIE HEDABEHCTBA.
Cucrema (1) — npumep cucmemst JUHElHbLX Hepa-
8eHCMEB ¢ 0OHUM HeU3BeCMHbIM.
IIpuBesem ene NpuMephbl CUCTEM HEPDABEHCTE C OJHHUM
HEH3BEeCTHBIM, CBOAANIMXCA K CHCTeMe JHHEeHHBIX
HepaBeHCTB:

3(x+1)>5, 2x-12>3x,
4(x-1)>x-2; 5(x-1) <8.
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Pewenuem cucmemb. HepageHcme ¢ 00HUM Heu3secm-
HblM Ha3blBaeTCH TO 3HAUeHHe HEHM3BEeCTHOI'O, IPH KO-
TOPOM BCE HEPABEHCTBA CHCTEMBI oﬁpamamca B Bep-
HEIE€ YHC/IOBBIE HEPaBeHCTBA.

Pewumv cucmemy HepageHcmeé — ITO 3HAYAT HAWTH
BCe pelIeHHdA 9TOM CHCTEMBI MK VCTAHOBHUTHL, 4TO
HX HeT.

Hanpumep, x =1 ABaseTcAd pellleHHeM CHCTeMBbI

2x2 -4,
{3xé9. @

Tak Kak npH x=1 o06a HepaBeHCcTBa cHcTeMEl (2)
BEPHBI:

2:12 -4,
3-1<9,

Pazapenns ofe yacTH NepBOro HepaBeHCTBA CHCTEMBI
(2) va 2, a BTOpOro — Ha 3, MOJYYHM:

xz -2,

x < 3.

CiesoBaTesIbHO, PeIIeHUAMH cucreMsbl (2) sBIsIOTCH
BCe BHAYEHUA X, KOTODbIe He MeHbIne —2 ¥ He 6oJb-
me 3.

Hepagsencrea x 2 -2 U x <3 MOXKHO 3allHcaTb B BHIe
d60iiH020 Hepasencmaa:

-2 x<3.

2. UYncnoBeie NPOMENYTHK H.

PelrenusiMH CHCTEM HEPABEHCTB C ONHHM HEH3BECT-
HBIM SABJAAKTCH pﬂsﬂHqHHe YHCIOBEIE MHOIKECTEBA.
9TH MHOKecTBAa MMEIOT CBOM HA3ZBAHHA.
Tak, HA YHMCJIOBOM OCH MHOJKECTBO UH-
ces x, TAKHUX, uTo —2 < x < 3, uzobpaxa-

/ \ eTCA OTPe3KOM C KOHIIAMH B TOYKaX =

-2
Puc. 11

2 Animon, 8 k1,

3 u 3 (puc. 11).

[ToaToMy MHO¥ECTBO YHCeN] X, VIOBIET-
BOPAKLIMX HepaBeHcTBaM —2 < x <3, Ha-
3BIBAIOT OTpe3koM u obosnauator [—2; 3].

Ecnu a <b, To MHOMKeCTBO 4YHCeN X, YIAOBIETBODHAIO-
IMHAX HepaBeHCTBAM 4 < X < b, HABLHIBAETCHA OMPEIKOM
u obosnadaercs [a; b].

Hanpumep, orpesok [4; 7] — 9T0 MHOXKeCTBO YHCeI X,
VAOBAETBOPAIOINHX HepaBeHcTBaM 4 < x <7, llna muO-
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7 177, S 7777,
3 -1 2 4 7
Pue. 12 Puc. 13

JKEeCTB 4Mcell, yA0BJIeTBOPAIOUIMX HepaBeHCTBAM BHJA
2<x<7,-1<x<2,4<x <7, TaK:Ke BBOAATCA CIEL}-
allbHble Ha3BAHHA,

Ecnn a <b, T0 MHOMeCTBO umceN X, YAOBJIETBOPAIO-
IMUX HEPaBEeHCTBAM a < x < b, Ha3eIBaeTcHA UHMepea-
aoxm ¥ obosHauaercda (a; b).

Hanpumep, uureppan (—2; 3) — 8T0 MHOIKECTBO Y-
ceJl X, YAOBJETBOPHIONIMX HepaBeHCTBaAM —-2<x<3
(puc. 12).

MHoxecTEO uMCes] X, YAOBJIETBOPAIOIIMX HEpPABEHCT-
BAM BHJA X > @ M X < a TaKXe HasbIBalOT HHTEPBAJOM.

MHoKecTBa 9ucel X, VAOBJETBODAKIIMX HEePaBEHCT-

BaM @ < x <b unm a < x <b, HasBIBAIOTCA NOJAYUHED-

eanamu U obozHAUAIOTCA COOTEBETCTBEHHO [a; b) u

(a; b].
Hampumep, noaxyuuTepBaa [—1; 2) — 2T0 MHOMKeCTBO
YyHcesl X, yAOBJIeTBODAKINNAX HepaBeHcTBaM —1 < x < 2;
nonyuuTepBan (4; 7] — MHOMeCTBO yMcen X, VIOB-
JIETBOPAIIINX HepaBeHcTBaM 4 < x <7 (puc. 13).

OTpesku, HHTEPBAaIbl, MOJYHHTEPBAJILI H JIYYH HA3LI-
BalOT YUCL06LLMU NPOMENCYMEAMU.

Taxum o6paszom, YHCIOBbIE NPOMEXKYTKH MOIKHO 3afia-
BATE B BHJEe HEPAaBEHCTB.




118

119

120

121

122

123

124
125
126

¥YnpamuaeHusa

Kakwue us uucen —3; 10; 12 apnsiores perueHUMsiMU CHCTEMEI He-
PaBEeHCTB:
1) {5-:&9. 2) f%x-2>1,

2-3x>—4; 15—2x>—25?
Karkue us uncen —2; 0; 1; 2 apng1oTcs pelleHUAMH CHCTEMBI He-
PaBeHCTB:
1) [12x-1<11, 2) [4dx-1>24-x,

{—3—x<0; {x+6>2?
HaiiTi Bce uesible YHMCIa, ABJIAIOIIMECH DEIIEHUAMU CHCTEMEI
HepPaBeHCTB:

1) ([x>2, 2) [x<3, 3) [x<2,7, 4) [x=-5,1,
{x<7: {x>—1; {x?(); {x<5,1.
MHOKeCcTBO 4YMCeN X, VAOBIETBODAWIINX JAaHHOMY ABONHOMY
HePaBeHCTBY, 3AMHCATH ¢ HMOMONIIbI 0603HAYEHHH YHCIOBOTO

OTPOMEKYTKA U M300pa3uTh ero Ha YHMCJIOBOM OCH:

1) 1<sx<5; 2) -1sx<3; 3) -1<x<4;

4) 1<x<2; 5) -83<x<1; 6) 4<x<-2.
MHOKeeTBO YMCes X, MPHHAAJEeKAUINX JAHHOMY YHCI0BOMY
TPOMEMYTKY, 34llMCATh B BHJIe JBOMHOTO HepaBeHCTRA W M306pa-
3UTh €ro Ha YHMCJOBOH OCH:

1) [-4; 0]; 2) [-3; -1]; 3) (—4; -2);

4) (0; 3); 3) (=1; 4]; 6) [-2; 2).

3anucarb B BUJAE ABOMHOI'0 HEDABEHCTBA, & TAKJE€ C IIOMOIILIO
o003HaYEHHII YHCJIOBOTO TPOMEIKYTKA MHOMECTBO 4YHCeN] X,
naobpaeHHOe HA PHCYHKe 14,

Wwmeror a1 obuine TOYKH OoTpe3ok [2; 3] m mHTepBan (1; 4)?
WUwmeror an obugue Touku orpesxu [2; 4] u [3; 5]7

Ha ogHO#1 KOOPAMHATHON IJIOCKOCTH MOCTPOUTH rpaduKn QyHK-

ouit y=-2x-2 u y:2—§. OrmeruTe Ha ocH abcumcc MHO-

JKECTBO 3HAYEHHII X, IPH KOTODHIX 3HAYeHHS obenx (PpyHKIMIl:
1) mosouTeNbHEI; 2) OTPHIATEIBHBL.

—t—a N— ——
—l 5 -4 -1
a) e)
—T —
-1 2 -4 0
6) 2)

Puc. 14
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CTOPOHBI ITPAMOYTOJIbHHKA BBIPAXKAIOTCA
HATYPAJBHBIMH YHCIAMH. KAKOH JJIHHBI
JOJKHBI OHH BBITH, YTOBBI 3HAYEHHE
MEPHMETPA ITPAMOYIOJbHHKEA BBIJIO PABHO
3HAYEHHIO EFO ILIOI[AJIH?

127 Ha onHOl KOOPAWHATHOM TIOCKOCTH M300pakeHbl rpaUKH JBYX
JHHEeHHEX QyEKOuit (puc. 15). YKaszaTh 3HayeHUdA X (ecau OHH
CyImecTBYIOT), NIPH KOTOPBIX 3HadyeHua obeux dysHxnuil og=HO-
BPEMEHHO I0JOXUTENbHbl; OTPUIATEbHBI.

128 PemuTe HEPABEHCTBO:

1) (x—3)(2x—-38) +6x* <2(2x - 3)%;

2) (5-6x)(1+3x)+(1+3x)?<(1+38x)(1-3x);
3) 2x+1)(4x*-2x+1)-8x? > - 2(x+3);

4) (x—-2)(x®2+2x+4) < x(x%+2)+1.

a) - 8) \

y y+/

2
/_'3 0 1\ x /_'5 0 -fc
6) 2)

Puc. 15
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3apaua 1

Pemenne
CHCTEM HEePAREHCTB

..m..“.|“|-.u|-~|.~-,|-. ahi---sfromnsfanacsf--snafnascaforr

PaccmoTpuM npuMepsl pellleHWs CHCTEM HepPABEHCTB.
PemnTs cucTeMy HepaBeHCTB
{5:—1>3[x+1), )
2(x+4)>x+5.
Pemium meproe HepaBeHCTEBO:
5x-1>3x+3, 2x>4, x>2.

WUrak, neppoe HepaBeHCTRBO BHEINOJHAETCA mpu x> 2.
PemumM BTOpOE HEpaBeHCTBO:
2x+8>x+5H, x>-3.
HWrak, BTOpoe HepaBeHCTBO cucTeMbl (1) BRINOMHALTCA
npu x> -3.
Haobpasum Ha YHCIOBOM OCH MHOXKECT-

L

Ba pellieHMH IIepBOro M BTOPOro Hepa-
@ BeHCTB cucreMsl (1).

-3
Puc. 16

OTBer

3anaua 2

2 Pemrenus nepeoro HepaBeHCTBa — HH-
TepBal x > 2, peliedEusa BTOPOro Hepa-
BEHCTBA — WHTepean x > —3 (puc. 16).
Peuwrenuamu cucremnl (1) ABIAKTCA TakHe 3HaYe-
HHSA X, KOTOpEIe OJHOBpPeMeHHO NMpHHAaAJexar o6oum
uHTepBanaM. VI3 pucyHKa BUIHO, UTO MHOMECTBO BCEX
0oBIUX TOYEK 9THX MHTEPBAJIOB — HMHTEpPBaa X > 2.
x>2. 4

Peuruts cucTeMy HEDABEHCTB
{3(::— 1)<2x+4,
4x-3>13.
Pemrum nmepBoe HepaBeHCTBO:
3x-3s2x+4, x=<T.
Pemrum BTOpOE HEpaBEeHCTBO cHcTeMsl (2):
4x 216, x=4.

M300pasum Ha YHCIOBOII OCH MHOYKECTBAa pelleHWH
NepBOro M BTOPOT0 HepaBeHCTB cucTeMsl (2). Peiuennsa

(2)
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Puc. 17

OTeer

3amaya 3

OTeet

3amaua 4

\ _U N
7 -12 —

Puc. 18

MepBOro HepaBeHCTBa — Jy4 X < 7, pelleHHus BTOPOro
HepaBeHCcTBa — ay4 x = 4 (puc. 17).

W3 pucyHKa BHIHO, UTO MHOXECTBO OOIIHX TOYEK
9TUX Jydeit — oTpesok [4; T].

4<x<T.

PemuTh cuCTEMY HEDABEHCTB

5x 4gx+1
12 3 g’
2-x 3)
2——-—<
14 2

Pemum nepBoe HepaBEeHCTBO CHCTEME! (3):
5x+16>4x+4, x>-12.
PemuM BTOpOE HepaBeHCTBO:
28 -5x<14-Tx, 2x<-14, x<-T.

HMaobpasuM Ha YHCIOBOM OCH NPOMEXYTKH x = — 12
u x<-T7 (puc. 18).

M3 pucyHKa BHIHO, YTO MHOMKECTBO 0OOIMHX TOdYeK
9THX NPOMEKYTKOB — HoaymHTepBan [—12; —T).
-12< x < -T.

I'Iorcaaa'rb, 4YTO CHCTEMa HEPaBeHCTB

{2(1— x)<4-3x,

10-3x<1 )

He UMeeT pellleHHH.
PeiiuM mepBoe HepPaBEHCTBO:
2-2x<4-3x, x<2.
Pemum BTOpOE HepaBeHCTBO cHUcTeMbl (4):
-3x<-9, x>3.

H3006pasym Ha 4YHCIAOBOM OCH HHTEp-

\: ( BaJel x <2 ¥ x> 3 (puc. 19).
#  Ua pucyHKA BHJHO, YTO 9TH MHTEPBAJLL

He uMelT 06mux ToyeK. ClemoRaTens-
HO, cucTeMa (4) He mMeeT pellleHHI.



129

130

131

132

133

134

135

136

YupaxHesHa

dannmcaTh MHOMECTEQ PellieHHil CHCTEMEl HePABEHCTR ONHHM He-
PABEHCTEOM ¥ M306pA3UTE €T0 Ha YHCIOBOH ocH (129—130).

D (x>2, 2) (x>0, 3 {z>2, 1) [2>-2,
x>0; x>-1; r=-3 -4,

1) [x<£1, 2) [x<0, 3y [z<-2, 49 [x<1,
x<5 x<-1; x < -5 x<0,

3anmEcarTh MHOMKeCTS0 DeIleHUil CHCTeME! HEDABEHCTE NSOMHARIM
HepaBeHCTBOM H H300pasurh ero Ha uncionodl ocm (131—133).

)y [z=2, 2D [x>3, 8) {x<0, 4) =20,
x < 5; z < 6; 2 -2 x<l,
2
1) [x=-2, 2) [x<1,5,
x2-T,5 x=-1.5;
3 {x#0,8, 4) [x<7,5,
x<2,2; x 2 =05
Pemmre cHeTemy HepaseHeTE (133—137).
1) [3x-18>0, 2) {Tx-1420,
4x>12; 2x28;
2x+5>0, 4) [2x+T»0,
3x+620; bx+15>0.
3-2x20, 2) [2x+4<0,
4x+8<(; 4-3x>0;
3) [2x+38<0, 4) [2x-9<0,
8x+9<0; 12 > 3x.
) [T-2x=0; 2) [2x+56<0,
Sx—-20 <0y 9x+18 <0;
3 [6-2x>0, 4) 10 2220,
3x+6>0; -8=0.
1) (8x+3x2x+1,
Bx-2%4x+2;
2) [4x+2>5x+38,
2-3x<T-2x;
3) [b{x+1)-x>2x+2,
Hx+1)-2<2(2x+1)—x;
4) [2(x-1)-83<5(2x-1)-Tx,
(x+1)-2<6(1-x)+17.
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137 1) [5(x+1)<3(x+3)+1,

2x 1 J:+1

2) {2(2x+1)+x>3(x 1) +4,

2x-1_ 3x-2
x— 5€3x 1’

6 4
x+2 x+ 3
3 5 °
I+3>2I+7’

2 5
2x—3<x—2+£.
7 3 21

PemmuTe cuctemy Hepagencts (138—140).

3—2x<x—2+£' 2) 5x+7_£<11x—7
15 3 5 6 4 12
1- 31:;53: 1 Tx, 1-8x _ 1- 412£_1

4 2 3 6
4x+3

138 1)

-0,6, 4) 8x+l)4x+9_x—l
5 3 2 3
5x—2<2x+13_x+2
3 2 3

139 4x—1) 3x<5(x+2)+7

e
{3( x - x
{
{
|
i

140 1) [3(x+8)>4(7 - x),

(x+2)(x-5)>(x+3)(x—4);
(x+3)(x—-6)<(x+2)(x+1)+4,
2(6x-1)=7(2x - 4);
3x+2>x-2,

x+15>6 -2x,
5x+11<x+23;

3x-4<8x+6,

2)

3)

4)

11x 9S5x+3



141

142

143

144

143

146

147

148

HaiiTn Bce menwie uMcha, ABNADINHECA DPelIeHWAMH CHCTEMEE
HEPABEHCTB!

1) [0,2x> -1, 2) f1-0,6x20,
_f; ; _x+5 -1
i 3 ! 5 <=1
-1 =z X — X
3) | =—<3Z, 4) |E2<
) 2 (‘3 ) 4 5
r+1;£; £>x+4.
2 b 3 7

¥kazaTh 3HAYEHHSA X (€CAH OHM CYLIECTBYIOT), NPH KOTOPHX
spauenns pynkumit y=0,5x+ 2 n y=3- 3x ogHOBPEMEHHO:

1) DOAOKMTENBHEL; 2) oTpMUATenbHEI;

3) Goapme 3; 4) mensme 3,

OTEeT NPOMAAKICTPHPOBATE ¢ NOMOUILK TPadHKOR JIAAARIX
GVHEDHE, TOCTPORHHRIX HA OAHOH KODDAMHATHOM IAOCKOCTH.

IIpn kakMx x sHaveuus GyHroul y=x-2 n y=05x+1
OTHORDEMEHHO!

1) ReoTpHIATENEHE; 2) HemoNOXMTENBHBI;

3) e mMenwme 4; 4) He Goawme 47

OTBerT ODPORMIMKCTPUPOBATL ¢ MOMOLIBLI IPAGHKOB JAHHEIX
yHKOmii, TOCTPOSHHBIX Ha OZHOM KOUPAWHATHOM HACCKOCTH.

Opma CTOpOHA TPEYrONbHUKA paBHa O M, a apyras — 8 M.
Kakroit MoxeT OBITE TPeThA CTOPOHA, €CHH INEDHMETD TPEYIoib-
#uka: 1) menswe 22 M; 2) Ooabme 17 M?

Ecnu ua g oenors YACAA BhIYeCTh dl‘ ET0, TO DOXAYIATCH YHCKEO,

3 1
bonnmes 29, A ecii U3 E 3TOTO Xe YHCIA BRIYECTh E erg, To mo-

AyuuTcA wHCA0, Meesinee 29, Halitn 910 nenoe uucno.

Ecaun K YABUCHHOMY IJ.EJIDMY ‘lHCJ’ly HpHﬁaBHTb €10 IOJOBHHY, TU
OOAYUKUTCH YHCI0, MeEblIee 92, a ecNH U3 YAROEHHOTO ITOrO ¥We
OeAoTe YHMEAA BHYECTh €ro IOJIOBHHY, TO NOAVIHTCA TUHCAC,
tonrmee 53. HaliTH 3TO0 He/l0e YUCAO.

B pacteop oGbenom 8 A, cogeprramuit 60% wxucaors, magamm
BAEBATSH PACTBEOP, cogepxamuii 20% KucaoTH. CKOJIBKO MOYKHO
BANTE BTOPOLD PACTBOpPA B OepPBHI, UTOGH CMech CONepMcana
Kucnoreal He Hoarmre 40% , Ho He Mmememe 30% 7

IOna noayuenus xpaxmasa GepyT pHC M AYMEHL, NIPHATYEM AIMe-
HA GepyT B 4 pasa Goabine, ueM puca. CKOMBKO KHIAOrDEMMOR
pUca ¥ AYMEHA HYXHO B3d4Th, 4T00b N0AyIRTh Ooxnme 63 xr,
1o Be Ooasme 126 kr kpaxMana, ecIH DAC COREPIKAT 75% Kpax-
Mana, a AuMeHs — 60% ?
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Moayas unciaa. ¥ pagHeHHSE
M HEepaBeHCTBA, COjiep:RallHe MOAYJdL

g I'E _____ e

1. Moagyap 4mcia.

HamoMHUM HOHATHE MOAYJIA YHCA.

1) Moayab NMOJOMKHUTENIBHOIO YHCJIA PABEH CAMOMY

. ymeay.

Hanpumep, |3|=3, l%| = %, |2,4]|=2,4.

2) Mopaysb OTpHIIATENBHOTO YHCJIA PaBeH IPOTHBOIIO-

JOKHOMY €My YHCJY.

Hanpuwmep, |-2|=—-(-2) =2, |—-§—|=—[—-5—J 5, |-1,5|=

6) 6

—(-1,5)=1,5.

3) Mopayab nyss pased mymwo: [0]=0.
HWrak, onpe/esenne MOAYJIA YHUCIA TAKOBO!

|la|=a, eciu a >0,
|a|=-a, ecrm a < 0.

JTo omnpejeseHHe KOPOTKO 3aNUCHIBAIOT (hopMyJioii:

|“i:{ a, ecin a = 0,

—-a, ecan a < 0.

PaccMoTpuM zeomempuueckuil cmbica MOOYas Hwucia.
Hsobpasum Ha 4Mcia0OBOM OCHM, HANPUMED, TOYKH 3
u -2 (puc. 20).

el N

=+
-

-2 0
Puc.20

42

W3 pucyHKa BHAHO, uTo |3|=3 ecThb pac-
croarwme ot ToukHu 0 g0 Touku 3, |-2|=2
ecThb paccrogEMe oT Todky 0 10 Toux: —2.
Hrak, reomerpudecku |a| ecTs paccros-
gue or Touku 0 Mo TouxKH, M306paKaIO-
el 9UCJIO d.



Samauga 1
>
Oreer
3anaga 2
[
OTeer

2. YpaBHeHUs, cojepialue HEeH3BECT-
HOe NMOoJ 3HAKOM MOAYJIA.

Pemuts ypaBHerue |x|="7.

1) IIycte x20. Torga mo ompemeneHWI0 MOLYISA
| x|= x, u ypaBuenue npunumaer Bux:

=T
T. €. Xx=7 — KOpPeHb MCXOJHOI0 ypaBHEHHHA.
2) Ilyers x<0. Torma mo onpefeleHHD MOAYIA
| x|=-2x, u ypaBHenue npuHUMaeT BHA:
==
OTKyJa X = -7 — KOpPeHb MCXO/JHOI'0 YPDABHEHHAH.
x, =7, x,=-T.

/\

Pemnts ypaBHeHHe |3x + 2|=1.
1) Ilyers 3x +2 > 0. Torna 3x + 2 :1,31:-1,3::—%
2) Hyecrp3x+2<0.Torgadx +2=-1,3x=-3,x=-1

x,zmé, x,=-1. <]

3. HepaBencrBa, cojgepsalnue HEH3s-
BEeCTHOE MOJi 3BHAKOM MOJAVYJS.

PaccMOTPHM HepaBeHCTRO
|x|<a, rneas>0.

9TOMY HEpABEHCTBY YAOBJIETBOPAIOT
BCe TOYKH X, HAXOAAIIHECA Ha PaccTo-

[Xlgﬂ

T AHKUM, He OonblIeM a, ot ToukHu 0, T. e.
TOuKM orpeska [—a; a] (puc. 21).
OTpesok [—a; a] — 2TO MHOKECTBO 4YH-
ceJ X, YAOBJETBOPAIOIIUX HEPaBEHCT-
BY —a< x<a.

CnenoBaTensHO, HepaBeHCTBO | x| <a, rge a >0, osna-
gaeT TO K€ caMoe, YTO M JBOiHOEe HepaBeHCTBO
—a<x<a.

3anaua 3
| 2

Hanpumep, nHepapencTBo |x|<2,5 osmauaer, uTo
-2,5< x<2,5; Hepasencrso |x|<3 osmauaer, uro
-3<x<3.

Pemuts HepaBeHCTBO |5 — 3x|< 8.
3anuiieM AaHHOE HEPABEHCTBO B BUJAE
-8<5-3x<8.
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— 2 e % . f 1‘
_[ /7/ x_.‘ —a 0 a
-1 1
13 lx|>a
Puc. 22 Pue. 23
IT0 ZBOITHOE HEePABEHCTBO O3HAYAET TO e caMoe, 4To
M CHCTEMa HEePABEHCTB:
5-3x<8,
5—3x>-8.
Pemras sty cHereMy, Haxogmm —1 < x<4% (puc. 22).
Otser —1¢x~:4-§-. <
PaccMoTpuM HepaBeHCTBO
|x|>a, roe a > 0.
IJTOMY HEpPABEHCTBY Y/AOBJIETBOPSIOT BCE TOYKH X,
Haxogsmmecsa oT TOYKH (0 HA pacCTOSHHH, HE MeHb-
meM 4, T. €. TOUKHM JBYX Jyued x=2a U x<—a
(puc. 23).
3amaua 4 PemuTs nepasencrso |x — 1|2 2.
» 1) IIyerp x—120. Torga x — 1= 2. ITony4uM cHCTEMY
HepaBeHCTB
x-120,
x-1=22.
Pewasa aTy cucreMy, HAXOAUM X = 3.
2) Ilyers x—1<0.Torga —(x-1)> 2, mmm x - 1< -2,
IMonyuum cucTeMy HepaBeHCTB
x—-1<0,
r—1<-2.
Pemas aTy cucreMy, HAXOOMM X < — 1.
Hrak, BO-mepBBIX, HepaBeHCTBO |x—1|> 2 BbIIOIHSA-
eTcs IpH X = 3, a BO-BTODPHIX, Ipu x < — 1.
OTtger <-1, x238. <
Pemernus HepaBeHcTBa |x—1|>2
; ) g usolbpaieHbl Ha pucyHKe 24.
7 Z
1 3 OTMETHM, YTO €eCJIHM B HeparReHCTBe
| x| < @ ameno @ paBHO HyJII0, TO Hepa-
Puc. 24 BEHCTBO HMMeeT €JHHCTBEHHOE pemre-
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149

150

151

152

153

154

166

156

157

158

159

Hue x =0, & ecnu a < 0, To 970 HePABEHCTBO HE UMEET

PELLEHEHH,

Ecau B HepakeHCTB¢ | x| 2 ¢ 9ncsio @ MeHbIIE MM PaB-
HO HYIID, TO Awboe 4YMeao SRAAETCA erg PemeHEeM.

Yropamuenwmsn

(¥Yerno.) Haite Mogynes upcau;
1) 23; 2) 4,7; 3) %; 4) -47; 5) -2,1; 6) ‘§°

Pemurer ypaBrerne (150—153).

1) |x|=2.5
3) |x-11=2;

1) |x+4|=0;
8) [2x-8]=0;

1) |3x-5]=5;
2_.1_1,
3 |§’“E"§’
1) |-x]=34;
1) [3-x|=8;

2) |-x|=2,1;
5) |[4-5x]=5;

2) | x|=1,5;
4) |x+3|=3.

2) |x—2[=0;
4) |3-4x|=0.

2} [4x + 3|=2;
3. 1.1
4) ,Zx—§|—4—.
3) 5-x[=5
6) 3-4x|=3.

H300pesuTE HA YHCAOBOM OCH MHOMECTBO DeIOeHWIT Hepa-

BEHCTBA:
1) jx|<85;
A |x|=3;

2 | x| <4
49 |x|>2.

3anucaTnL HepaBeHCTRO ¢ MOAYNEM B BEHAS apofinoro ocpa-

BEHCTBA:
1 |x|<8;

2) |x|<2.

,I[BOﬁ]IOE HEPABPHCTRED IATHCATE B RHAS GANOTO HEDABREHCTRA C

MOLYJIEM:

1) -3,1<x<38,1;

2) -0,3<x<0,3.

Pemuts HepaseHcTeo (157—160),

1) |1+ x|<0,3;

2,
3) |3 x|€§,
1) [3x-4|<5;
3) [2-3x|=2;

1) [x+1]>1,3;
1,

2) |2+ x|<0,2;
3
4) |1_xl<1c
2) |2x +38|<3;
1) [5—4x|<1.
2) |x-2|21,1;
2
4} |3—x|>§.



160

181

162

163

184

165

166

187

168

169

1) [4x-3]|>3; 2) |8x+2|>1;

3) [3x-2|>4; 4) [4-5x| > 4.

Ha#Te sce nenele 3HaUeHMA ¥, OIPH KOTOPBIX BLIIONHAETCHA He-
PBRBEHECTEO:

1) [5x-2]|<8; 2) |5x+38|<T;

3 [5-3x|<L 1) |3—4x| < 3.
Peuiure HepapeHCTRO:

1) |2x 3|>5; 2) 18x - 1| < 4;

3) [1-3x<1; 4) |8-2x{>3;

5) |0,3-1,3x}<2,3; 6) [1,2-0,8x> 2,8.

Peuwres nBoifHOe HeDABSHCTEOD, 3ANHCAB €00 B BEAE CHCTEME
BBYX HepDABEHCTB:

1) 3«<2x-9s1; 2) 3<3xr+1<«<5;

3) 4<1-0,2x%1,2; 1) -3<2+1,6x<—2,5.

an KAKHX 3HAYEHHHEX X BRINOMHAETCH PABEHCTEOI
1) {z+8|=x2+3; 2) jx-2|=2-x7

Iyers a < (. BUACEATH, NOJIOKATENLHO HAM OTPAHATENLHO 3HA-
HYeHHE BERPDANKSHAA.
D a-|al; 2) |-a|-a;

3) a?|el; 4) aia

BHISCHHTE, IONOMWTENLHO KM OTPUUATENLHO THMCIC 4, BCXH!
1) o®lal<0; 2) alal?>0;

3
H T .0; 4) Ha}.
laf a

JlokasaTs, 4TO:
1) |a-b|=|a|-|b| npn nwbux a u b;

2) |a*|=|a|* npu moGom a v mpGoM HaTypalbHOM N;

3) % =% nopu JoboM @ = awboM & = 0;

4) |a®|=a" npm moboM a, ecAM n — YETHOe HATYPANLHOES
YHCIO;

B) |¢?|=—-a®,ecan a <0 n n — HeueTHOE HATYPAALHOE THCJIO.

Joxazars, 4To YHCHO |a —b| DABHO PACCTOSTHHI0 MEKAY TOYUKA-
MH g B b ancaoBol OcH,

Joxasars, 9To
llel -{&ll <|a +b] <|a| +|b]
Ana mobhix yyucen a 1 .
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Y npaxHeHHs
- kK raase I

PemrnTh ypaBHeHHe (170—171).

170 1) x(2x+5)=0; 2) x(3x—-4)=0;
3) (x-5)(3x+1)=0; 4) (x+4)(2x-1)=0.
gas 1) 2x+3_o; g) 1=2x _,
3x-1 2x+5
3) (21+1)(x+2)=0; 4) (x-3X2x+4) o
x-3 x+1

172 Ha uncioBO# OCH TOYKA a JeXKUT Jeree ToukH b. [lonoxuTrensHo
HIH OTPHLATENBHO YHCIIO:
1) b-a; 2) 2+b—a; 3) a-b; 4) a-3-b7

173 [oxasark, 4TO:

1) 9x%+ 1> 6x npn mwobom x;

1 1
—_—— .
2) X+ HpHI)D,

3) X45<-2% npu x<0;
2 2x
@x-1@x+1) 1
x-3 3-x

4) npu x> 3.
174 [HoxasaTb, 4TO:
1) ecnru 3b-a<a-b, 1o a>2b;

2) eciim 2b+a >2a-b, 10 a<3b;

2b a_a b
3) ecit ——-=>—=+—-,TOA<b;
) 3 6 3 6 ’

4) ecim 1,246 -0,37a < 2,63a - 1,76b, Toa > b.

175 [IokasaTb, 4TO:
1) ecm x<1,2 1 y<5,T0 x+y<6,2;
2) ecnu x>% HYy>2,T0 xy:-%.

176 [oxasaTs, uTO ecau x> -3 U y> 1, To:

1 2 5. 2 1 1.
1) g ¥ ta¥>—5i 2) 7x+3y> 13
3) 2,7x+1,1y>-T; 4) 1,1x+2,7y>-0,7.

177 TIlycte a > b > 0. lokasaTb, 4TO:
1) a®>b%; 2) a®>ab? 3) a'>a?b?; 4) a?b?>b.
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178

179

180

181

PeuiuTh HepaBeHCTBO:

1) x+9>8—-4x;

2) 3(y+4)=24—-(1-3y);

3) 5(0,2+y)-1,8>4,3+5y;
4) 3(x-5)+9>15.

Pemurs cucTeMy HepaBeHCTB:
1) (0,5(x+3)-0,8<0,4(x+2)-0,3,
0,7(2-x)+1,3<0,6(1-x)+2,2;

2) [1,6(x-2)-2,1<1,3(x-1)+2,5,
1,3(x+3)+1,7>1,6(x+2)+1,8.
%
MHuoKecTBO uHMcea X, H3o0pa)KeHHOe HA PHCYHKe 25, 3anucaTth
B BHJE [BOMHOr0 HepaBeHCTBA M HEPABEHCTBA, COAEPIKAILero
3HAK MOMYJIA.

Muo:xecTBO uHCEa X, Hsoﬁpamg!moe Ha pucyHKe 26, sanHcaTh
B BHAE HEPAaBEHCTBA, COAEDIKALIEr0 3HAK MOAYJIA.

Puc. 25

Puc. 26



182

183

184

185

186

187

Pemurs ypaBHeHue:
1) |[x-1|=3,4; 2) [1-x|=2,4;
3) |1-2x|=5; 4) |3.x—2|=1.

Pemurs HepaBeHCTBO:
D |x-1]<34 2)[x-1|>34 3)|x-1|<3.4
4) 2x+1]|>8; 5) |bx+1|<38; 6) |4x-0,8]|> 2.

HOH.&S&T!:, 4YTO IPH BCEX 3HAYEHHMAX X BEDHO HePaABEHCTEO

%x(2x-4)> (x=2)x.

PemuTs HepaBeHCTBO:
1) 12-5x>0; 2) 3x-T<4(x+2); 3) §+%<2.

PemuTe cucTEMy HEpaBeHCTB:
1) [3x-13>0, 2) [4x-13>3x-10, 3) [5x+3<3x-17,
25—-4x>0; 11-4x<12-3x; 1-2x>x+4.

IIyers a < 2b. Ilokasarts, 4To:
1) da-2b<a +4b; 2) 83a-2b<a+2b;
3) a+2b>3a-20b; 4) a+b>4a-5b.

Opza cropoHa TpeyroabHuka Oosasiue 4 ¢cM, Bropasa B 1,5 paza
Gonrme meproit, TperkA B 1,5 pasa Goaniie Bropoii. IlokasaTs,
4TO HepUMeTp TpeyroilbHUKa Gosblue 19 cm.

YKa3aTh 3HA4YeHHA X (eclIH OHHU CYIIECTBYIOT), IPH KOTODPBIX
sHadYeHHA GYHKOHH y=-x+1u y=x+ 2 ofHOBpemMeHHO: 1) mo-
JMOXHUTENBHBI; 2) oTpunareabubl; 3) Gonsme 1; 4) Gonsmre 2.
OTBeT OPOMJIIOCTPHPOBATH € HOMOMILI TrpadHMKOB AaHHBIX
dyHKIHI, TOCTPOSHHEIX HA OAHON KOOPAMHATHOHW IIOCKOCTH.

PemuTth cHCTeMY HepaBeHCTB:
1) [0,4(x+3)-1,720,3(x-5)+0,7x,
0,4(x-1)+0,52x20,3(x+5)-0,9;

3+4x

»

2) x+4€2r—3 3) Tﬂx_sg

7 5 2 5

sx;sé“f": 5—;+5(4—x)>2(4—x)+13‘

7T _2
dxr+ Ll x—
4) [0,4x <=x-12,

2x+9>5_r-3‘
T 4
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188

189

190

M

192

193

194

1956

196

Cyvma 4eTHOTO 4HCa € YTROSHHEIM HOCASlVIIUM YeTHHM
yHcaoM foskine 134, a cyMMa 3TOMO Ke 4eTHOTO YHCIA ¢ YIBROEH-
HblM UPEJHAYIIHM 4YeTHblM vucnon mMeHbme 104. HaliTu aro
QHCHO,

CyMMa HEYETHOrO YHONA ¢ FAROEANKM NOCTEAYIONHAM HedeT-
HbIM YMCAOM MeHbIOe 151, a cymMMa aTOro e HeYeTHOrO THCIA ¢
VTPORHHBIM NPEIBRAYILEM HeUBTHEIM 4KCAoM Goasme 174. Hait-
TH 3TO YHCIO.

Bpuraza pafounx 3a 5 ZHelt marotosuas MemEeme 300 meraneif,
a aa 10 aueit — foapiue 500 gerasnesi. ConanKo geTaneii B AeHb
N3TOTOBMA KAXMAMHA paGouuii, ecnn B Gpurade 8 uesoBek u rpo-
H3BORHTRIBHOCTh TPYAA palouux OAMHAKOBAT

Ba 8 peiicos aBTolyc mepeees Gosneie 185 maccaxwpos, a 3a
15 peilicoB -—— MeEpme 370 maccaxxnpobB. CKOAbBKO MeCcT B aBTO-
ﬁyce, e/l B KaxaoM peﬁce aB'roﬁyc NnepesolnJi pOBHD CTOIDKO
NACCAMCHPOR, CKONEKO MecT B aprobyce?

HMoxasa™s, urto:

1} 2b-a <3a-2b Torga u TOALKO TOrgA, Korga a > b;

2) a+2b>4g-b TorAa ¥ TONBKG TOrZa, KOTIA @ < b}
3)a-2b>3a+2b Torna ¥ TOABKO TODOA, Korga a + 3b <0;

4) b—2a <4a+ 3b Toraa u TonbEo TOTZA, Korga da + 6> 0.

CHODOCT]: TedeHNA peKH paBHEa ¢ KHJIOMeTpaM B YAC. C Kamxoi
TIOCTOREHOMR CHKOROCTEHY OTHOCHUTENALHO BOALI JOHAH ABUTATECS
KaTep, 4TO0BI NYTh MeXAY IPACTAHAMK OH NpPOIUEN BHH3 1O Te-
9eHMIO DEeKHM N0 KpaiiHedl Mepe B 3 pasa GbIcTpee, UeM TOT IKe
MyTh BEEPX IO TEUEHHIO DeKu?

B pacTeop obpemMoM D 1, comepamiyil 30% KMHCIOTHI, HAYANIA
LAMBATE PACTEOP, cogcmuauruii 70% xueaorn. Croanno nymxmo
BJINTbL BTODOrO DACTBODA B NEePBBIH,. wTo0Bl MX cMech CONEDMKANA
He meHee 60% kucaoTm?
Hoxrasath, ute ecnn | x — a|=| x ~B|, roe @ < b, To x — cepeauna
orpeara [a; b], T. e.

a+ b

X = .
2

Pemnute ypaBHeHHe:

1) |x-1|=[x-2[; 2) |x-5|=|x~8];
3) |x+1]|=|x-2]; 4) |x+3|=|x-5];
5) |x+3|=|x+7]; 6) |x+6|=|x+10].



IIpubausxeHHbIC
: BBIYMCJIEHUSA

[Ipudan:xeHHble 3HAYCHH S BEJIHYHH.
[HorpemHocTs NpHOIAHIKEHNS

..... e

3amaua 1

TIpu pellleHUM NPAKTHYECKUX 34444 YACTO MPHXOJHUT-
¢ MMeTh AeNIO ¢ RPUCAUNCEHHbLMU 3HAYEHUAMU pa3-
AuuHbLX geauyun. IIpubanikeHnsle 3HaUCHNS 0DBIYHO
NONYy4YalTCA NpH mojgcydere GOJBIIOr0 KOJHUECTBA
NpeAMEeTOB, HANPUMEDP HHCJa AePeBLEB B Jecy; IpH
U3MEePEHHAX PASJMUHBIX BEJHMYHUH C NOMOIbI0 IPHOO-
POB, HATIpHMEpP AJHHbI, MACCHI, TEMIEPATYpPHI; OpPH
OKDYTJIEHHU YUCeJ; NPH BLIYHCJIEHHSX HA MHKPO-
KaJbKYyJATOpE ¥ T. 1.

PaccMOTpUM HECKOJIBKO IPUMEPORB:

1) B xnacce 36 yueHMKOB;

2) B pabouem mocenke 10 000 ;xureneii;

3) Xene3HONOPOKHEIH pesbc UMeeT AIWHY 25 M;

4) pabounit nonyuns B xacce 1205 p.;

5) B camosere fAk-42 mmeerca 120 macca’XHpPCKHX
MECT;

6) paccroanue mexkay Mockpoit u Caukt-Ilerep6yp-
rom 650 xwm;

7) B kunorpamme niuenuisl cogep:xurca 30 000 sepen;
8) paccrosiane ot 3emuu g0 Connma 1,5-10% km.

B npumepax 1, 4, 5 3HaueHus BeJMYHMH TOYHEIE, a B
OCTAJBHBEIX — NPHOIMIKeHHBIe.

OauH U3 MKOJBHUKOB HA BOIPOC O TOM, CKOJIBKO yda-
WAXCHA YYUTCA B LIKOJE, OTBETHJ: «IpPUOIH3UTENb-
Ho 1000», a Apyroit Ha TOT e BOIPOC OTBETHUI: «IIPH-
6ausuTensHO 950». Yeit oTBeT TOUHee, eCJH B IIKOJE
yuntea 986 yuammuxes?
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» Tlepsoiifi mKoJABHUK ommbca Ha 14, a BTOpoil — Ha

36. CnepoBaTenbHo, 6oJiee TOUHBIM GBI OTBET IEPBOTO
yuamerocd. <

3aMeTuM, YTO PA3HOCTh MEMXAY TOUYHBIM M NPHOIH-
JKeHHBIM 3HAYEHHAMH YHCJIA YHalllUXCH B IEPBOM CJIy-
qae OTpHIATEJIbHA:

986 — 1000 = —14,
a BO BTOPOM CJiy¥ae MOJOKUTEeIbHA:
986 — 950 = 36.

IIpakTuyecku BajKHO 3HATH OTKJOHEHHE NpUOIHIKEeH-
HOT0 3HAYEHHA OT TOYHOrO B TY WJIH JPYIYIO CTOPOHY,
T. €. MOAYJbL (A0COMOTHYIO BeIHUYNHY) PASHOCTH MeK-
Oy TOYHBEIM 3HAYEHHEeM U NPHOJHMKEeHHBIM.

Moaynb pasHOCTH MeXKAY TOYHBIM 3HAYEHHUEM BeJIMYH-
HBI # ee TpUOIHIKEeHHBIM 3HAYEHUEM HasbliBaeTca adco-
JUOMHOU NOZPewHOCINbI0 NPUCIUNCEHUA.

Takum obpasom, ecam a — NpuUbJIMIKEHHOE 3HAYEHHE
BeJHYHHBI, TOYHOE 3HAYEHUE KOTOPOH PaBHO X, TO
abconoTHAA TTOTPENIHOCTE NPUOAMIKeHHA paBHA

|x—al.

ABCONTHYIO NMOTPeIlHOCTh NPUOJIMIKEeHHA 4acTo Ha-
3BIBAIOT MPOCTO MOTPENIHOCTLIO.
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3amaua 2 IIpu1 HAXOKAEHUM CYMMBbI YIIIOB TPEYTOJbHHKA C IO-

MOIIBI0 TPAHCOOPTHPAa IOJY4YHIH pe3yabrar 182°.
Kakora abconmmoTHas DOrpPenIHOCTh 3TOr0 NTPUGIH-
sKerua?

TD‘IHOB dHadeHHWe CyMMbI YIJVIOB TpeyroJbHHKAa paB-
o0 180°, nmpubinxenHoe 3HaueHHe paBHO 182°.
IToaToMy abcoIlOTHAA IMOTPEIHOCT: paBHA 2°, TAK Kak
|180 - 182| =|-2|=2.

3amaua 3 HaiiTu morpemrHoCTh: HPUOIHIKeHHSA YHcla i:;- necd-
THuHOH Apobeio 0,43.
§_0,43H§_£ _| 800-301 :‘_L‘ZL,
7 7 100 700 700 700
YrupaxHeHHA

197

198

199

200

201

BrickasaTe NpeAloyioyKeHHe, KaKKe U3 IIPHUBEJeHHBIX B IIpUMe-
pax 4HceJ ABJAAKTCA TOYHBIMH 3HAYEHHAMH BeJHYHH, 4 KaAKHE
mpUOIHKeHHBIME:

1) B 3purennHOM 3ane 660 mecr;

2) TerpagnL MMeeT TONIMHY 3 MM;

3) 3a roa aBTOMOOMJIBHLIM 3aBojoM OwuIo BeINyuieHo 600 Thic.
aBTOMODMIEH.

ITpu u3MepeHHH MHUPHHLL 0DI0KKH KHUIH ¢ IIOMOIIbLIO THHEHKH
MONYy4YeH Pe3yabTAT B npoMe:xyTre oT 14,2 no 14,3 cm.

1) MoHO 11 HAZBATE TOYHOE 3HAUEHHE IMHPWHEBI KHUATH?

2) YKaz3aTek HeCKONbBKO NPHOJMMKEHHBIX 3HAYeHWH MHUPHHEL
KHHTH.

. 4
Haiitu abconioTHYW MOTPEITHOCTh, TPHUOAHIKeHUS uHcla H

YHCJIOM:
6 . 1, .
D 25 303 4) 0,44,

HaiiTi morpemmrHOCTs DPHUOIHIKEHNA:
1) yucaa 0,1975 yucaom 0,198;
2) gucna —3,254 uncaom —3,25;

8 1
3) uHcnma — — YHCIOM — =
) 17 2
4) gucaa 2—72- gucaoM 3,14.

IIyers a — npubanskeEHoe 3HaveHHe unceaa x. HaliTu morper-
HOCTE NpUOJNNMKEeHUA, eclin:

1) x=5,346, a =5,3; 2) x=4,82, a =4,9;

3) x=15,9, a=16; 4) x=25,08, a=25.
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202

203

204

205

206

H3BecTHO, YTO CyMMAa BHYTPEHHHMX YIJIOB YeThIPeXYTOJIbHMKA
papEa 360°. IIpy HaXOK/AEHNH CyMMbl BHYTPEHHHX YIJIOB YeThI-
PeXyroJIbHUKA C IMOMOIIBI0 TPAHCIOPTHPA MOJYYHMIH Pe3yJbTaT
363°. YeMy paBHA MOrpelIHOCTL OIPUOJMKeHNA?

C nomoursio rpad¥KoOB OPAMEX y¥=7x +9 u y =1 nonyuunu, uro
3TH NpAMBIe mepeceKamwTed B ToukKe ¢ abcmwuccoii, paBHOW —1.
Yemy paBHA HOTPEUIHOCTEL 3TOr0 NMPHOAMMKEHUA?

Bepuo an, uro gecaTuyHas gpobs 0,33 aBagercsa npubauiKeH-

HBIM 3HAYEHHEM uHcJa 3¢ abcor0THOM MOrpPelIHOCTREI0, MEeHb-
meit 0,01?

IIpubaurkenHoe sHadeHHe YHcaa X paBHo 2,4, abcomoTHAA IO-
rpemuocTh MeHbIme 0,1. HaiitTy npoMe:KyTokK, B KOTOPOM 3a-
KJII0YeHO TOYHOe 3HAYEeHHEe X.

IIyers 7,43 — npubauikeHHOe 3HAYeHUe YHCIA X, 4 abcontoTHAA
norpemHocTs Npudanxerus Meusire 0,01. B KakoM NpoMexyT-
Ke 3aKJI4YeHO TOYHOe 3HaYeHue 4ducia x?

Ouenra
MOTPeIHOCTH

Bk - Yeseall~cooc(jonceacoaoo(|coo0ajesanoloaoco(senne(|oceoojeaoen|nnec|oce

Bo MHOruMx ciay4afx TOYHOe 3HAYEHHE BeIHYMUHBLI He-
H3BECTHO, ¥ Torja abCoNTHYIO HOTPeLIHOCTE PH6IHI-
MKEeHWA HaWTH Hesb3A. TeM He MeHee HacTO yjaaeTcs
JIaTE OYeHKY abConmMmHOU NOZpeuwHocmu, eciu U3Be-
CTHBI MPUOJIHKEHUA ¢ M3OBITKOM H C HEZOCTATKOM.

3apxaua 1 B KOMHATHOM TepMOMeTpe BepXHWH KOHel cToJbuka

SKHAKOCTH HaxoAuTca Mexxay orMeTramu 21 m 22 °C.
B xauecrBe nmpHOIMKEHHOr0 3HAYEHHS TEMIIEPATYPHI
B3AnH BenwuyuHy 21,5 °C. Ouenurs abconmwTHYIO MO-
rPEeNIHOCTh NPUOJIMIKEHHA YKA3AHHOIO M3MEPEeHH .

P Tounoe 3HAYEeHHE TeMIepaTypLl { HEM3BECTHO, OIHAKO
MOKHO YTBEDaAaTh, uTo 21 <t < 22.
YT0661 MOJYYHTH ONEHKY PA3HOCTH MEKAY TOYHBIM
3HAYEHHWEM TEMIIePATYDHl U NPHOJIMIKEHHBIM, T. €.
pasHocTH f — 21,5, BRIUTEM M3 KayJ0H YacTH 3TOro
ABOMHOTO HepaBeHcTBa umcio 21,5.
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Honyaum -0,5<¢-21,5<0,5, . e |t-21,5]<0,5
Takum oSpasom, abcoJaKTHas OOTPelIHOCThH He GoJb-
e 0,5,

B aToM cnyuae roeopAT Takie, 4TO TeEMIepaTypa ua-
wmepeHa ¢ TouHoreTeo oo 0,5, u sanucripaoT:

t=21,510,5.

Boobme, ecni ¢ — npuinuikeHHoe JHA9eHNE 4HCAA X
u | x—al| €k, To TOBOPAT, UTO YUEAN X PARKO UUCRY T
¢ moiHocmb do i, U NHHIYT:

r=ath. (1)

Ilpw oToM h masWBaOT Zpanuyeir aliconomHol no-
ZpeuLHOCMIL.

HanomauM, uto mepaBeHcTno |x - a|< A osHauaer To
K€ CAMOE, UTO M ABOHHOE HEPABEHCTBO

a-hsx<a+th. (2)

Hanpumep, zanver x=2,43+0,01 ozaagaer, uaro
3HavYeHHe x paeHo 2,43 ¢ roymocTbio o 0,01, T. e.
243-0,01<x<€243+0,01, umu 242<€ x<2,44,
Yueaa 2,42 u 2,44 ApnA0TCA NpHOHeHERING 3HA-
TCHHAMH YHCO4 X ¢ HEJOCTATKOM H ¢ AGOLITHKOM.
IlpakTuveckd TDM HIMEDEHHH, DACCMOTDEEHOM B 3a-
Aaye 1, 8 KauecTee npmbIMMEAHOro sHadenns Oepyr
21 mam 22 °C. B aroM cnyuae afconoTHad Torper-
HOCTBH KAMOTO H2 ATHX NMPUGIHMerRAll He IPEBOCXO-
aur 1 °C, TlooTomy ofsIYno CIATAIOT, YTO HIMEPCHHE
TEeMIEPATYDH ¢ IOMOIULIO TepMOMETDa, Ha KOTODPOM
Aeneaun HaHeceHdsl dYepes 1 °C, npoBogETCA ¢ TOY-
mOCTRIO fIo 1 °C,

ABaJOIMYMHO U A5 APYI'MX R3MEPATE)LHBIX 1pubopos
MOUROCTMbD UIMEDLHUA obpIYHO YCTAHARAHBAGTCHA IO
HadMeHBEMY JeneHnio npubopa, Hanpumep, MEEDO-
MeTpOM H3MepaloT AAHUEY ¢ ToUHocThI0O o 0,01 mum;
MeAHLUAHCKMM TepMOMETDOM U3MepAIT TeMIOepaTy-
P¥ ¢ rouHocThio 40 0,1 °C; OyAHNLAWK OoK83bIBAeT
BpEMS ¢ TOCHOCTHIO B0 1 MHH; HADYUHBE UACRI C Ce-
KVHIHOH CTpeNxoil MOKAIBIBAIOT BPEMA ¢ TOYHOCTLIO
polec.

TakHM 0Bpa3oM, NOIPEelLIHOCTE H3MEePEHHA 3aBHCHT OT
TOro, KAKHM npnﬁopom BCASTCA 3TO H3MepeHHe. Hem
MPHRTTE TIOTNEMANCTh I‘Ipﬂﬁ)’lﬂﬁ(ﬁl—“ﬂl, TEM TOUHEa
H3MEePHTEABHKIT npubop.

IpubaraxeHHEIMHE 3WAYCHUAMY YACTO HONbL3IVIOTCA
nNpH 2aMeHe OORIHHOBEHHLIX ApoDel XecATHUHBIMH.
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3amava 2 HokazaTk, uTo unucygo 0,43 apagercd npuOJIHKEeHHBIM

207

208

209

210

211

212

213

3HauYeHUueM Apobu 13 ¢ TouHocTeo go 0,01.

Tpebyercsa goKasaTh, 4TO ;—g- -0,43|<0,01.

BeruucnauM pasHocTh
13 13 43 _130-129 _ 1

30 %3730 100" 300 300"
13 1
C 18 _ S
JieJOBATEIbHO, |30 0,43] 200
1 13
L UM < .
Tak Kak 300 <0,01, To 20 0,43| 0,01
YrnpakHeHHA
Yro ozHauaeT 3anuch:
1 1
1) x=3,9+%0,2; =0,410,15; =af—;
) x=3,9+0 2) x=0,4+0,15 3)x310
2) x=0,73+0,01; 5) x=-135+1; 6) x=-2%i1_‘0?
3amucaTk B BUJIE ABONHOIO HEPABEHCTBA:
1) x=11+£0,5; 2) m=142+%1; 3) 1=3,7+0,1;
4) v =900+ 5; 5) x=adth; 6) y=m<=tn.
H3BecTHO, YTO:
1) x=4+0,1; 2) x=2,7+0,1;
3) x=-0,6+0,12; 4) x=-5,910,2,

Haiitu npubaunKeHHbIe 3HAYEHHMA YMUCIA X ¢ HEJOCTATKOM H €
H30LITKOM.

Iyecre x=5,8+0,2. Moser n¥ TOYHOE 3HAYEHHME OKA3aThCH
PABHBIM:

1) 5,9; 2) 6,001; 3) 6; 4) 5,817
Ilyers x=8,7 £ 0,4. MoskeT g uyucio X 6bITH pABHBIM!
1) 8,222; 2) 8,4; 3) 9; 4) 9,57

Ykasate npubinuikKeHHoe 3HAUEHMEe YHCJA X, PABHOE CPeIHEMY
apu(pmMmeTHyecKoMy NpHONAMIKeHHH ¢ HEAOCTATKOM M ¢ H30BIT-
KOM:

1) 20 < x<22; 2) 5 x<6; 3) 4,5<x<4,8;
4) 3,7 <x<4,1; 9) 2,81 <x<2,83; 6) 0,55<x<0,6.

JlokasaTb, 4TO:

1) 2,7 ecrs npubauskeHHoe sHadeHue 4ucia 2,7356 ¢ To4HO-
creio go 0,5;

11

2) uueno 0,27 apnsercsa npubIMIKEHHBIM 3HAYEHHEM Apobu 10

¢ TounocTteio go 0,01.
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214

215

216

217

218

219

fBnsgerca nu uuciao 4 nNpubaMKeHHBIM 3HAYeHWeM apobu 4,3
¢ ToudocTei0 go 0,52 mo 0,17

CorsacHO ONTHYECKHM M PaJHOJOKALMOHHEIM M3MEDEHHAM JHa-
metrp Mepkypusa pasen (4880 + 2) kM, a paguyc BeHepnbl paBen
(6050 £+ 5) xM. 3anucaTs pesyJbTAT H3MEPEHUA B BHJE ABOMHOIO
HEDABEHCTEA.

Jlna usMepeHHMsA AMAMETpa OHIMHAPA pabouuil Nnoab3yeTcd Ka-
aubpomMeTrpoM, B KOTOPOM HMEKTCH OTBEPCTHA AHAMETPOM
10,00; 10,04; 10,08 MM u 7. a. xo 10,56 mm. Kakosa npu aToMm
TOYHOCTE M3MepeHuA?

B orpene rexmuueckoro xonrtposs (OTK) saBoja mamepserca
auaMeTp BaJia ¢ ToyHOCThIO mo 0,1 mm. I[lo Tabnume monmyckos
auameTrp d BaJjia JoJkeH ObITh B mpomexkyTKe 167,8 <d <168,2.
3abpaxyer sm OTK pan, ecniu B pe3yiabpTaTe H3MEepeHHUS ero Jua-
meTp paBen 168,1 mm?

Bricora cobopa ITerponaBiosckoit kpenocty B CarakTt-Iletepbyp-
re 122 m. 9KCKypCOBOJ CKA3aJl TYpHCTAM, UTO BEIcOoTa cobopa
npubdankenso pasHa 120 m. KakoBa NOrpelHocTs TAKOro IpHu-
bmxenua?

IIpx B3BEMIMBAHMM Tena HA BTODPYI0 UYAIIKY BECOB TOJOMHJN
4 rUpu, Macchl KOTOPHIX COOTBeTcTBeHHO paBHel 100 r, 2 r,
100 mr, 10 Mr, mocie 4ero Bechl ypaBHOBeCHJIMCh. JeMy paBHa
macca Tena (B Mr)? OmeEUTh TOYHOCTE U3MEDEHH.

. Oxrpyraenue
yueen

OkpyzieHue 4uces HUCIOJL3YeTCA NPH AeHCTBHAX ¢
npubINIKeEHBIMH S8HAYEHHAMH PABJMYHBIX BeJHYHH
BO MHOI'MX NpPaKTHYECKHX 3ajadax MaTeMaTHKH, (hH-
3UMKH, TEXHHAKH.

Hanpumep, yckopenue cBoBOAHOrO NMajeHHs Ha yPOB-
He MopA U mumpoTe 45° paBHO 9,80665 M/c®. O6bIuHO
9TO YHMCIIO OKPYIAAT Ko gecarbix: 9,8. Ilpu sTom nu-
myT: £ = 9,8 (uuraerca «¢ npubanKeHno pasHo 9,8»).

3amuchk X ~ @ 0O3HayaeT, YTO YHMCIO @ SABIfAETCH IpH-
OaHMKeHHBIM 3HAYEHHEM YHCJIa X.
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3anaua 1

OTteer

Ilnomanes 3eMenbHOrO Y4YacTKa NPAMOYrojibHOH ¢op-
MEI paBHa 25 M2, ero gauna passa 8 M. HaiiTe mupu-
HY Y4YacTKa.

Ilyers mmmpuHa yuacTka paBHa [ MeTpoOB, TOTAa

1=25:8=3,125.
3,125 m.

ITonyyeHHYI0 MIUPUHY YYACTKA Ha NPAKTHKE OKPYI-
nuan OBl JO JEecATHIX, T. e. moJjaranu Owl, 4To [ = 3,1.
PacemoTpuM IpaBHIIo OKPYIVIEHHA YMCeJ Ha CIefylo-
mem opuMepe. IlycTs Tpebyerca OKPYIIHTHE YHCIO
3,647 go corbix. Jlasa OKpYyriIeHHMA ¢ HEZOCTATKOM
orbpocumM mocneaHow UHdpPy 7, B pedyabTraTe MNOIY-
unm 3,64.

Jis okpyraeHus ¢ H30BITKOM OTOPOCHM IIOCJIENHIOI
nudpy 7, a npejnociefHION YBEeJUYMM Ha eJHUHUILY.
B peayarerate noayuum 3,65.

B nepsom cay4yae abconioTHAA MOTPEUIHOCTE OKPYIJle-
Hu#A pasHa |3,647 — 3,64|=0,007.

Bo msropom cayuae abBcosnoTHas NOrpeurHOCTh PABHA
3,647 - 3,65| = 0,003.

Bo BTOpOM cayuae NOrpPeIiHOCTE NPHUOIHKEeHHUA MEHb-
e, 4eM B nepsoM caydae. CiegoBarensHo, B pACCMAT-
PHBAaEeMOM NpPHMepPe HAWJIYYIIHM ABJIAETCA OKDYIJIe-
HHE ¢ U3DBITKOM.

Yrober abconoTHAA NMOrPEIIHOCTE NPUOIMIKEHHA NPH
OprFJIGHHH MOJIOKHTEeJIbHBIX YHCeN ﬁbI.‘ﬂ'a HAHUMEeHb-
1Ieil, MoJL3YITCA CIAENYIOUIUM NpAGULOM:

Ecau mepsas orbpackiBaemas nud)pa MeHbIle 5,
TO HYXHO OKPYTJATh ¢ HEJOCTATKOM, a ecAH aTa
mudpa Goasiie UaM paBHa 5, TO HYIKHO OKPYIJIATE C
H30BITKOM.

3apava 2

HamnpuMep, NMpH OKPYIJIEHHH 10 HECATHIX MOJy4aeM:
3,647=3,6, 2,658=2,T;
IPH OKPYTJIEHHMH JO COTHIX TOJyYaeM:
0,6532 = 0,65, 9,0374=9,04.

2 = -
B3aMeHUTb 4YUCJIO 7 ReCATHUHOH npobblo, paBHOil 2TO-

My umucay ¢ TouHocTsio ao 0,01.

3anuuieM pe3yJbTaT jAesieHHsa 2 Ha 7 B BHOe JecH-
THYHOM JApobM ¢ TpeMdA 3HaKaMH [OCJe IalATOM:

§=0,285... . Oxkpyraas 210 UMCIO [0 COTBIX, MMOJyda-

em 20,29,
7
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221

222

223

224

225

226

227

Jns pemrenusa aToit 3asaun ObLJIO HAWZAEHO 3HAYEHUE —?—

C TpeMs 3HAKAMM IIOCJIe 3alATOH, YTOOHI MOJYYHTH
3HadYeHue ¢ TouHocThiO A0 0,01. Ecam 6n1 norpebosa-

JIOCh HAWTH NpHOJIHIXEeHHOe 3HAYeHHEe YHCJa % c TO4-

HoceTeIO o 0,001, to Hano 6bLI0 661 HaliTH YeTHIpe Je-
CATHYHBIX 3HAKA.

YupaxHeHHA

OxpyrauTs YKUCIA NOCIEeOBATENLHO A0 THICAYHBIX, COTHIX, JECs-
THIX JHOoNei, efUHHI], JecATKOB, COTeH, ThicAd: 3285,05384;
6377,00753; 1234,5336.
Oxpyrauts gncna 15,75 u 317,25 o equun ¢ HeZOCTATKOM H ¢
naberrkom. HaiiTn abconmTHYI0 NOrpEelIHOCTh KaMXJAoro OKpYr-
JIeHUA.
MpencraBuTh B BHUAe jgecaTHUHON JpobM ¢ TOYHOCTHIO [0
0,1 umcao:

13 17 39 11 5 19
1) —; 2) —=; —; 4) —; =3 —.
) 8 ) 25 3) 129 ) 3 el 7 6) 11
IIpegcTaBHTE B BHAE AeCATHYHOH JApobM ¢ TouHocThio fo 0,01
THCTO:

8. 90 7. g9 5. 2 3, 1
D3 Do 35 9125 5225 6) 5.
IIpeacTaBuTe B BHAE AeCATHIHOM Apobu ¢ TourocThio mo 0,001
YHCIO:

2, I 3. S
)2 2) 555 3 2.5 4 T

1) Cpexmas ckoOpocTh ABHIKEHHA MOJIeKYJabl Bomopoga npu 0 °C
paBHa 1693 m/c. OaMH y4YeHUK OKDPYIJAMJI 3TO HYMCIO MO0
1690 m/c, a apyroit — go 1700 m/c. Haittu abGcomoTHYO mHO-
IPELIHOCTE KaM»J0ro OKpyrieHus. B KakoMm ciaydae norpeii-
HOCTh OpUOIHKEHUSA MeHbIme?

2) CkopocTe [BM)KEHHA TACCAKHPCKOTO TIIoe3fa paBHa
81,37 kmM/u. MamMHHCT OKDPYIJIHJI 3TO 4YMcjao mo 81 km/4,
a naccaxup — A0 82 km/4. HaiiTm abGcoawTHYH NOrpemHocThb
Ka)goro npubauKeHusa. ¥ KOro M3 HUX MOrPenIHOCTh npubin-
JKeHHSA 0Kasajach MeHblIe?

OneHs ABHXKeTCHA co ckKopocthio 13,8 m/c. BelpasuTb 3Ty CKO-
POCTE B KHJIOMETPAX B Yac M OKPYIVIMTh ¢ TOUHOCTHIO A0 1 KM/4.

Yucno nn = 3,141592654 ecTs oTHOLIEHUE AJHHBI OKPYKHOCTH K
ee nuameTpy. 1) OKpyrauTs 370 YHCJIO 0 MAUJIIHOHHBIX, THICAU-
HHIX, cOoTEIX. 2) C Kakoif TOYHOCTHI0 NMPOBENEHO OKpYIJeHHe,
eCJIM B 3aIHCH OCTABJIEHO 5 mudp mocse 3anaToi?
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: OTHoCHTeXbHASN
. MOFPelHOCTh

erflmssrafesosafoesniofsannafronsafasvcsafasersafransafroccalocce-fen-

Jlnsa cpaBHEHUS TOYHOCTH HEKOTOPbIX NpuOIMKeHUH
OZHOM M TOi 2Ke BeJIMYMHBI MCTIOJIL3yeTcs abconroTHAS
norpeiHocTs. ECNU e CpaBHUBAKOTCA TOYHOCTH IIPH-
OaMMKeHHA Pas3IMYMHBIX BeJH4YHH, To abcomioTHOi mo-
IPeLIHOCTH HeA0CTATOYHO.

Hanpuwmep, paccroaune or Mocksbl go Cankr-Ilerep-
oypra pasuo (650 +1) km. [Inuea kapaHgauia paBHAa
(21,3+0,1) cm. AGconTHASA TOIPENIHOCTE B IIEPBOM
cayyae He Goabuie 1 KM, a BO BTopoM — He Oosbine
1 mm. O3HayaeT Ju 970, UTO AJMHA KAPAHIAIIA H3Me-
peHa TouHee, ueM paccrosHue or MockBer go CaHKT-
Iletepbypra?

IIpn usmepenun paccroauua or Mocksel go CaHKT-

Ierepbypra abconoTHASA MOTPEITHOCTEL HE IPEBLINIAET

1 km Ha 650 KM, 4TO cocraB/sier % 100% = 0,15%

H3MepAeMOH BeJNYHHbI.

IIpu M3MepeHUH ANMHELI KapaHgamia abcoaiOTHAA I0-

rpemHocTs He npessimiaer 0,1 cm #a 21,3 cm, uTo co-
0,1 =

craBiasier —— * 100% = 0,47% unsMepseMoii BeJIMYMHEIL.

»
Takum 00pasoM, pacCTOAHHE MeXKJy OPOJAMH H3Me-
pPeHO TOUHee, YeM AJUHA KapaHAAIIa.

Ilna oneHKM KadecTBa Mpubian:ceHUs BBOAUTCA OTHO-
CHTeJbHAA NOTPELIHOCT.

OmuocumenvHoll nozpewHocmbsi0 HA3LIBAIOT YaCTHOE
OT fejieHU# abCOJKOTHOW MOTrpPeImIHOCTH Ha MOAVIbL
NpUONHKEHHOr0 3HAYEHUA BeJINYMHBI.

3anaua

Hrak, ecnn a — npubauixkeHHoe 3HaYeHHEe 4HCIA X,

To abCONIOTHAA MOTPENIHOCTh paRHa | x —al, a oTHOCH-

|x - al
la|

MOrpenrHocTs 00BIYHO BeEIpAMAKT B IPOILEHTAX.

TeJIbHAaA IOTPeIlHOoCTh paBHa . OTHOCHTEJIBH}’]O

IIpubauxenHoe sHaYeHHMe MAacchl SeMJH PaBHO
(5,98 + 0,01) - 10%* kr. Macca TyIH OXOTHHUYBETO
pyxbsa paBHa (9+1) r. Kakoe usMepenne aBiAercs
6osiee TOYHBIM?
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OOeRHM OTHOCHTENLEYIO MOTPENIHCCTE KAN0r0 H3ME-

peHMsa:
. 4
0.01°10° 400%~0,2%; 2) 1-100%=~ 11%.
5,98-10% 9
OtBer Macca Seman nsmepena TO4HEE,
¥npaxHeHuA

228

230

231

232

233

234

285

236

ORpYyravTs 9ACA0 A0 €SJUEAD W Haiirn aGCoNIOTHYIO M OTHOCH-
TeNLHYI0 NOFPEIIEQCTh OKPYTICHHA:
1) 3.,45; 2) 10,59; 3) 23,268; 4) 0,892

HaiiTit OTHOCHTENLHYI0 DOMPEIHOCTE NPHOAMMERN:
1) umcna % yncaom 0,33; 2) uncaa % qucaom 0,14.

Kartoo n3IMepeHNa TOUHEA.
1) a=(750+1) M man b=(1.25+0,01) m:
2) p=(10,6 £0,1) ¢ uam ¢ =(1,25+0,01) c?

OnHOBpeMERHO PA3IHYHLIME NMPHGOPAME M3MEPHIAK TEMIEPaTY-
Py Uapa M OOJAy4dau B nepsom cnyuae { =(104+1) °C, Bo BTO-
pom ¢t ={103,8 £0,1) °C, B rperwem i = (103,86 +0,01) °C. Oue-
HHETbH OTHOCHTEABEYH NMOTPEDIHOCTE KAXIOMD H3MCPEHHA.

JBoe yuamliixcs, BRITOJHAS NPaAKTHYecKylo pabory Ha HaMe-
perme IIMH OTPE3KOB, B peayasrTare Hoxaydwnn {203 1% 1) mm
H (120 +1) cm. Kakolt M3 yuanuxces BRIMOAHMA pAROTY KAYLCT-
BeHHee? :

1) IIpuGav:xeAHoP aHAYEeHHEe HUCAA ¥ pakHo ¢. OTHoCATEeABHAS
MOrPeInHOCTE STOTY Npubammenus pasHa 0,01, 1. e. 1%. Hafitu
afCcoMOTEY OOrpeuIHoCTs, ecnn a4 = 2,71,

2) lpubamaenHoe 3Hg9eHAE YMCAA ¥ PARHO b, UTHOCUTEABHAS
OOrpelrHOCTE 3TOro npubnwskenna pasma 0,001, r. e 0,1%.
Haitmi afconorHy norpeniHocTs, ecnu b = (0,398,

Macca Connma (220,1)-10% r, Macca gercxoro maua
(2,5+0,1)- 102 r. Kakoe uameperme Gonee TOURo:?

Buinoaraa naBopaTopryno pabory no ¢HanKe, CBAIAHHYIO
C onpageeArHeM Y,I[EJ'ILHO]‘».I TENNOSeMEOCTH ANIXMUWHUA, YUPHUK
noayuni 922 Dx/rr °C. Kakosa OTHOCHTeNbHAN HOTPELIHOCTH
TPHOIHKEHNUA, eCJIM 3A TOYHOE NPHMHATL TA0MHTHOS 3HAYEHHE
YIenAbROH TelloeMKOCTY, paBHoe 920 IIx/kr “C7

I[IpuGam:kenroe 3HaYeHHe Macchl OCTAHKHHCKOA TeJeBHIHOH-
HOH Haman (5,51 0,1)- 107 kr. Macca Tpakropa K-700 papHa
(1,1£0,1)- 101 kr. Kakce HaMepenne Gonee Toumnoe?
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I[TparTiyeckue HpHeMLI
HPHOJIWREHHABIX BBIYHUCIEHNH

§m _____ prosRe e

1. CtrasgapTHelii BUJ 4YHCJIA.
B anrebpe npuEATHE ciaeayomiue 0603HAYEHUA:

0_ a_ 1 2_ 1 _ 1
10°=1, 10 T 10 107 = 106"
3.1 _ 1 T |
= 108  1000° 777 = 10"’

rge n — HATYPaJbLHOE YHCIO.

C nomombio aTHX 0003HAYeHHH MOXKHO OAHY H TV e
NOJOKHTEJBHYIO HNEeCATHUYHYI0 Apobk TNpeAcTaBHTH
no-pazHomy. Hanpumep,

0,0023 = 0,023 - 116 =0,023-107";
= R . 10-2-
0,0023 = 0,23 - 125 = 0,23 - 10%

| R S . 103
0,0023 = 2,3 7000 2,3 -107°.

Ecnu ¢ — HaTypasbHOE YHCIO WIHM MMOJIOMKHTEeIbHAA
KOHeYHAas JecATHYHASA ApPo0b, TO NMpeACTABJIEHHE 3TO-
ro 4Mcja B BHJE )
c=a- 10% (1)
rae 1 < a<10, B — nenoe uncio, HA3LIBAIOT 3AIIHCHIO
qucia ¢ B cmandapmuom gude. Ilpu aToM umcio k Ha-

3BIBAIOT

62

nopadkom 4ucia c.

Hanpumep, mopsjok uncia 324 = 3,24 - 10° pasen 2;
nopsgox umcaa 0,0073 = 7,3 - 107 pamen -3; mopsa-
gok umena 6,8 = 6,8 - 10° pasen 0. Ilpu pemenun
MHOTHX TEOpPeTHYeCKHX M MPAaKTHYeCKHMX 3ajgayd (oco-
GeHHO NpH OlleHKe, CDABHEHHH Pe3yJIbTATOB BHIMHCIE-
HUN ¥ W3MEepeHHH) BaXKHO 3HATH MOPANOK HCIONb-
3yeMbIX HHCeJ.

2. BepHEle U COMHHTEeAbHBIEe INHU@DPELL

PesyneTaTel BHIYHCIEHWH W u3aMepeHHH (KoTOophie
ABAAITCH NPUOIHKEHHEIMHA 3HAYEHUAMHU) 0OBIYHO 3a-
MHACLIBAIOT B BHJE AeCATHYHLIX Apobeii.



aua 1

Hadpy Kaxoro-aubo paspaAia B JAOACH NpUOIHMEEH-
HOT'O 3HEUeHE A HAABIBAIOT éeprofl, eCNHE rpaduna abco-
.nmnoﬁ OOrpelIAOCTH He ODPpEBOCROANT CAHHHIBI TG~
ro paspans. B npoTubHOM caydge Bndpy HAZLIBAKOT
COMHUmMeRwHOIL.

Ecau rpaHuna aGConioTHOH IIOCPelIHOCTH HE IPeBOC-
XOWUT NMOAOBWHEBI EOVHMIEI DasdpAAa, CISAYIOMIEro 38
pazpafgoM paccMsTpuBaeMoil nudprr, To sty nudpy
B 3a0HCH OpHONHEKEHHOro 3HAYCHHA YHC/IA HAIBIBAIOT
cmpozo eepuolt. OTctoa cnefyer, wro ecnn Uudpa
B 3aNXCH YUCJA ABAAETCH CTPOrC BepHoll, TO OHa sB-
JISeTca U BepHOH.

Hanpumep, ecan x = 4,056 £0,0005, To ece nudpel
B 3aIMCH OpHGAHKeBHOTO 3HaTeRAHA 4,056 6yayT cTpo-
r'o BepHHMHE, TAK KAK rpagung aGcoTi0THOH HOrpellHo-
et {T. e, sucac 0,0005) re npeBocxoAUT DONOBHHBL
eIMHNIN NocNeaHero paspaga uucaa 4,056, r, e, ne
npesocxogut 0,001, Tak xax 0,0005 <0,001, To MoAHO
3aOHCATE, 9T0 X = 4,066+ 0,001. B 31o# sanucyH yne-
a0 0,001 — rpaEnna abconwTHEOR NOTpemMBEOCTYH, [IPH
STOM B TpwOawxeHEOM z2radeduy 4,056 ree nndpes
BepHELIE.

Iycts x = 5,43 £0,02. HaliTH BepHbie M COMHHMTENL-
Aple HHOPH OpubAHKeHHOro 3HadernA 5,43.

Tak xKak 0,02 > 0,01, rjge 0,01 — eAMHNIOE NOCAeLHe-
To paspaga opmGamieHdHoro suayeHus 5,43, To uud-
pa 3 comarTennHad. Ho yvxe 0,02 € 0,1 1 0,02 < 1,
mosToMy HHGPH 4 u 5 pepanie. <l

HNpudnvwkerHne 3HAYEHHS OPHHATO IEOACHIBATE Ta-
KHM oGpasoem, 4TOOR B nx 3anWcH Bece HNdpol OblaK
BepHLIMH. 3aMeTuM, 4To chopmynuporansos B §13
NPABHJ0 OKPYINEHHS UACe] JaeT 3aUHCh NPUOITHHeH-
HBIX 3HAYEHHNH, Bce OMODE KOTOPEIX CTPOTO Bep-
HHe. 3a0Ack BUJAA X = @ 7IocTe NPIMEeHeHAA NPABHA
OKPYIrJAenaZAaA TOBOPHT ¢ TOM, UTO B nmpubiu:keHHOM
AHAUSHNH 4 YUCAa X Bee N DL CTPOro BepHEIE (A 3HA-
YUT H NpocTo BepHEe), Hanpuwmep, sannce x = 5,6
osHadaer, ato x = 5,6 £ 0,05; sanucs x = 5,60 o3Ha-
yaer, 4ro x = 5,601 0,005; zanonees x ~ 560 osna-
gaer, uto x = 560+ 0,5. NpubaAnxeHAOe PABEHCTEO
x = 560 (r. e. x = 560+ 1) MoKHO 3a0MCATE B BUIE
x = 5,60 - 107, 9robet HOAYEPKHYTD, YTO HOCACIHAH
mudpa 0 B upruOAMMKEHHOM SHHHERNYA BepHan. BCIH ke
x = 560+ 10, vo repHELIMKE ABRAAIOTCA TOALKS UHbpPLL &
® 6, a nocaepaan ungpa { coMmEATenRHAA. [losToMy
B JAHHOM cIyTae npubinxendoe 3Hauenue 560 ganu-
CHIBAIOT B CTAHJAPTHOM BHJE TAK: X = 5,6 - 102,
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3. CroxeHHue U BbIUUTAHUE
npubIHMKEeHHBIX 3HAYEeHHH.

Teopema. 'paEune abcoIOTHEIX HOrpemIHOCTEH
CYMMEI ¥ DA3HOCTH IDHOINKEeHHBIX 3HAYEHMI DaBHEI
cyMMe rpaHuN, AGCOMIOTHBEIX MOTPEMIHOCTEH KaiAoro

U3 TpUOIHMKEeHUN .

3anaua 2

ITycrs
x=axh,y=bth,, (2)
rae by m h, — rpaHMIBl abCOMIOTHBIX NOrpelIHocTeit

uynucesa @ u b coorBercrBeHHo. 3amnucu (2) o3Hauaior,
UTO CHPABEIJIHBLI JIBOHHBIE HEPABEHCTBA:

—h,<x-a<h, -hy<y-b<h, (3)
CriajbiBasi 3T HEPABEHCTBA, NOJIyYaeM
—(h+h)<(x+y)—(a+b)< h +h,,

OTKYAA
x+y=(a+b)x(h +hy). (4)

3anucn (4) osmavaer, 4to h, + h, — rpasuma abco-
JIIOTHON TOrPeIiHOCTH CYMMbI NPHUOJIHIKEHHBIX 3HA-
YyeHUi.

JIisi OLeHKH Pa3HOCTH IPUGIMIMKEeHHBIX 3HAUEHHH BTO-
poe u3 HepaseHCTB (3) yMHOXHM Ha —1 ® CIOXKHUM
¢ MepBBIM W3 HEPaBeHCTB, T. €. CJI0XKHMM HepaBeHCTBA

~h,<x-a<h un -hy<b-y<h,.
B pesysnbprare mosjyuyMM HepaBeHCTBO
—(hy +hy) <(x-y)-(a-b) < (h, +h,),
OTKyZAa
x-y=(a-b)x(h +h,). (5)

Bamuck (5) osHauaer, 4ro h, + h, ABIAETCA TaKKe
rpaHuIei abcoMTHON MOrPeIIHOCTH W PASHOCTH IIPH-
GuinKeHHBIX 3HAYCHWI uucen a u b.

IIyers Bce nmudpsl B 3anucAX NPUONMIKEHHBIX 3Ha4e-
auit x =~ 25,3, y = 7,4 crporo BepHble. HaliTy x + y
M X — I ¢ TOYHOCTBIO JI0 BEPHBIX JAECATHYHLIX 3HAKOB.
ITo ycnosuw x = 25,3 £0,05, y = 7,4 +0,05. Ilo ¢op-
mysam (4) u (5) caoeHNnA U BLIMUTAHWA MPHOJIHIMKEH-
HBIX 3HAYEHHH MOJIy4Yaem

x+y=32"7+0,1 uw x-y=17,9+0,1.



Oreer

3amaua 3

OtBer

Bee nudpsl B NOJYYeHHBIX NPUOIHMKEHHBIX 3HAYEHH-
AX ABJAITCA BEPHBIMH, HO3TOMY MOMHO 3a0HCaAThb
TaK: x +y = 32,7, x — y = 17,9.

32,7; 17,9.

IIycte Bce nudphl OpPHONMKEHHBIX 3HAYEHUH
x= 25,3, y = 7,418 crporo Beprere. Halit x +y &
X — j C TOYHOCTHIO [0 BEePHEIX JEeCATHUHHIX 3HAKOR.
Ilo ycnoruio x = 25,3+0,05, y = 7,418 +0,0005. Ilo
tbopmynam (4) u (5) caoKeHNUA ¥ BEIYHTAHHA NPHAOIH-
JHEeHHLBIX SHE‘IQHHﬁ ]]D.TIY'-I&EM

x+y=32,718+0,0505, x-y=17,882+0,0505.

B nonyuyeHHBIX NPUOMMIKEHHEIX IHAUEHWAX CYMMEL
M PA3HOCTH JBA MOCIEIHHX NeCATHUYHEIX 3HAKa — CO-
MHHTeNnbHEIE HupEL. [locne okpyrieHus ¢ TOUHOCTHIO
JI0 BeDHBIX JECATHYHBIX 3HAKOB MMmeeMm x +y = 32,7,
x—y=17,9.

32,7; 17,9.

3aMeTHM, 4TO B 3ajade 3 npubInKeHHBIe 3HAYEHHA
CYMMEI H PA3HOCTH TaKHe jKe, KAK H B z3agaue 2,
XOTA TPHOJHIKEHHOEe 3HAYeHHE I B 3ajlaue 3 JaBalioch
¢ GoJspuIeil TOYHOCTEHIO.

TIpu HaXOXKAEHUU CYMMEI M PASHOCTH NMPHUOINIKEHHEIX
3HAYECHUN HOJB3YIOTCA CIeAYIOINUM npaBumaom 1:

IIpu crioxxeHHN U BBIYATAHHH NPUOJHKEeHHBIX 3HaYe-
HHUJM, B 3alIMCH KOTOPHIX BCe IU(IDHL BepHEIE, B CYMMe
H B Pas’HOCTH OCTABIAKT CTOJbKO HEeCATHUYHBIX 3HAa-
KOB, CKOJBKO HX HMeeT NpubiIuiKeHHOe 3HaUeHHe

C HAMMEHBIIMM YHCJIOM JeCATHYHBLIX 3HAKOB.

3amaua 4

Oreer

3 Amivos, 8 ki

3aMeTHM, YTO BO MHOIHX CJIYYAfAX IMOJIYUCHHEIE TAKHM
obpazoM JecATHYHBIE 3HAKM OYAYT HE TOJBEKO BepHEI-
MH, HO H CTPOTO BBthIMH.

Hatitn x + y, ecm x = 2,64 - 105, y = 7,37 - 10°.

YrobBl pPe3yALTAT CIOMKEHHUS INOJYYUTH B CTAaHAADT-
HOM BH/e, BEITIOJHHM Clefyiol[ue IpeobpasoBaHus:
108 _

x+y=2,64-10°+7,37-10°%= 2,64-10° + 7,37- o

= [2,64+7’1—:37) -10° = (2,64 + 0,737) - 106 =

=3,377 - 10° = 3,38 - 10°.
x+y=3,38-108
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4. YMHOMXeHYEe H AEJcHKE
OpHOANMEeHERNYX 3HAYEeHHN.

IIpy yMHOMEHHN H ZeJeEHH NpHUOANHeRHBEX 3Hade-
HHH NOAB3YIOTCA NOHATHEM sHAYALEeH nHp.
Snavaujury yudpari AA3LIBAIOTCA Bce BEPHBIE IHG-
Pbl B ZeCcATHYHON 3aMHCH NPUOIMMKEHHOT) 3HAYECHHA,
KpoMe Hyael, CTOAIIMX Nepej NepBod OTAHYHOH oOF
Byasa nudpoii.

Haunpumep, npubauxeHnze srauenns 0,00821; 120;
0,0760 mmeror nmo Tpu snavamuX oudipbl; a B 4Uc-
aax 36,23 m 206,30 Bce uudpLl AHAYAIHE,

Ecma MONoKUTebHEBE EJIEe YHCAA MAY KOHEeYHBIS
AecATHUHHE Opofn ¢ 3aMHCAHLI B CTAHAAPTHOM BHOE,
T.e.BERAe ¢ =2 * 10%, rge 1 < a < 10, To Bee nuQPLI
YHCAA 4 OYyAYT CHATOIEMIL.

Hanpumep, wucaa 8,03 - 10° u 2,70 - 10% umeror no
Tpd sHauamee CUhPH. C IOMOLIBI MOHATHA OTHOCH-
TeNLHCH MOrpemHocTy MOXMKHO O0OCHOBATHL O DA B H-
A0 2, KOTOPHM TCIALIVIOTCH B DIPAKTHIeCKOH paGore:

IIpn yMEoMernuy m ZefeHNH DpHOAEIKEHHLIX IHAYE-
EHH B MPoH3BeAeHEAH H YACTHOM OCTABJAIT CTONBKO
oudp (He cuyuTaa HyNei, CTOAMMX Iepen NepBoi oT-
AugEoll oT AyaAd uudpoil), CKOABKO 3HAYAIUX uadp
HNMeeT NPAOTHKERAC: SHAYCHEE ¢ MEHBIIHM YMC/IOM

SHAYAUNIHX nHOp.

3amaua 5

PyxoBOACTBYACE 5THM NPABAAOM, B Pe3yALTATE YMHO-
#HeHUA BIH AeJleHUd TpHOIHKeEHLIX IRAYeHni Hoay-
4al0T BCE BEPHLIE OH{PbI {BO3MOXKHO, 38 HCHAKYSHH-
eM mocaegHeii).

Ilpn BRINOJHEHHH YMHOKEHWA UIHA NeAeHHA ABYYX
npaGAHMeHHN pAasyMHO OKDYTAHTE NpabinxeHBOe
SHaueRHe ¢ DOJIBIIMM UMCIOM IHAMAINUX Uudp, OCTa-
EHB B HEM Hi OJHY 3HAYAHTYE HHGDyY HoabIne, JeM HX
HMEETCH B HPHGJIH}KBH'HOM 3HAYEHHEH C MEHBITHAM 4YHC-
JOM SHAUATOHEX IMGD.

Haitry xy, ecnn x = 0,69, y = 2,38567.

OxpyrJINE BTOPOH MHQMHTENE B0 TPeX JHAYAMWX
uudgp, oonyuum 2,3857 = 2,39, HaiizeM npomnasefe-
HHE Xy M Pe3yAbTAT OKPYIIHM [0 JIBYX 3IHAYANIMX
ougp: xy = 0,69 - 2,39 =1,6491 ~ 1,6.

xy = 1,6.



dapaga 6 Haitta x : y, ecom x = 3,20 - 10%, a y = 6,17865 - 102,

OKpYIOUB JRIKTENE 0 YeTHPEX IHAYANHX nadp, 0o-
ayuuM 6,17865 - 10° =~ 6,179 - 10%, Haiiaem gacTHOe
X ! Y ¥ peayALTAT OKPYrauM A0 Tpex jHadalnux nudgp:
x:y=3,20- 10° : (6,179 * 10%) =
=(3,20: 6,179) - (10" : 10%) ~ 0,51788 - 10% =~

= 5,18 - 104
Orser x:y =518 - 10%
¥npamaeHHN
237 (Yoruo) OnpefeduTh NDUPAAUK 4MCHH, BEIDAMKAKIIEIO JHAMEHUAE

239

240

241

(UIHMUECKON KOHCTARTEL!
1) maeca nokos snexTpona m, = 9,1093897 - 10731 wp;

2) mocroanHas Aporaapo N, = 6,0221367 - 1023 —l—;
MOJL

3) nocrosHuaa [namka k = 6,6260755 - 10> Ox - c.

SanucaTh B CTAHAAPTHOM BHAE M OIIpefeIUTE OOpAROK THCIA k,
BHpamalero GuandecKkyo KOHCTaAHTY:
1) orHoulieHRHe MACCH HNPOTOHA K MAvce BJIEKTDOHA

m)’

—~ =1836,152701;

m,

2) oocroaHHad Papagea F = 96485,309 K :

MOAB

1.

3) nocroaunas Jlommuara ny= 2686763 - 103 3
M

4) nkraccHuecKHit pafAyc saekTpoHa r, = 281794092 - 107 M.

C moMoumbio 3anHcH BUAA X = 4 + h RAfiTH BepHEIe U COMHEATENE-
Hele UMD NPHONMKEHHOro 3HAYEHHA &, ECAH:

1) x= 2,85+ 0,03; 2) x=6,07+0,02;

3) x=1302,48 + 0,01; 1) x = 29,35 + 0,01;

5) x=172,6192 + 0,0005; 6) x = 501,363 = 0,0005;

7) ==4,3401 £ 0,00005; 8) x =2,8213 £ 0,00005.

¥Yenopue BpAa x = @ (B 3alECH @ Bee IUQ)PBl EePHEIE), BAITHACATE
B BHAe * =4 t I, ecau:

1) x= 3,8; 2y x= 2,77 3)x=25,90 4) x = 4,3204;
5) x=2700; 6)x=~350; 7)zx=5,3 10% 8) x=2,4 10%
B zanucH npUOAMIKEHHLIX 3HAYEHWHA uMceN ¥ M I Bee nudpu

ABAROTCA CTPOro pepHHMH. Haltm x + y ¥ X — y ¢ ToTHOCTEIO
A0 BEDHEIX AECATHYRRIX IRAKOR, eCIM:

1} x= 2,8, y = 3,5; 2y x=79, y=34
3) x= 56,31, y = 17,29; 4) x = 39,28, y = 26,47;
5) x= 7,25, y ~ 2,% 6) x =~ 5,64, y ~ 3,8.
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242

244

245

C nomornpio npasuaa 1 HaiiTa nOpubiuKeHHBIE 3HAYEHUA X + Y

M X -y, ecuu:
1) x= 3,3, y= 2,28; 2) x=~5,29, y = 1,6;
3) x = 5,047, y = 3,1; 4) x = 8,8, y = 6,349.

C momomeio mpaBuja 2 HaiTH NpUOIHIKEHHBEIE 3HAYEHUA X * Y
U XY, echOu:

1) x=2,35, y=1,2; 2) x = 3,48, y = 1,3;
3) x = 1234, y = 5,1; 4) x = 2,7, y = 3021.
Haiitu opubiuKeHHbEIe 3HAYeHUA X + J H X — I, €CJIH:

1) x=3,2-10% y = 2,345 - 10%;
2) x = 7,407 - 10% y = 3,4 - 10%
3) x=2,0-10% y = 1,62 - 10%
4) x =~ 4,10 - 10%, y = 1,236 - 10%

5) x =10
6) x =12
Haiitu np:

7,y = 2,8;
1, y = 56,3.

uOnMKeHHBIE 3HAUeHHA X - ynx:ily, eciau:

1) x = 0,35, y = 25,01;

2) x = 0,021, y = 32,54;

3) x=1,6-10° y ~ 1,402 - 10%

4) x =~ 2,1-10% y = 1,325 - 10%

5) x=2,30-1072, y=1,123 - 10°%
6) x=1,820- 10", y = 1,0362 - 107",

IIpocreiinmine BEIYMCICHMSE
Ha MHKPORaJABRYJIATOpE

§Eﬂ ..... e L

68

Murporaavkyaamop (cokpamenso MK) — aro mpo-
cTedluas 9JIeKTPOHHO-BLIYMCIUTENEHAs MamuHa (3BM)
HeDOJBIINX pa3MepoB, NpejHa3HadyeHHAdA JJA BbI-
NOJIHeHHA Pa3JIHYHBIX MATEMATHYECKHX OIepAaI{Hii:
apudMeTHYECKHX NeHCTBUN HAJ[ YHCIaAMH, HaX0MXJe-
HUHA CTENEeHeH 4Yucel, BRIYUCACHMA 3HAYEHUH pasind-
HbIX (yHEOUE u T. 4. MAKpOKANEKYAATOPAMH YacTo
TMOJIB3YIOTCA HHIXKEeHePbl, TeXHUKH, SKOHOMHCTHI, DyX-
ranatTepel M Apyrue CHelHaJNCThl B CBOEH NHOBCEJHEB-
Ho# paboTe.

Ha pucysnxe 27 usobpaskeHa nepejiHas NaHelb MHKDPO-
raneKyasaTopa «Jmextpornka MK-51». B ee Bepxueit



YACTH PacloJioieH MHAHKaTOp (Tad-
JI0), B HHUKHeH — KJjaBuarypa, B JeBOM
BeDXHEM VrAY KJIaBHATYPBI — Iepe-
Kimouarens nutadsusa. Ha rabro ume-
eTcA paspAjHAas CeTKa U3 JeBATH IIo-
3MIMH gasa wusobpaykeHHA dYHcel.
Iloxoxue maHenH MMET MHOTHe HH-
JKeHEepHBbIE MUKPOKAJIbKYAATOPSI.
IIpu erawuenun MK-51 BricBeunea-
oTcA: Ha TaGuao uucio 0, ciaeBa B BepX-
He# uwacTH Tabjg0 TOYKA — CHMBOJI
FOZHOCTH dJIeMEHTA NMUTAHUA, B cepe-
IuHe — 6yksa «I'», moxkaasiBaromias,
YTO B 3TOM pexuMe paboTbl MHUKDO-
KaJbKYJIATOPA BbIMHCIEHUA C BeIHYH-
HAMH YIJIOB BEINIOJHSAIOTCA B IPagyc-
HO# Mepe.

Hanee OyAyT NpojeMOHCTPHPOBAHBI
npueMbl BEIYHCIEHUIl ¢ TIOMOULIBIO
MEK-51. Pa6ora na MK apyrux moje-
nefi mpoucxoAuT anamornyHo. Ogma-
KO, MCNOJIL3y#A ApYryio mojaene MK,
Heo0X0JHMO MO3HAKOMHTBCA C HHCT-
pyknueil no pabore ¢ 3TOH MOIEIBIO

Pue. 27

(mocnefoBATEALHOCTH HAMKATHA KJIABHINU JJA JOCTHXXEHHA OILHOIO
M TOrO Ke peaysbTaTa y pasHeIlXx Mojfeneit MK moryr O0wiTe pasmmd-

HBIMH).
1. BBong uuncemn.
3apmaua 1 Beecrn uncno 73,1932.
P IlocnenoBaTelLHO HAaKUMaeM KJIABHILK
(7] (=] [0 (3] [o]- (3] [2]:
Ha rtabno noseagercs uucio 73.1932 — Ha KnaBma-
Type 1 Tabno MK-51 pecATHuHada sanaras usobpaxka-
ercs1 Toukoi. <l
Ilna BBeJeHWsA OTPHIATENLHOTO UHCJIa NPHMeHAETCH
KJABHMIIA U3MEHEHMS 3HAKA YHMCJA . 9Ta KIaBU-
1114 HAXXMMAaeTcHA mOocJe BBeJfeHMA BCceX HU@p uucja.
3apmaga 2 Beectn umcao —0,02301.

>

Beegem uuceno 0,02301 4 3aTeM HaxKMeM KIaBHILY

. Ha tabmo BeicBerurca umcao —0,02301. Ilo-
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BTOPHOE Ha)kaTHe KJIaBHIIH M3MEHHUT 3HAK 4YHC-
Jla Ha NPOTHBOMOJIOMHEIM, T, €. CHOBA MOJYYHTCH YHC-
ao 0,02301.

2. BeinonHeEne apu(PMeTHYECKHX
NeHCTBHH.

Yrobbl BLITONMHUTH apHGMETHYECKYI0 ONEpAIHIO HaT
yucaaMu a u b, HyKHO:

1) BBecTH uHCIO a;

2) HaxaTb KIaBHImYy Tpebyemoil onepamuu;

3) BBecTH uHcaO b;

4) HaXKaTh KJIABHUIITY IEI

ITocne atoro Ha TaGi0 BHICBETHTCH PE3YJIbTAT.

Hanpumep, yMHOMeHWEe IPOUSBOAUTCS 110 MpOTpPaMMe

abEI.

ITpu a = 4,32, b =9,5 noxyuaeM caeAyrOUy0 Iporpam-
MY BEIYMCJIEHHI!

(LB I EE

Oreer 41,04.

Pemenue mogo6HBIX NIPUMEDPOB KPATKO Gy[eM 3aNMcChl-

BATh TakK:
4,32 x |9,5[ = 41,04.

B Takoii KpaTKOH 3anHCH He NPHBOAMTCH MpOrpaMmMa
BBOJIA JAHHBIX YHCeJ, a NoABUBmIHicA Ha Tabno pe-
3YJILTAT BEIYHCJEHWII 3a0MCBIBAETCH CIIPABA B ITOAYED-
KHBaeTCH.

3amaua 3 Haiitn cymmy 25,147 + 3,22.

25,147 [ + | 3,22 E] 28,367.

3anaua 4 HaiiTu pasnocts 198,023 — 74,986.

198,023 E] 74,986 E| 123,037.

. 3anava 5 Breraucaute —25637 — 49801.

25637 B 49801 E ~75438.
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3agauya 6 Haiitin nmpouseenenue 37,506 -47.
b 37,56 [ x |47 E 1765,32. <
3amaua 7 Haiitu vactaoe 4319,4:93,9.
> 4319,4[ + |93,9[=]46. <
3amaua 8 Haiitu npouassegenue 25,4395-4,353.
> 25,4395 x | 4,353 E 110,73814. <i
IMosiBuBmIKiicsa Ha TaGiao pPes3yabTAT BLHIYHCJIEHHH AB-
JserTca NpUOAHKEHHBIM 3HAYeHUEeM NPOW3Be/leHHA.
Tounrrii oreer 110,7381435 cogepxur 10 mudp, a Ha
Ta6s0 GOJBIIMHCTBA MHKPOKaJbKYJATOPOB MOMeEIla-
ercsa He Gonee BocsMH nudp. B arom cnyuae murpo-
KalbKyJATOP aBTOMAaTHYeCKH OCYIIECTBIHAET OKpYyTJe-
HHe X0 BOChbMH Uudp.
IIpu pelneHMH NpaKTHYECKHX 3aJla4y, KAk NPABHIO,
JOCTATOYHO NOJYYUTH 3—4 nepsble sHadalpe OHQ-
pul. IloaToMy peayabTAT BLIUYMCIEHHUNA OOBIYHO OKDYI-
JAAKT ¢ TpebyeMoil TOYHOCTHIO.
dagaga 9 Haitti yactaoe 25:13 ¢ TourocTsio g0 0,01.
b 25 E 13 E’ 1,9230769. Oxpyrasis xo 0,01, moxy-
qaem 1,92, <
3agaga 10 HaiiTn npoussenenune ab, ecow a =~ 35,28, b= 7,31.
» C nomompio MK nHaxoaum 35,28 - 7,31 = 257,8968.
Cornacso npasuiay 2 (cm. § 15) pesyaeraT okpyriasem
0 Tpex sHavammx nudp, nonyuum ab = 258.
OtBer ab = 258. <]
Ecau Ha MK nonsiTaThCA BbINOJHHUTL HEBO3MOKHYIO
omepainHio, HAIpHMeEp AeJieHHWe Ha HYJb, TO Ha Tabilo
BeicBeTuTCH OyKBa «E» (nmepsas OyKBa aHTIHHCKOro
cyoBa error — omubka) aubo error.
Ynpamaeaus
BpecTH B MUKPOKAJNBKYJAATOP 4HCO (246—248).
246 1) 326; 2) 108; 3) 5601; 4) 7060.
247 1) 32,4; 2) 8,45; 3) 0,104; 4) 0,2903.
248 1) -834; 2) -725; 3) —-1,032; 4) —5,409.
249 Haiitn cymmy:
1) 32,405+ 1,024; 2) 38,104 + 21,98;
3) 3,74809 + 2,34705; 4) 981,504 + 3021,457.
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250

251

252

253

264

HaiiTu pazsocTs:
1) 73,564-21,012;
3) 421,53-627,3;

Briuucnurs:
1) -9843 - 7025;
3) 35,287 - 563,14;

Haiitu npoussenesue:;
1) 341,7-13,4;
3) 3,795-78,6;

HaiiTin yacTHOe:
1) 8748:27;
3) 13,3974:8,27;

1. JAHHYKO ®HI'YPY PA3PE3ATH HA JBE
PABHBIE YACTH.

2, AAHHYIO ®HI'YPY PA3PE3ATHh HA TPH
PABHBIE TACTH.

3. JAHHYK) ®HI'YPY PA3PE3ATH HA YETBIPE
PABHBIE TACTH.

2) 81,032 -59,807;
4) 2,5894-13,1037.

2) -10134-543210;

2) 74,53- 14,2;
4) 86,5-6,302.

2) 22 506:31;
4) 31,284:6,32.

Haiity npouseefeHHe ¢ TouHOCTRHIO g0 0,01:

1) 4,31-28,37;
3) 507,63 4,2102;
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2) 56,78-2,3404;
4) 2,3171-508,13.



255

256

257

258

259

260

HaiiTi yactHoe ¢ TouHocThio xo 0,001:
1) 341:23,5; 2) 724:51,7; 3) 6,135:2,3; 4) 14,38:5,5.

[noreocts pryru 13,6 r/cm®. Kakosa macca pTyTH, 3alOJHHB-
et cocyn obmemom 11,3 em®?

Haiit 06BeM cocyga, 3an0JIHEHHOTO YIJIEeKHCIBIM ra3zoM Maccoi
9,35 Kr, ecJIA TJIOTHOCTH YIVIEKHCJIOTO rasa pasHa 1,98 xr/m°.

PasmMepsl 3arOTORKH NPAMOYTOJLHOIO ceYeHus pPaBHH 35,15 MM
1 40,23 mm. HaiiTd naomajk ceyeHmsA 3aroToBKH. OKpPYyIriauThb
pesymsrar 0 0,01 mMm2,

¥YnpoctuTh BbIpajkeHue W HANTHM €ro YHCIOBOE 3HAYEHHE C TOY-
Hocteio go 0,01:

1) n-(1+n?):(n-1) upu n =-0,37;

2) E——"—-)'Enpﬂr;:—l.ﬁtﬂ.
3 3+n n

Haiitu ¢ rounocreo go 0,1 sHauenms QyHRnuu y="7,3x npu
x*r=-2,1; 0,8; 1,7; 2,5.

: JleHCTBHA ¢ YHCJIAMH,
! 3aNMCAaHHBIMH B CTAHJIAPTHOM BHIE

Muorue meKeHepHble MK mo3BosdioT onmepupoBaTh
C YHCJIAMH, 3aMHCAHHEIMHA B AeCATHYHOH (opmMe, eciiu
3TH 4YHCJa M Pe3yJbTAThHI OmMepalnuii He NpPeBhIIIAIT
99999999. IInsa Toro 4ToGE MOKHO OBLIO BBIDOJHATH
JeicTBHA ¢ GOJBIIMMY YHCIAMM, UCIONBIVIOT 3aIMCH
YyHceJ B CTAHAAPTHOM BHJE.

B HHCTPpYKOHAX MO KCILUIyaTaAUH MHKDPOKAJLKYJIA-
TOPOB NMPHW 3alHUCH YHCIa B CTAHAApPTHOM Buae a - 10"
(rae 1 < a < 10) yMcn0 @ Ha3KBAKNT MAHMUCCOU,
a n — nopadKoM Yucia.

Hanpumep:

1) 275=2,75-102; smecr 2,75 — maHTHcca uMciIa
275, a 2 — ero nopAaoOK;

2) -2753=-2,753-10%; smecs —2,753 — manTHCCA
uympena —2753, a 3 — ero DopsAOK.
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3amaua 1

74

3) 0,27=2.7-%=2.7-10—1; ameck 2,7 — MamTHCCA
uncnaa 0,27; -1 — ero mopsanok;
4) -0,0275=-2,75- ﬁ =-2,75-1072; anecs —2,75 —

maHTHCcca ymncaa —0,0275; —2 — ero nopsgok;
. 10-2 = 1
5) 3,81-10°=3,81 1060 0,00381.

[Toraxxem Ha mpuMepax, kak Ha Tabmo MK-51 uzobpa-
sKaeTcd CTAHZAPTHHIM BMJ 9HUCJAa.
1) Yucno -8,31-107 usobparkaerca Tax:

= 8. 3 1 = 0 7
MaHTHCCa nopAacK
YHCTa wHCaa

2) Yucno 5,3894- 10%! uzobpaxaeres Tak:

5. 3| 8 9 4 2 1
. , —_—
MAHTHCCA NOPANOK
uMesa yuesaa

ObpaTruTe BHHMaHMWe: NpPH H300paykeHuu Ha Tabio
4yucaa B CTAHZAPTHOM BHAE TPeThs clipaBa AvYedKa
NpeJHA3ZHAYEHA JJiA 3HAKA THOPAJKA YHCa, TPUYeM
3HAK «+», KaKk ¥ B OOBIYHOI 3alMcH OoKasaTens
cremeHu, He mamerca (mpumep 2).

CranmapTHbIif BHJ uMca Ha Tabjio pacnosHaeTcd cle-
AyioIIEM obpasoM: ecin TPeThA clpaBa sA4deiika aubo
nycras, Jubo B Hell 3amuWcaH 3HAK «—», a4 CJeBa OT
9TOif AYeHKH 3aMHCaHO HEKOTOPOe YHCJIO d, TAKOe, YTO
1 <a <10, To za Tabno nuzobparkeHo YUCJIO B CTAHAAPT-
HOM BHJE.

I[ocMoTpuTe, KaKk ¢ MOMOU[bI0 KJIABWIIH (BBOI

nopsaaka) seogarca 8 MK umcna, sanucaHHbIe B CTaH-
JIapTHOM BHJE.

Beectn uncio 4,935-10%.

IIporpamma BBOZA TAKOBa:

4,935 23.

Ha ra6no mosayuaercs

.19 | 3 | 5 213




3amaga 2

Beectn uucao -2,59-107%

P TIporpamma BBOJA TAKOBA:

2,59 77| [30]3 1)

Ha rabno nmoayuaercsa

-2 |89 |-]10]3 |«

Taxum obpasom, ans BBefenuss B MK uucna, sanu-
CAHHOTO B CTAHAADTHOM BHE, HYMKHO:
1) BBECTH MaHTHCCY YHCJIA;

2) Ha)kaTh KJABHIIY BBOJA NMOPAJKA YHCIA ;
3) BBeCTH NOPAAOK YMCIA.

3anaua 3

3angaua 4

3amaua 5

IIpu aTom asa uaobpakeHHOro uuciaa Ha tabmo MK-51
IepBhIe CJEBa MIECTh AUeeK OTBOAATCA NS MAHTHCCH
ypcyaa, a mocjaejHue Tpu — a8 ero nopanxa. Iloato-
My HHCJIO, 3alMCAHHOE B CTAHZAPTHOM BHJAE, MOMKHO
peectd B MK Tonbko Torma, Korja ero MaHTHCCA CO-
nep:kUT He Oojee mecTH NMAQPP, €CJAU OHA IMOJOMKH-
TenbHA, ¥ He Gosee nATH uudp, €cau OHA OTPHIIATEb-
HA; ero NOpAJoK coaep»cuT He Oonee JByX IH(P.
Taxum obpasom, MK MosKeT BBINOJHATH BHIYUCICHUA
¢ umcenamMu or —9,9999: 109 xo 9,99999 - 10%. Ipu
9TOM AeHCTBHA HAJ| YHCJIAMM, 3AIMCAHHEIMH B CTaH-
LapTHOM BHJE, BBINIOJHATCA TAK e, KAK U HaJ YHC-
JaMM, 3allMCAHHBIMHM B OOBIYHOM BHJE.

HaiiTu npoussegenue 3,56 10 - 5,8-107.

3,56 14[x |5,8 7 E|2,0643 1022, <

Haiitu npouseegenune 0,024-0,032.

0,024 [ x | 0,032 |E| 7,68-10~. <

Beerga, kak ¥ B 2TOM 3ajjavye, €cJiM B IPOMEKYTOYHOM
HJIH 0OKOHYaATEeJILHOM pea3yJibTaTe BEIYMCIeHHI moayda-
eTcsa 4YMCJo, MOAYJAb Koroporo medbpiie 0,01, to aro
uncno nosgeasgercs va rabnro MK B cramgapraom Buje.

Haiitu uactaoe (7,83 109):(3,4-10'2).

7,83 |BII| 9 |E| 3.4 12 82,30294- 103 =

~2,8-103. <
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I[Ipu pewenmm 3T0# z3azaun MK aBTomaTHdecku
OKPYTIJINJ MAaHTHCCY Pe3yJbTATA, COXPAHMB e€e IepBhIe
mecTh ODudp. 3arem ObLI0 NpPOU3BeJeHO OKPYTJIeHHEe
pesyJibTaTa A0 ABYX 3HaYalMX nu@p.

3amaua 6 HaiiTu cymmy 89000 + 7,35- 108,

» 89000/ + | 7,35 [BI1| 8 E] 7,35089 - 10%. <

3anaua 7 Haiitu passocts 1,2 -10% - 98300000.

> 1,2 8 E] 98300000 E 21700000. <!

3anaua 8 Haiitu yacrroe (3,4+10%):(1,7-108).

261

262

263

264

» 3,4[B|9[+]1,7[BO]8[=]20. <

PaccMoTpenssle IpuMepsl NOKA3BIBAKOT, YTO IPH BbI-
nonmHeHUH BoruucaeHuit Ha MK-51 osnn u3 gaHHBIX
YyHCcel MOXHO BBOJHUTL B 0OBIYHOM BHUJE, a APYrHe —
B craHgapTHOM. PeadynbpTaT BhHIMHCIEHMN MO3eT ObITH
KaK TOYHBIM, TAK M NPHOJMIKEHHBIM, M HOABJIATHCH
Ha Tabyo KaK B OOBIYHOM, TAK M B CTAHJAADTHOM BHJIE.

YupaxueHus

SamucaTh B CTAHJAPTHOM BH/e YHCJO, BhIpakawliee:
1) maccy aToma KHcIopoja

0,00000000000000000000002662 r;
22 myna

2) TONMHY NJeHKH MBLIBHOTO my3bips 0,00000006 cm;

3) emMHMIY IJAMHBI aHrCcTpeM (IPHMEHAETCA B MOJEKYJIAPHOMN
¢usukxe) 0,0000001 cm;
4) auameTrp moJsiekyasl Bogsl 0,00000003 cm.

3anucars YHCJIO B CTAHJAPTHOM BMJe, HA3BATh €r0 3HAK, MAaH-
THCCY, 3HAK NMOpPAJAKaA H NOpPARoK (262—263).

1) 35,801; 2) 430,24; 3) 5,2004; 4) 3602,1;

5) 0,48352; 6) 0,068345; 7) 2843154; 8) 12345678.
1) -0,35; 2) -0,453; 3) -23,4578;

4) —450,102; 5) —87 654 321; 6) —3,54001;

T) —6814,1234; 8) —12 345,678.

Beectn B MK 4ucio:

1) 3,58-108; 2) 7,01-10°%;

3) —5,874-1071% 4) -6,854-10°%,
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265

267

268

269

270

271

272

Beiuucnuts (peayinbTaT 3alucaTh B OOBIYHOM BHAE):
1) 1,6524: 3,24; 2) 151,34 :658;
3) 11,3336 :248; 4) 0,8211 :357.

Haiiti wacrHoe ¢ ToyHocThio go 0,001:
1) 39:286; 2) 87:124; 3) 1,7:58,3; 4) 1,9:38,7.
Brruneaurs sa MK (267—270).

1) 98 765432 + 12 345678; 2) -87654 321 - 56 789 012;
3) 6,324-107%+ 8,123 10°2; 4) 5,729-10* - 3,456 - 107,
1) 98,765+ 5,43+ 10%; 2) 8,456- 10 + 5678;

3) 85006 401 + 3,84 108; 4) 98764 530 + 4,56 - 105.

1) 12340 000 - 87 600 000; 2) 90 080 000 - 20 300 000;
3) 1,58+10°9 - 65; 4) 843-3,47-1072,

1) (6,58-102%):(3,29 - 10%); 2) (7,41-10%1):(2,47-10'5);
3) (4,57-10%1):(3,12-10%%); 4) (8,31-10%3):(4,2-10°7).

HaiiTi ¢ TousocTtsio go 0,0001 r maccy rasa nJoOTHOCTH p, 3aHH-
mawouyio obsem V, ecau:
1) p=1,98-10"% r/em?®, V =0,725 cm® (yraexmensiii ras);
2) p=1,29-10"* r/cm®, V=1125 cm® (Bosgyx npu 0 °C);
3) p=1,43-10"% r/cm®, V =355 cm® (kucnopon);
4) p=9-10"" r/cm®, V =789 cm? (Bogopon).
YOpocTHTh BBIpa)<eHHe W HAHTH ero YHMCJI0BOe SHAYEHHE C TOY-
"oersio go 0,1:
[ 1 .. a a-9
(a+3)7 a*-9 a’-9

](a -3) npu a =6,47-1073;

2) (:::4,2)(""6 _ 1 (e+2y

T4 7 a ]upna=—2,89'10‘2.
a’-4 a*- a

ILIMMCTAeHNUA HA MHRKPDORKAJIBKYIATOPDE
CTeneH i W yucna, ﬂﬁ[!él'l'lllll'll JAAHHOMY

§m ..... ML

Insa Bel4ucieHns creneHu y* Ha MK Hy:HO BBecTH
YKENO Y, HAMKATH KIIABWIIY @ BBECTH YMCIO X U

HAMKATh KJABHILY E] .
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3amaua 2

3amaua 3
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Brruuenuts: 1) (2,57)% 2) (386)'%; 3) (2,5 10)8.

1) 2,57 3=16,974593;

2) 386 |y~ |15 =6,2923- 10%:

3) 2,5 4 @ 8 =1,52587 - 10%.

B 9-m knacce Bel y3HaeTe, 9TO BEIpa:keHue y* HMeeT
CMEICT AJNA JMIOOBIX 3HaAYeHU# x Toabko npu y > 0. Ilo-
aromy MK He Moker BBIYHCIHTH 3HAa4YeHHEe Y, €CIH
y < 0. Hanpuwmep, ecsin Ha MK-51 mabpaTh nporpamMmy
JNsA BbIYHMCIeHHA crenenn (—2)%, To Ha Tabs0 moABHT-
cfA curHan omubkn — O6ykBa «E».

24=E.

Teneps MOCMOTPHUTE, KAK C IIOMOIIBI KJABUIITH
Ha MK sBriumcasiercs umciao, ofpaTHoe NaHHOMY.

= ._.]'_‘ L' i
Briuucenuts: 1) —; 2) £ 3) 3 ¢ TOYHOCTBIO 10
- __._1_
0,001; 4) T ¢ TourocTsio mo 0,1.

1) 50 0,02;
2) 625 1,6-10-3;

3) 27 0,037037 =~ 0,037:

4) 0,13 ~17,6923076 ~ ~7,1.

TBK KaK IIocJjie HaMaTHA KIABHIIH Ha TaGJIO
cpasy mosiBAAETCH 4YHNCJI0, obpaTHoe manHOoMYy (6es Ha-
JKATHA KIAaBHITH IEI ), TO C 3THM YHMCJIOM MOYKHO BEI-

MOJIHATE B ApYyrue Olepaun.

1 1 1 1
: 1) = ;2 21— 3 L=
Brorupeauts: 1) % +0,58; 2) 0, i5 3) 17 o1

1
4 .
) (0,34)2

1) 14 0,58 E 0,6514285;
2) 0,21 B 15 E -0,4566666;




3) 17 21 El 0,1064425;
4) 0,34 2 E| 8,650519.

Brruncienne 3HAYEHUI BHIPAMKEHNA X2 MOMKHO BEITIOJ-
HATH C NOMOIIBI KJaBHIL u H (B HEKOTOPEIX
mopensax MK ue TpeGyercs nepen xknasuimeit Ha-
JKHMATE KJABHINY NEPeXo/a pexuma )

3amaua 4 Beruneants: 1) (3,78)%; 2) (1,58)2 + 1

273

274

275

276

277

278

279

280

0,57

1) 3,78 E] 14,2884;
2) 1,58 F | 0,57 [ =] 4,2507859.

YnpaxKHeHHA

Sanucare nokazanus tabno MK nocae BhimosHeHHs JeficTBHE
(273—276).

1) (17,2)% 2) (23,4)% 3) 453%
4) 159% 5) (0,78)% 6) (0,0141)2,

1, 1, _ 1, _ 1,

1. 1, 1 1

) " 3,78’ 6} 8,12’ i) 0,013’ = 0,081°
1) 123 2) 213; 3) (1,48)%; 4) (3,71)%
5) (0,027)" 6) (0,082)°; T —L ., g L |
) (0,027) ) (0,082) ) o5 ) any
1) L+0,281; 2)037--L; 3 L4l

36 ’ 16’ 71 63’

1 .1 . 1.1, 11
) 0,17 0,23’ 5) 3,4 6,3’ 6) 0,28 0,43°

Hajitu nuomage KBaApaTHOrO y4acTKa 3€MJIH, €CJAH JIHHA ero
cTopoHE! paBHa 1915 m.
BelyHCIHTE:
1) (3,2-107)%;  2) (9,23-1077)3.
YupocTuTh BhIpajkeHue W HANTH €ro YMCJI0BOE 3HAYEHHE C TOY-
Hocerhio Jjo 0,01:
94%-16 2-6a+9
1) a _. 2 nipu a = 0,0478;
(3a+4)a-3)" 3a®-4a*
40 -2b+1 8b+1
(2b+1)6® 4b3+4b%+ b

Hana dysxnua y=x*. Haiitn ¢ Tounocteio o 0,01 3mauenms
dyexoue npu x =-1,11; -3,111; 1,21; 2,31.

npu b =0,1385.
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110(.‘.'11.‘,.{()IBII'I‘(‘.‘JII,II()(‘ BRINMOJHEeHHE
onepaunit Ha MUKPOKAJBRYJIATOpE

3apmaga 1

OtBer

3amaua 2

3agauga 3

BEIYMCAUTE BHICOTY, HA KOTODPYIO NOAHHMAETCHA Ka-
MeHb, OpOIIEHHEIH BEPTHKAJBHO BBEPX CO CKOpPO-

2
CTHIO U, MCHOJNL3YA (opmyny h= ;—g rge v=25wm/c,

g2~9,8 m/c
BeI4MC/IeHMS MOYKHO TPOBECTH IO MPOrpaMMe

25 x |25« |2[+]9,8 E| 31,887755.

h=32 M.
OTMeTHM, YTO NIPH HAKATHH OYePeZHOH KJIaBHIIH
onepanuy Ha TabJ0 BHICBEYMBAETCS Pe3YJBTAT BCEX
OpeNEIAYINUX BhIYHMCIEHMH.
OnpefenuTs CONMPOTUBIECHUE YUACTKA BINEKTPHYECKOH
Leny, COCTOALNE M3 ABYX IIOCHEJOBATEJBHO COeLH-
HEeHHBIX CONPOTHUBJIEHHMN, €CaAM BeJMYMHA MEePBOTO H3
Hux R, = 5,15 0M, a HA BTOPOM NajieHue HANPAXKEHHA
U = 12,5 B npoucxogur npu cuie Toxa I = 2,1 A,
Conporusienue R Ha JAaHHOM y4YacTKe IENM MOXKHO
Ha#TH no (opmyne

R= % +R,.

Tonyuaem 12,5 [ + | 2,1[ + 5,15 E 11,102381.
R=11 Om.

0,15

8,375-26,3
BpluMcIHTL 3HaUYeHHE BBIPDAMKEHHHA T

¢ TourocThio go 0,01,

8,375 El 26,3 + | 507 B 0,15 E 0,2844428.

0,28.

Brraucauts 1632 + 1222 - 1792,

163 F |[2*][ +]122[ F|[*][ - | 179 [ F][#]

[=]oqr2.
9412,
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3apmaga 5 Beraucauts —

Otgetr 0,0472.

1 1,1
152 354 23

152 |Z| 354 E . 23 E 0,0472323.

¢ TouyHocThO Ao 00,0001,

2

3agaua 6 BoluncauTe (O_;ZJ +(4,56)% - (5,28)® ¢ TouHOCTBIO

mo 0,01.

0,24 4,56 EE 5,28
E| 10,276311.

OTtBer 10,28.

281

282

285

287

Ynpamxuaeausa

Banucars noxasasusa tabno MK mocne BoimosHeHHMS AelicTBHIM
(281—282).

1) 484- 5,87 + 6032; 2) 353:4,1+120;

gy 17.345:20.05 o0 g) 13989348 0o
425 14,25

1) (2,348 - 1,453)- 2,379; 2) (16,87 +35,67): 254;

3) [6—43—23} 44; 4) [@Mﬁ}zcﬂ.

HajiTe nepuMeTp M mjaomiazs NpAMOYTOJbLHAKA CO CTOPOHAMH 4
u b, ecnin a= 4,8 cm, b= 14,5 cm.

Kaxoil gonkHa OBITH IIMPHHA MPAMOYTOJLHOTO YUACTKA 38MJIH,
uTo6B! npu gauEe 164 M oH uMex maomans 8,6 - 102 m2?

Beraucante:

1) 2562 +3212; 2) 5242 - 4992,
3) 2342 -483%2+1972; 4) 1862+ 2712 - 3282,
Buruuenuts ¢ roudocerso o 0,001:
11 1, 1 1 .1
D 2,1 83 7.1’ 2) 34 68 13
Bpraucnuts ¢ Tounoctsio o 0,01: .
1 1
) —; 2) (L],
) (0,34)2 ) (0,57)
2 2
9 [ |+ s g9 L (L|;
0,26 ] (0,43)° 0,172 (0,23
2
1 . 5 1
5 | — | —(3,21)%; 6) (1,47)° + .
) [0.28) ( ) ) ( ) 1)

81



288

289

290

291

292

293

294

295

296

BeluucauTb ¢ TouHOoCThIO g0 0,1:
1) (5,1)* +(4,3)%; 2) (3,7)*-(2,3)%
1

5_ 2, 1 | 1 a_ 1
3) (3,2)"-(1,3) +0'15, 4) (7,8)" +(3,8) 021"

OnexrTpuyecKkas miuTKa padorana t=549 npd HaupsAKeHHH
U=127 B u cuxe roxa I = 3,5 A. PaccuuraTs croumocTs (B Ko-
neiikax) 3aTpavyeHHOH aneKTpUuecKOl s3Heprun A (kBt - 4) npm
Tapude 13 k. 3a 1 kBr-u (A =UI{).

YTober HAITH AUaMeTp MPOBOJIOKM, ee HAMOTANH HA CTEPIKEeHb,
yKJaJbiBaA BHUTKH PAAOM Apyr ¢ apyroMm. Okasaioch, 4TO
22 purka saHama 9 MM no gauwHe crep:kuHsa. Hailitu aumamerp
NIPOBOTOKH.

BuiyMCcIHMTL CHIY TOKA HA yYacTKe LeNH, eCilH ero COIMpOTHBJIE-
Hue R=0,750M u najeHse HANPAXEeHHA HA 3TOM y4YaCTKe
U=10,2 B.

Paccunrarh CONPOTHRBJIEHHE YYacTKa Lend, NajeHne HANPSKe-
HUA Ha Koropom U = 3,45 B, ipu cuse Toxa B nemnm I = 2,1 A.

B pene ¢ manpsienmem U =220 B BrImOueH dJIeKTDHYECKHH
yrior moujHocteoo Toka P = 0,35 kBr. Onpenenurs cuny Tokxa [
B nenu (P =UI).

YrpaxxHeHud
K raapse [1

|-||| Jomeooonaoal)so000 jeesssoaeoa]aoooa T onesa(]an 0o oem

Banucark noxkazanus Tabao MK nocne smimonnenuna aeiicTBuit
(294—298).

1) —-6,502-10° -4,987-105;

2) 3,128-10°+5,24-107;

3) 1,23456 -10** +9,87601- 10*2;

4) -8,7654-10%-1,2345- 10%2,

1) 123 456 -4,598 - 107; 2) 3,874-10-98 765;

3) (5,8:10%):(3,4- 101%); 4) (7,1-102) :(5,6 - 1027),
1) 5897 + 6453 — 282 — 384; 2) 7654 - 2835+ 351 —405;
3) 4,58-3,67:1,2-4,57; 4) 45,28:2,3-357:132,
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297

299

300

301

302

303

304

1) 4,4-6,5-1,0-247:13-1188 — 44;
2) 2,4-2,5-60,2:14-76,8-3,5:48.

1) (Mws):sa; 2) [M—4.35)-2.3.
68 234

IIpeacraBuTs Apobh % B BHe AeCATHYHOH ApobM c TOYHOCTHEHO
mo 0,01.
3anucaTh B CTAHJAPTHOM BHJE YHCJIO:

44,301; 0,483; -0,25.

Brryuennres ¢ Tounoersio go 0,01:
348 1 1 2,0-3,7 18,9
1) == +34-78; 2) —+—; : - .
) 27 ’ ) 0,48 2,39 3) 1,8 3,4-2,6

BurgucauTs cOnpoTHRIeEHe R MeZHOTO CTepPKHA, ATHHA KOTOPO-
ro | = 0,25 M, nmaomazs nonepedsoro cedenns S = 1,2 - 102 mm?,

ecnMu yAenbHOEe compoTupieHue Mmexu p= 0,017 Om- mm2/M

pl
R=— .
BEIYHCINTE KMHETHYECKYIO 2HEePTHI0 Teja mo Gopmyse

2
mv
E, =

, ecau m= 7,6 xr, v=4,2 m/c.

Brruneants no dopmyse @ = I2Rt xonmuuecTBo Tenaa @, BEIIeNA-
eMoe NpPOBOAHMKOM 3a t=15c¢, ecau ero CONMpPOTHBJIEHHE
R=340M u no HeMy npoxofuT ToK cumoit I =17 A.

B ropoge ¢ Hacenenmem 5,70 - 10* uenosex GbII0 MpoBegeHO
MeJIHIHHCKoe ofcileloBaHMe HACEJIeHHUA C I[eJbI0 BLHIABICHUS
YacTOThI BCTPEYAIMINXCA rPynn KpoBM. BeIsACHMIN, UTO mofei
¢ rpynnoii kposu I npubamsurensuo 32,9%, ¢ rpynmoi Kpo-
Bu Il — 35,8%, ¢ rpynno#t 11l — 23,2% wu ¢ rpynmoit IV —
8,1% . Croabko NpubIM3UTEIRHO YEJN0BEK ¢ KaXKAOH ma rpymnno
KPOBH IIPOXKHUBAET B ropoje?

VopocTuTh BhIpaXKeHHe ¥ HAWTH ero YMCIOROe 3HAYEHME C TOY-
HocThio a0 0,0001:

a?+12 g+2 5
1) *H—a—_gﬂ'pﬂﬂ=4,31‘10;
2
2) SR SR npu a = 3,78 -10%, b=4,23-10%.
a+2b (a-2b a?2-4b?

Hana dysxkoua y=2,1+ l. Haiiti ¢ Tounocteio o 0,1 3aagenus
x

dyeknun npu x =0,471; 1,551; 3,483; 10,48,
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305 KanopuiiHOCT, CYTOYHOrO palHOHA ITHTAHWA JOAA HeTel
11—15 xer cocraBiser npuMmepHo 3000 kxan, Hatitn xanopmii-
HOCTH NPEIJIOMKEHHOTO HHEe CYTOYHOI'0 MEHIO JJIsi IO/IPOCTKOB
03/{0POBHTEJILHOIO Jjlareps.

3aempak Kanopuitnocme
(kran na 100z npodyxkma)

Tropor 125 r B6
Culp roanasfcKuii 50 r 380
XJ1eb nieEHYHBIH 30 r 236
Macno cnimBouHOE 26 661
Kode natyp.

CO CTYUIEHHLIM MOJIOKOM 200 r 310

OGed
Cyn ¥3 roBAAMHE 150 r 187
Kypuua orsapuas 125 r 241
MakapoHbL 100 r 332
Canat ¥3 MOMUIOPOB 100 r 19
Komoor u3 cyxodpykros 200 r 223
Xned pmxaHoii 50 r 190
Vweun

Cocuckn 150 r 324
Kaprodens 100 r 83
Kama manrnas 100 r 326
Xneb mimeHHIHBIH 30r 236

Yaik 200 r —



111

Ziaea

KBanparTHusbie
. KOPHH

ApudpmeTHnue KU
KBa/IPATHBLIH KOpeHb

3agaua 1

3agaua 2

CropoHa KBaJpPATHOTO YUACTKA 3eMJAM paBHA 12 M.
HaiiTin ero niaomanb S.

IInomanpk y4acTKa paBHA KBAJpaTy ero CTOPOHHL:
§=122=144 (m?). <

ILnomaas KBaApPaATHOrO YYACTKA 3eMJIM paBHa 81 am2.
HaiiTia ero cropony.

IIpeanosonum, 4TO AJIMHA CTOPOHE KBaJpaTa paBHAa X
neuumerpam. Torga mIonaAs yYacTKa paBHA X° KBaj-
patHsiM JenumerpaMm. Tak Kak 10 YCJIOBHIO 3Ta
nnomanes pasHa 81 amM?%, 1o x?=81. [[1MHA CTOPOHBHI
KBaZipaTa — MOJIOKHTENbHOe 4ucyio. Ilomoxurens-
HBIM YHCJIOM, KBaJpPaT Kotoporo paseH 81, seasercs
ymucio 9.

9 am.

B zagaue 2 TpeGoBaJIOCh HAMTH YHCIO X, KBaJpaT KO-
Toporo pases 81, T. e. pemiuTs ypaBHenue x> =81. 910
ypaBHEHHWe MOMKHO 3anucaTh B Buje x°—81=0 wuiu
(x-9)(x+9)=0,0orkyna x,=9, x,=-9. Jucna 9 u -9
obpamaior ypaBHenue x°=81 B BepHOe UHCIOBOE pa-
BEHCTRO, T. €. 92 =81 u (-9)? =81. DTH uncia HA3LIBA-
10T keadpamibimu Kopramu nus uucaa 81. Ozun us
KBAJIPATHLIX KOpHeN — umncno 9, signsieTcd TOJIOMXKH-
TeJbHBIM. ET0 HA3RIBAIOT apuMmemuieckum Keadpam-
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Holm KopHem u3 yucaa 81 u obosnauator +/81. Takum
ofpasom, +81 =9,

Ounpegenenue. ApupmMeTHuyecKUM KBaAPATHBIM
KODHEM W3 YHCJa g Ha3hIBAETCHA HEOTPHUIATeIbLHOe
YHUCJIO, KBaJipaT KOTOPOTO paBeH d.

Apudmerrueckuil KBagpaTHHIE KOpPEeHb M3 4YHCJIA 4
obo3HAYAeTCA TaK: -Ja_ . 3HaK \/_ HA3bBIBAETCH FHAKOM
apugpmemuiecrkozo K8adpAmMmHo20 KOPHA; G HA3LIBAET-
cfl nodKopeHHbLM 8hipanenueM. BripaxkeHue \/E YyuTa-
ercd Tak: «ApudmMerHuecKnil KBaJpPATHEIA KOPEHE H3
YHCIA a».

Hanpumep, +/36 =6, rak xax 6 >0 u 62 =36.
IlpuBesemM Apyrue mpUMepsI:

Jo =0, \[gz 45, J0,49 =0,7.

B cnyuasx, KoTJa ACHO, YTO peuyb ujeT 06 apudmeruye-
CKOM KBAJDATHOM KOpHe, ropopar: « Kopens KBajgpar-
HEI». JJelicmeue naxoxcdenus K8aOpamHozo KOpHA U3
YUCNA HA3bIEAIOM U3BAEYEHUECM KEAODAMHO20 KODHS.
Bo3BoAMTE B KBAJpAT MOMHO Ji00ble Yncia, HO U3BJIE-
KATH KBAJPATHEIM KOPEHL MOXKHO He w3 Joboro umue-
na. HanpuMmep, HeJb3f HM3BJeYb KBaJpaTHbII KOpeHb
M3 ypcaa —4, TAK KAK HET TAKOrO YHC/a, KBAaApPAaT KO-
TOpPOTO paBeH —4.



HUrak, Boipakenne Ja nmeer eMmICa TONBKO npu
a 2 0. OnpejiesieHUe KBAJAPATHOIO KOPHA MOXHO KpAarT-
KO 3anucaTh Tak:

Ja>0, (Ja)i=a.

PaBencTBO {JE)Z =a cnpasejaueo npu a = 0,

3amaua 3 Beruucnuts 54/32-2 - 34/2-8.

307

309

310

311

312

313

314

315

532-2-32-8 =564 -3/16 =5-8 - 3-4=28.

¥YupaxaeHus
HaiiTi cTopony KBajparta, eciyu ero Iuollafb paBHAa:
1) 16 Mm% 2) 100 am% 3) 0,64 km?; 4) %MMZ.

BeiuvcnuTek apudMernyeckMil KBaZpaTHBII KOpeHb M3 YHCIA

81; 64; 100; 0,16; 0,09; 0,25; 1,44; 4900; 6400.
BepHO JiM paBeHCTBO:

1) Y16 =4; 2) J100=10; 3) V25=-5; 4) J0=07?

Boiyuenurs (309—311).
2

1) A2 2) (V9)% 3)( 3“—}; 4) (J0,25)".

12

1) 3+4; 2) 7-/25; 3) V16 - 9;

4) 4-J0,01; 5) %MO.SI; 6) 0,25-0,25.
1) 2%+ 5Y16; 2) 3J121 -2y/144;
3) 24327 -642-18; 4) J22+3-7;

5) f3%2+42%; 6) 172152 .

HajiTn 3HaueHHe BhIpaKeHHA:
1) 34y10-2a npua=-3, a=3, a=>5;
2) 5/6x-2 mpw x=1, x=%, x=3.

HDH KAKHX 3Ha4YeHHAX a MMeeT CMBICJI BeIpajrkeHue:

1) vY2a; 2) J-a; 3) V2-a; 4) V3+a?

Pemuts YpPaBHEHHE:

1) Jx=2; 2) Jx=10.

CpaBHUTH uHcIa:

b [ [5. 2 55 n o5
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: JdeHCcTBUTEJIBHBIE
yHCaa

cefmreosefatsnrsfaareafrrannfonceacfoccoafocesclocacafocncacahocannnlonn

1. PanuoraabpHBIEe YHCTA.

ITosABNeHNe HOBBLIX YMCEJ B MaTeMaTHKe CBA3aHO C He-
00X0UMOCTBIO BHIMMOJIHEHHUA TeX HIW WHBIX JeHCTBHH.
ITpu cioxeHUH U YMHOMEHUH HATYPANBHBIX YHCEN
BCerjia NnoJy4aiTca HaTypaibHble yncaa. Ograko opu
BEIUMMTAHMM JBYX HATYPaJbLHBIX YHCeJ He Bcerga mo-
JyyaeTcs HarypaJbHoe uuciao. Hanpumep, pa3HOCTH
2 -5 He ABIAAETCA HATYPaAJbHBIM 4YHcJIOM. YToOH
BhIYMTAHUE OBIJIO BCErAa BBIMOJHHUMO, OBIIH BBeAEeHBI
ompuyamenvhble wucia n wucao 0. MEOxecTBO HATY-
panbHBIX YHCeJ PACHIMPHJIOCH OO MHOMKECTBA LEJBIX
qUCe:
.y —3,-2,-1,0,1, 2, 3, ....

IIpn cloXKeHHH, YMHOMEHUH, BEIYMTAHHH IENBIX TH-
ceJ Beerjia moayyaioTces uensie uncsa. OiHaKo opu ge-
JIEHMH JABYX ILeJIbIX 4MCeJl He BCcerja moiaydaeTcd Ie-
nmoe wuwueno. Hanpumep, uacrtHOe 2:5 — Hemesnoe
queso. HYrobbl jlesleHHe ObLJIO BCerga BbIIIOJHHMO,
OBITM BBEAEHBI PAUUOHQAJLbHLIE YUCAQ, T.e. YHCIA

m
BHga —, rae m — unejoe 4YHcao, n — HaTypailbHOe
n

gyncao. MHOMKeCTBO HeablX uHMceJ PacIIHpPHIOCH 0
MHO{eCTBA PAllMOHAJbHBIX YHCEeI.

IIpu BBINIOJIHEHUH 4YeTbipeX apubMeTHYECKHUX AeHCT-
Buil (KpoMme JeJIeHHA Ha HYJb) Haj palMOHAJIbHBIMHA
YHCNAAMH BCerjia MNoJIy4yaloTes palMoOHAIBHBEIE YHCHA.
PayuornaavHoe wucio MOX¥CHO 3anucams 6 sude decs-
muunoit dpobu, kKoneuHoi uau GeckoHeunoil. Hampm-

2 3
Mep, Yucia 5 b 1 MOMHO 3aIIMCATE B BHJIE KOHEUHLIX

JecATHYHBIX Apobeii: §-0,4; 3 =0,75. Yncna = H S
5 4 3 11
[mocje AejieHUs <«YroJKOM» MOMHO 3allMCATh B BUIE

DecKOHEUHBIX JeCATHUYHBIX Apobeii:

1_ s 3=
3=0:883...; 5 =0,454545....



B sanomcu GeckoHedHod AecATHyHO# Apodm 0,333...
noBTOpAeTcH nuppa 3.

Huppy 3 HasmBamT nrepuodorm smoid fpobu; cemy
apobn nasznieaoT nepucduveckoit ¢ nepuodom 3, zannm-
coigaor B puAe 0,(3) ¥ untaror: «Hynw neamx u tpm
B DepHOAC.

B zanucu spobu 0,454545... noBTOPASTCH IpynOa U3
AByX omdp: 45; 2Ty Apobs HASHBAIOT NEPHOANICCKOM
¢ nepuocgom 45 m samuckiraor B Buge 0.(45). IIpn-
BeJleM eI0e NpnMephl DecKOHEYHHX NePHOAHTECHHX
Apobeit:

_% =-0,2333... = -0,2(3);

13

13 _ a7, =21, .
27 2% =27,0393939... = 27,0(39)

Jwnboe PATHOHARBHNE YHCIO MOMCHO NPEeACTABUTE
mubo B BHAe KQHeuHOH AecATHUHOH ApodHd, aubo E
BHje DecKOHedHON HmepACHHYECKOR NecATHMYHOM Apo-
6H. H HaoGopoT, n06Yi0 OECKOHEURYIO IepHOAHIE-
CHYH HAK KOHEUHYI0 AecaTHYHYI) APOlE MomxHo
OPeACTABATL B EBMAe oOHIKHOBeHHON Apobn, T. e.

n
B BHOe ~n—. rape m — Hexoe, 1 — HATVPARBHOE YHCIO.

3anaua 1 IpegecrapuTs yuCso % ® BHJe fecKoHeuHoit JecATHd-
Ho#l apobu.
BD’CHDJIB(SYGMCH ANTOPHTMOM ASNEHHHA «YIOJKOM»
_27 .
22 2,4545...
50
44
_60
@
_50
44
_60
%
5

OCTHTRII NOYTOPHKIICA, IHOITOMY B YACTHOM IIOBTOPH-
ered 0JHA 1 Ta xe rpynna nugp: 45. Cnegorarentuo,

%% =2,4545... = 2,(45).
_ OrBer 2,(45).
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3amaua 2

OTBeT

IIpefcTaBuTh B BUAe OOBIKHOBEHHOH Apodn GecKoHeu-
HYI0 DEePHOAVHEEKVI0 TeCATHIHYIO Apodb:

1) Oyers x=L{7)=1,777..., Torga 10x=17,(7}=
=17,777....

BoiuuTaA W3 BTOPOrQ PARGHCTEA MepBOg, MOJYUYaeM

9x =16, oTkyaa x = %@

2) Tlyers x=0,2(18)=0,2181818..., roraa

10x-2,(18)—2,181818...,
1000 x=218,(18) =218,181818....

Brarautas w3 TPeThETo PABEHOTBA BTODOR, MONydaeM
980~ = 218, arryxa x = 216 _ E.

= z' P . . =£
1) ].,(7)—19, 2) 0,2(18) TR <]

2. HppaomoHanlbpHbEle 9HUCJIA.
JeficTBUTe N bHBIE FHUCJH.

Hapagy ¢ GeCKOHETHBIMM MEPHOAHYIECKHMH HECATHY-
HEMT ApPOGAME R MATEMATHEE DASCMATDURAOTCH
TakKe M feckoHettble decamuinble Henepuoduseckue
Ipodiu.

Hampumep, gpo6e 0,1010010001..., B KUTOpoi nocue
mepeoil mudper 1 cTOUT OOUH HYJXE, [oCJIe BTODPOMA
nudpel 1 — ABa Hyas W T. ., ABAAETCH HENEPHOTU-
geckoli. Hemepuojuueckoil ABAAeTCH TakXe Jpobb
0,123456..., B KOoTOpPO# IIoCKe 3aNATOM SAMMCAHEL DO~
pAA BCe HATYPAILHEIe UHCIA.

Beexoncunime ACCATHHUNILIC ICICPHORHNYGCCIIHE ﬂ.poﬁn
HASELIBAIOT UPPAULOHAALHBIML witcAaMYy. PalHoHANE-
HEI¢ 0 HPPAOWOHARLALIE YHCHA 00pA3YIOT MHOMECT-
80 delicmeumenviblx qucen (puc. 28).

l Heficmaunieasnoe vucaa |

H
L] ¥

Paguonarsible Yucaa | | Hppayuonaavibie theaa

Puc. 28

Apupmemuieckue delicmeus u npasuia cpasHenus
AN BeHCTBATENEHEIX UMCel ONPEeleATeA TAK, UTO
CROICTRA 3THUX JlelicTBHI, a8 TAKKE CBOMCTBA pABEHCTE
¥ HEepPAaBEACTB OKABLIBAIOTCHA TAKMMH Ke, KK W JAd
PANMOHANBHEIX THCE.
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Japaua 3

dagaua 4

OfpaTuMcs K AeHCTEHI WIBJIeUeHHS KOpHA. B Kypce
BHICINEH MATEMATAKH JOK&IEIBAETCH, 4TO H3 I00oro
HeOTPHOATEJIRHOTG ReﬁCTBHTeJIBHDT'O IHACEA MOACHO
HIRMTeY: KBAADATHHIE KopeHk. B peayabTaTe H3BIe-
YeHHA EBAJIPATHOTO KOPHA MOKeT HOJVYATLCH KakK
PAOAOHANBHOE, TaK M HPPAOHOHAJLHOE YUHCIO.
Hanpuwmep, 41,21 = 1,1 — paguosarbEce dYROKO,
a v8=1,7820508... — HppaIUORANEH0E TACAO.

HppanHOoHANLHRIMHE ARASIOTCA TAKMKE WHCAA J-?: , Jg,

JE, ﬁ,-\/g U 7. A., T. €. KBaAIPATHEIE KOPHH H3 HATY-
PAJIBALIX 9HCE)I, KOTOPble HEe ABIAKRTCH KEAAPaTaMH
HATYPANABEDBIX YHCEA.

AameTHw, TTO LEPPALIORAIEHBLE YUCAQ AORYLANMER
He MOALKO NPU U3BAEVCHUU KEATPAMHBX KOPHeil.
Hanpumep, 9HCAC N, DABHOE OTHOMMEHHIO AJHHBI
OKPYAHOCTHA K €e ZUaMeTPy, ABAHEeTCH APPaHHOHAL-
OLEIM THCJCM; OTMOTHM, Y70 UHCIO T IC MOMOT BEITL
ToAYYeHO HM3RJIeYeHMeM KOPHA W3 DATAOHANRHOTO
UHCTAA.

Ha npakTHRe LI HaXOMEACHHSA TPUOIHIKeHEBLIX 3HA-
YeHUH RBAADATHHX KopHelt ¢ TpebGvemMolf TOYHOCTEIO
HCOOAEIVIOTCA TADMNOE, MEAKPOKATLKYAATOP H ADY-
TP¢ BREIYACTATENRHEC CDEeCTEA.

Buiuncauts BEa ME npubamkeHnHoe 3HadcHHme + 14
¢ Tounoerso o 0,001,

14 [v| 3,7416573.

3,742,

Birameamres Ba MK ¢ TouHOCTRH g0 0,1 4

23 {34+ /26

Sanmmem JAHHOE BEIPAMNEHHE B EHAS

(V34+ J26)-22

H BEMMHCAHM Er'0 SHAYEHHE N0 OporpaMMe

34[+ |26 m F| m [x]|23[=]143,81718.

143.,8.

Brmrcants pa MK ¢ rounoere go 0,01:

1H2+\/3+J3.
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P Banumem gamHoe BBIDAX<EHHE B BHIE 3+ Jg +2n
BBIYHMCJIHM €ro mo nporpamMmme

3[+]s[V][=]v][+]z
E 2,0708079.

OtBeT 2,07. <

Hrak, npaxTHYecKHe eHCTBHA HAJ HPPAllMOHAJBHEI-

MM YHCIAaMU 3aMEeHSITCH JHeHCTBUAMH Haj UX Jecs-

THYHBIMH NPHOIMIKEHAAMH.

T'eomerpuueckn pAelicTrBuTenbHBle yuesna usobpaka-

IOTCA TOYKAMM 4MCI0oBOH ocu (puc. 29). Kaxpomy

. AeCTBUTENLHOMY YHCJIY COOTBETCTBY-
1§ eT eJIMHCTBReHHAS TOYKA YHCJIOBOH OCH,

316

317

318

319

320

321

322

323

— M KamJI0#W TOYKe YMCJOBOH OCH COOT-
BETCTBYeT eMHCTBEHHOe HeHCTBUTEJb-
HOE YHCJIOo.

YupaxHeHHS

Ilpounrtars Apobb:
1) 0,(2); 2) 2,(21); 3) 15,3(53); 4) —2,77(3).
Banucars B BUJEe KOHEYHOHM WM GeCKOHEeYHOH NepuoiudyecKol

JecATHYHOM Apobu:
1, 1 . 2, 3.

1) 1’ 2) TR 3) 3 4) 1

3amucaTh B BHJe OOBIKHOBEHHOH ApoOM DeCKOHEYHVIO HecATHY-

HYI0 TEPHOANYECKYI0 ApPobb:

1) 0,(6); 2) 0,(7); 3) 4,1(25); 4) 2,3(81).

CpaBHHTHL uMcHAa:

1) 0,35 u 0,(35); 2) 1,03 u 1,0(3);

3) 2,41 u 2,4(1); 4) 3,7(2) u 3,72.

Hauer umcna: —8; —/16; -0,3; —g; 12; J7; 0; \E: 1. Beinu-

3, _ql
5)—5, 6) 37.

CATb T€ M3 HUX, KOTOPBIE ABJAKTCA: HATYDPANBHLIMHM; IEJIBIMU;
PAIMOHAIbHRIMHY.

(Verno.) Kakue U3 ykasaHHBIX YHceN ABJIAIOTCA UPPALMOHAIb-
HBIMH:

-2: 1; 0; J11; J16; -1,7; J1_7;% 2257

BeiyuenauTs HA MEUKpPOKANbKYJAATOPE ¢ To4yHOoCThIO g0 0,001:
1) V8; 2) J13; 3) J6,6; 4) J4,3; 5) J0,5; 6) |0,05.

Ilnomans kBajpara pasEa 12 m®. HaiiTh JJIMHY ero CTOPOHEI
¢ TOYHOCTHIO Jio 1 em.
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KAKHE LIH®Pbl 3AUNIHPPOBAHbI BYKBAMH
B NPHBEAEHHOH 3AITHCH CJIOKEHHA YHCEJ:

+
wl~ o
SR
R|om
iR~

324 BpluMCINMTbL HA MHUKDOKaJbKYJATOPe ¢ To4HOCTHIO #o 0,1:

1) 57 ++/31 -/28; 2) V87 — 54 +J17;

3) 687 +/123; 4) /801 -+/250:

5) /35604 - 28 ; 6) /6023 +/5785;
38 871

V55 - 28 J13%+ 182

325 Briuucnurs ¢ TouHocetsio g0 0,1 HA MUKPOKAJBKYIATOpE:

39 44 86 23
1) =+—=; 2) —-=;
v5 V3 NP
3) J1322+153%; 4) /1892 - 652 ;
332 + 182232 6) /b72-872+162;
7) e —
st”-w”.

326 BeiuvcinTh HA MUKDOKAIBKYJIATOPE ¢ TouHOoCcThiO Ao 0,01:

1) {5+y3++2; 2) JV8+v2 - 1;
3) JV3+445; 1) 6.5 -V13.
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KBagpartHbiil KOpeHs
H3 CTEeNeHH

BrluucnuM sHayeHWe BhIDAKEHHA va’ mpw a=3 u

a = -3. Ilo onpejeneEnio KBajpaTHOTO KOPHA V3% =3.
IIpu a = -3 naxonum /(-3)? =+/3? =3. Tak Kak uMciI0

3 aABnsercs IPOTHBOIOJOMHBIM YHCAY —3, TO MOMKHO
3anucarb:

J(=3)? =—(-8) nan [(-3)* =|-3].

Teopema 1. [Ina moboro 4ucia @ cupaBeijiiBO pa-
BEHCTBO '
Ja? =|al.

& PaccmoTpum aBa caydai: a=>0uma<0.
1) Ecnu a 2 0, 1o mo onpefeneEu0 apupMeTHUECKOro
KOpHA
a?® =a.
2) Ecan a <0, to (—a) >0 u nostomy

\/a—z =\(-a)? =-a.

Takum obpasom,

= {a. ecim a2 0,
ac =
—-a, ecam a <0,
1. e. va? =|al.

Hanpumep, /(-8)* =|-8|=8.

BmecTo Toro 4To6nI FOBOPUTE, YTO paBeHCTBO va® =|a|
BLIIIOJIHAETCH TpPH NIOOBIX 3HAYEHHAX BXOAAMNINX B
Hero 6YKB, rOBOPAT, YTO 9TO PABEHCTBO BHIMOIHAETCSA
moxcdecmeenHo.

PaBeHCTRa, cOpaBeIABLIE NPH JHOOBIX 3HAYEHHSX
BXOAANMMX B HUX OYKB, HA3BIBAKOT moxdecmsamu.

IIpuBegeM NpHUMepEl TOMXKJECTR:
(a +b)’=a’+2ab +b2.
a?-b*=(a-b)(a +b).
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3anaua 1 Yupocrurs: 1) \/a_g; 2) \E.
> 1) -\/a_"=,f(ﬂ“)2 =|a%|. Tak xak a*> 0 npu awbom a,
10 |a%|=a* u nosromy va® =at.
2) Ja® = (a®)* =|a?.

Ecau a >0, to a® > 0 u nosromy |a?|=a®.
Ecnu a <0, to a® <0 u nosromy |a?|= -a®.
Hrak, B 3TOM clyuae 3HAK MOAYJSA CJIeAyeT OCTABUTh:

va® =|a?|. <
Teopema 2. Ecima > b>0, 10 Va > b.

® B camom felte, ey fONMYCTHTE, 9To Ja < /b, T0, BO3-
Bejiss o0e 4acTH HEpPABEHCTBA B KBAJPAT, [MOJYy4HM
a <b, 4To IPOTHBOPEUUT YCJIOBHIO @ >b. O

Hanpumep, +/256 > {225, rmax xax 256 > 225;
3<J10 <4, Tax xax 9<10 < 16.

3apava 2 Y1upocTuTe BbIpaKeHue ,/(JE -3)2,

P Ucnoabsys ToxmecTBo Va® =|al, moayuaem:

J(/B-3)2 =| 8 -3].
Tak xak 8 <9, To no Teopeme 2 noaydaem V8 < 3. Ilo-
aromy V8 —3<0 HIJ§—3|=—(\[§—3)=3--\/§.
OTtsBer 3-48. <

3apmaua 3 PemnTs ypasHerue (x —7)% =x— 7.

P Tax xax [(x-7)* =|x-7|, To UcXonHOE paBeHCTBO
NPUHIMAET BUJ:

lx-T|=x-7.

9T0 paBeHCTBO CIpABEIJHMBO TOJBKO mpH x—T7 =0,
T. e. mpu x = 7.

OTBer x27.

3amaua 4 YTpocTuTh BHIpaykeHne 7 — 4./3.
b Bamerum, uro 7 - 448 =443 +3=(2 - /3)2.
IToaromy

V1-4/3=f2-V3)? =2 - V38|=2- 3,
rak Kak 2 =4, J4>43. <
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327

328

329

330

331

332

333

334

335

336

¥apamuenun

BepHo sm paBencrso:

1) V52 =5 2) {(-5)° =5;

3) (-5 =-5; 4) J(-5) =|-5?
HailTy sHAYeHde BRIpAMKEHUA v x° npm:
1) x=1; 2) x=2; 8) x=0; 4) x=-2.

BrrupenuTe:
1) 3%; 2) ¥2%; 3) V5¢ ;
4) +11%; 5) J(-3); 6) J(-5)°.

VrpoeTHTs!
1) ¥n8: 2y | xl2 .

3) Jal1, a>0; 1) bt .

Hallt snadeHie BBIDAKEHUA 1f::c:z —2x+ 1 opu:
1) x=5; 2y x=1;

3) x—0; 4y x— -5,

CpaBHUTE SHCHAAI

1} 4 n 15; 2) 2,7 u JT;

3) /3,26 u 1,8; 4) 18,49 u 4,3.
TIokazaTs, 4To:

1) 4<17 <5; 2) 3<10 <4;
3) 3,1<410 <3,2; 4) 6,1< 38 <6,2.

Haiity 1Ba nocleZoBaTeNBHBIX IMedBIX YHACKA, MeXAY KOTODBIMH
3AKIIOYEHD YHCITO:

1) +/39; 2) J160;

3) 1}0,'9; 4) /8,7.
YopocTHTS:

1) J(4-5)2; 2) J(J5-2)%;
3) (+/3-2)%; 4) J(V15-4)%.

YVOpocTHTE BEIDANKEHHE!:

1) J(x-5), ecin x 2 5;
2) Ja+3)?, ecom a < -3;
8) V1+4k + 482  ecau k= -0.5;

4) Ja?—6ab+9b2 , ecnu g < 3b.
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337 IlokasaThb, 4TO:

1) a+5-./(a—>5)* =2a, ectma <5;
2) ey fG-p? = {50 com 2 0

2y, ecim x<y.
338 PemwuTh ypaBHEHHE:
1) J(x-2) =x-2; 2) J(x-2)? =2-1x.

339 Vinpoct#B, BEIYUCIWTE HA MUKDPOKANBKYISATODE C TOYHOCTHIO
no 0,01:

1) J3-242; 2) {9 -445.

KranpaTHpiii KOpeEB
13 NpoH3BeNeHUHA

3amaua 1 Iloxasars, 4To y16-25=+/16 - \/2_5
> J16-25=1/400=20; J16-425=4-5=20. <

E -Teopema.Ecama)O b=0, To

o o

T. €. KOPeHb W3 NPOM3BE]CHHMHA HEOTPHIATETbHBIX
MHOJKHUTEJell paBeH IMPOH3BEAEHWIO KOPHEH W3 3THX
MHOMKHTe e,

® Jlns Toro uTobE! AOKA3ATE, UTO JE o \/3 ecTb apudme-

THYECKMM KBAJApPATHEIN KOpeHb M3 ab, HAIO HOKAa3aTh,
YTO:

1) Ya-vb>0; 2) (Ya-Jb)*=ab.
Ilo onpesenesno KBAaAPATHOIO KOPHA Ja> 0, Jb> 0,

noaromy va - JE 2 0.Ilo cBoiieTBY CTENEHH IPOH3BEJe-
HHA U ONpeJesIeHHI0 KBaJPATHOTO KOPHA

(Va - Jb)?=(Ja)2 (Vb)2=ab. «
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Hanpuwmep,

V2304 =/36-64 = /36 - /64 =6-8=48.

Ilo pmokazaHHON TeopeMe npu YMHONEHUU KODHEL
MOXKHO IePeMHOMHTEL HOJKOPEeHHEIe BhIDAKeHNA H U3

pe3yiabTaTa H3BJIe4Yb KOPEHB: \/E JS = '\/ﬂ—b.

3anaua 2

3amaua 3

3apaua 4

98

Hanpumep, v3- 12 =+/3-12 = /36 =6.

OTmeTnM, UTO TeopeMa cIpaBelJiMBa AJIs Jiroboro yuc-
Ja HeOTpHUIATeNbHBIX MHOMHUTeJell. Hanpumep:

Jab =\/E-\/E-JE, ecim a=>0,b20, c>0.

BuiuucauTs 54+ 24.
J54-24=/9-6-6-4=,/9-36-4=9-/36 -J/a=
=3-6-2=36.

Ilycrs gaHo BeipaskeHue va2b, Ecam a >0 u b2 0, o
0 TeopeMe 0 KOpHe W3 NPOH3BeleHHsA MOIKHO 3a-

nucaTh:
Va?b = a? - b =ab.

Takoe mpeofpaszoBaHue HA3LIBACTCH BbLHECEHUEM MHO-
yeumets u3-nod 3HaKa KOpHA.

YnpocTUTE BEIpaXeHue 2@ + Jﬁ
2427 +J12=219-3+4-3=6/3 +2/3=83.

B HEKOTODBIX CHYYAAX IOJIE3HO BHOCUMbL MHOMNCUMe-
AU nod 3HAK KOPHA, T. €. BRINOJHATHL IpeobpasoBa-
HHe BHZAA

aJb=+a%b,raea>0, b>0.

VYupoceTurs BRIpaskeHUe
8a,/2 —2p (2,
a b

BHoCcs moJsioxuTeNbHBIE MHOMKHTENH a u b Noj 3HaK
KOpH#A, IoJydaeM:

b _ a _ 2.0 _ 2.8 _
soF-20F -0 oo

=3ab — 2ab = Jab.

rae a >0, b>0.



341
342

344

346

347
348
349

350

351

YupamxHeHHS
Borumenuts (340—341).
1) J49-25; 2) J0,01-169;
3) V/625-9-36; 4) ,/256-0,25-81.

1) ¥/8-50; 2) 4/32-50; 3) V108-27; 4) J/27-12.

BeluucauTs ¢ NOMOINBI PA3J0KeHHA NOJAKOPEeHHOT'O BhIparkKe-
HHA HA MHOXXHTeJNH:

1) J3136; 2) J/6084; 3) J4356; 4) J1764.

Beiuucaurs (343—346).
1) J2-432; 2) J10-90;
3) V3-J7-421; 4) J2-J22-J11;

1. /2 [q. 2. (6. |7

2R B

1) ,’1132- 1122 ; 2) \H822— 182 ;

3) 1f652—632; 4) /8132-3122,

1) 5*-32; 2) J74-28; 3) J(-5)°-(0,1)%; 4) 122-3*.
1) (V8 +v2)%; 2) (V7 - J28)%;

3) (V7 +V6)(7 - /6); 4) (572 + 2V5)(5v/2 — 25).

BhiHecTH MHOKHUTENb H3-TIOJ 3HaKa KopHA (byxkBamu ofosHaue-
HBbl MOJIOKUTENbHBIe Uncaa) (347—348).

1) V16x; 2) J2x2; 3) J5at; 4) J3ab.
1) |/8y; 2) V75a%; 3) VTm?®; 4) 50a° .

YnpocTuTs BhIpaXKeHHe:

1) 3420 - V5; 2) 3V18+2J2;
3) 2427 - J12; 4) 2@—2Jﬁ+iﬁ§;
5) 5J§+%J§-2Jﬁ; 6) sm—ﬁﬁ 147.

BHecTH MHOMXHTENE TIOJ 3HAK KODHS:

1) 2V2; 2)3J3; 3 2&%@; 4) 10,/0,08.

BrecTn MHOMHUTens noj 3HAK KopHs (BykBamu obosHaueHbl I10-
JIOMKHTEeIbHBIe YHCIIa):

1) aa;  2) aV; 310‘(1; 1 L3z
a x
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352 CpasHHTS:

1) 243 u 342; 2) 240 u 4J10;
3) 448 u 2/18; 4) 2745 u 44/20.

353 V¥Yopocrurs:

1) bJE +aJE, a>0, b>0;
b a
2) %nga +6xE—x2 E x>0.

354 BuuncamTn:

1) (/5 —V45)% - (Y13 + J11) ({11 - J13);
2) (V11 - JT)JT + Y11}~ (V12 - J3)2.

355 VYrpocTHTB BHIPAIHEHHE:

1) % 128 +3+/2 +2472; 2) 8445 — /125 + V80:
3) -§J2—f+%J300+5J§; 4) zJ§+o,5J§_-§ 18.

356 Ynpocrurs selpumenne (GyKbBaM¥ 0603HAYEHR IIOMOMHTEJIBHEE
upeIa):

1) % Qx5 +% 423 — xfx + xyx3;

2) 3,0,04a%p® - 2,J0,250%8% + 4b1’TIEa3b3 .
857 Pasuomurhk Ha MHEOMUTENM Lo 00pasny (a =0, b>0)
9-a=(3-a)3+ay
1) 25-a; 2) b-16; 3) 0,01-a; 4)b —%.

358 Coxparure apobn {(a >0, b2 0)

25-a, b-16 0,49-a | 0.81-b
b 5+va 2 PN K Ja+0,7 ‘ 0,9+ Vb
359 BuuMCARTE HA MEKDOKAIBEYAATOPE ¢ TOYHOCTRIC Ao 0,1:
1) J23- J51; 2) J123-63;
3) J13-J17- J19; 1) J15-18-J21;
5) V3-J5- V8 J13; 8) v2- V3-8 7.

360 okasaTe paBeHCTBO
J2a+2,la2—b =Ja+b +a-b,
ecan a2 /b, b2 0.

361 IIocrpours rpabux dynrmuu:
1) y=vz2; 2) y= f(x-1)2.
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KpaapaTHbiii KOpeHb
H3 ApodH

§m _____ e

25
36

2
" g.§= é =§ :é
WJ36 6 6’ Jf3g 6
Teopema. Ecima >0, >0, To

T. €. KOpPeHb M3 Apo0H paBeH KOPHIO M3 YHUC/IMTENd,
ACJIEHHOMY Ha KOPEeEL W3 3HaMeHaTeld.

3amaua 1 [Toxasars, uro

sl

&

@® Tpebyercsa moxkasaTh, 4TO:
2

1) %;0; 2) [%] =%.

Takx kak JEBOHJE>0,T0 %)0.

Ilo cBoiicTBY BosBegeHHS APOOH B CTelNeHb M OIpeje-
JIEHUI0 KBAJPATHOTO KOPHA TMOJIy4yaem:

(J;T_(m

Hanpumep, 121_4i41 1

225 o925 15°

ITo nokasaHHO TeopeMe npu dereHul KOpHell MOXHO
pas/leJINTh MOJKOPEHHEIe BRIPAMKEHUA W W3 Pe3yJIkTa-
Ta H3BJIeYb KOPEeHb:

a

_a=
Jo Vo’
Hanpuwmep, %=J§=Jﬁ=6.

B HeKOTOpPBLIX 3ajadax MOJE3HO u3basumsesa om uppa-
YUOHANbHBLX 6bipaAXeHUl 6 3Hamenamene Opobu.
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damaua 2
g
3amaua 3
@}
3amaua 4
a

I

I[Iyers nano BeipaxeHue —, rjae b > 0. YMHOKaA 9uc-

J_b
JIHTeN: W 3HaAMeHaTelb apobu Ha '\/-b‘, noaydaem

a _ab _a-b
b

. Hanpumep:

r_ff_i

2

HcKANYAT, MPPAllMOHANIBHOCTD U3 3HAMEHATEJNA:
V5+43
J5-43

Ecu yMHOKHTE pasHoCTh v5 — /3 Ha cymmy 5 + /3,

TO NOJY4YHTCHA BEIpAXKeHUe, He cofepikaliee KOpDHe.
IToaromy

Va+3 _(5+3)5+8) _(f5+3)" _
V5-V3  (V5-v3)V5+38) 5-3

=5_+_221_51,§=4+J15. <

IokaszaTh, 4To cpejiHee apudMeTHUecKoe ABYX IOJIO-
JKHTeJIBHBIX YHuces a U b He MeHbIlle CpeJHEro reomMer-
PUYECKOro 3TUX 4uCce:

= ; b > Jab. (1)
TpebyeTca ZoKaszaThb, 4TO
= b _ Jab >0.

IIpeobpadys aeByI0 4aCTEL HTOTO HEPABEHCTBA, MOJy4aeM:
a+b_ [ _a+b-2Jab (J_—w/_)2
2 2

3aMeTHM, UTO0 B COOTHOINEHHH (1) 3HaK paBeHCTBa
HMMEEeT MeCTO TOJNBKO IpHu a =b.

IIpozasen BapemmuBaeT AOMOKH Ha PHIYAXKHBIX Becax.
Iokynarens kynua 1 kr a6mox, a saTeM KynuJ elle

b 1 xr, nonpoCcHE NpozaBia NOMEHATE Me-
CTAMH [pPU BTOPOM B3BEIIHMBAHUY THPIO

A

1xe
(y xe)

Puc. 30

u abnoxu. Kro nonec ybmiTm, ecamn
BeChl He OTPeryJMpOBaHBI?

p- IlycTs mieynm BecOB paBHHI a H b

(puc, 30). IIlpym nmeppoM B3BeIIMBAHHH
r noKynaTelb Npuobpen x KUJIOUPAMMOB
sabaox. U3 kypca (pu3MKH M3BECTHO, 4TO

X Ke
(lxz) x-b=1-a, oTryaa :c-E Ilpn BTOpPOM
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B3BRUIMBAHHH MOKYNAaTeJb OpHOGDENn § KHEIOIPAMMOR
Abnox, M3 yeroREA papHOBECHA Y-a =1-b maxoamm
b a_ b
==, Hrax, OBIC oleHo — +—
v a s Ky b a
Abaox. Ucnoabaya HepapeHCTBO ANA cpefHero apHd-
METHIECKOr0 H PeOMETPHILCKOrO IHCEX %H E, noay-
[+

KUIOrPpAMMOB

a, b
b a a,b [ )
> =2 =+-22,
yaeM 2 5 g OTEYAR S+ 2
Orner ¥6niror moHec DpOZABCLL.
¥npaxuengsa

362

367

Boraueaute (362—365).

9 . 100, 1. 4
D g D ym’ D B Y J%
4 1. 1 _qfl,
b 1T n 5[%-sT
[40, 16 fleo
\/__ 1447 4)\(; 225°
)
4;

3 22
6

1) V2 18 g 4046, ) 20418
3 10’

1)

i+

7

i 2w Y Y e
J% 2) 1’5%-11%;
3 i 81 165° 9 36

Heraouuts HPPAOHOHANLHOCTE A3 3HAMEHATEAA.

\‘ L

3, 2, 1.
1) ﬁ! 2) JE’ 3) 2—‘!5:

1 ; 5 4 3 6 —-3—;
o 3+ 2 ) Ji-43 ) J51 2

: gy Y10+ VB
NN Jio -8

Ha MEKpPOKaAKYASTOpPE BRIYWHCAMTE ¢ TounucTeio av 0,01 pas-
HOCTL MOMAY CPeIHKM apudMeTHastKHM H CPeAHAM I'éOMOTDH-
JeCKHM YHCEIl:

1) 17 u 39; 2} 71 u 86;

3) 134,2 n 243,1; 4} 150,3 u 210,4.

Tlromazs oMEore KBaapaTa T2 cM?, & nJomaAsL Apyroro Keajgpa-
ra 2 cm?. Bo CKOMBKO pas CTOPOHA IEpPBOre KBaipara Goabine
CTOpOHE BTOpOro KBagpaTa?
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369

370

371

372

373

374

375

376

Hsaneq b KOpDeHb:

4

3) ' ,roe a>0; 4) ,rme a<0.
tI

YupoeTurs BeIpaskeHHe:

1) (x-3) ’—L—— mpu: a) x> 3; 6) x <3;
x*-6x+9

2) (2-a) ,—1—— npu: a)a>2; 2)a<2.
a“-4a+4

Brrunenurs:

L 2+3J§+2_3JE; 2 3—5\(ﬁ+3+5ﬁv1;
% J1_12—3_J1_17—2; K 3+3JE+ETZ‘7:;

5) ﬁ3h2_ﬁ2+3_2ﬁ; 6)3__11/_3 1,/" 3J_

Hokasarsk ¢ NOMOILI0 HEPABEHCTBA MeXK/Jy CPefHHUM apudMeTH-
YeCKMM H CPeJJHHM IeOMeTPHYeCKHM, YTO JAIA JIOOLIX TOJOMKH-
TelbHBIX YHCeJ a ¥ b BHINOJHAETCA HeDaBEHCTBO

e [Esn
b a

YOpOCTHUTE BhlpakeHHe:

JE:J_ Vb; 2) 2(Vx + f)—ff

gy ZVX+ . aJ_ +bVb
) ——;
xy+y a+ J__ b+ b
BpIiuHCIATE HA MHKDOKAJBKYJIATOPE ¢ Tquoc'rbl_o mo 0,01:
) 51, 2 9. | {2655
J26 Va6’ 2
) V5467 J_ V17 J_ V10

Ve DT Ve

HokazaTs, uTo A 06X TOJOKUTENbHBIX YHCeN a u b cnpa-
BEeL/INBO HEPABEHCTBO:

1) Jab> —2—; 2) Jﬁh(i;ﬁh@.
l+l b a

a b
ITocTponTh rpaduk GYHKIHH:
1) y={x2-2x+1; 2) y=4x*-6x+9.
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: ¥YupaxkuHeHHsI
- k raase I

...... |.....|..-.|.,...|.....|.....|.....|.....|.‘...|‘,..‘|....‘|.....|.‘...r_....|.

377 BBIUHCIHTE: ) >
) 3% 2) (oI 3) [J%) _— (3%] .
378 Uro Hoabme:
1) Jﬁ W J§§; 2) 40,2 nan 4J0,3;
3) 3 niam JE; 4) 5 unn @?
Breiuucauts (379—382).
379 1) V21-6-7-8; 2) V72:6-45-15;
3) /225-0,16-400; 4) -\j900'25'1,69.
380 1) V7-463; 2) V8-/98; 3) J75-43; 4) J10-+40.

472, 263 2445 | 44/99
= V35 D s %) Js_o’ D ova

382 1) V2°; 2) V35 3) V5
4) V6°; 5 J(-3)°%;  6) \/( 7)‘*

383 VYupocTuTh:

1) 320 + 28 + V45 - J63;
2 3 3).,[3.
o (2fE-8/T+13) 2
3) (6+/45 3720 +980):(3V5);
4) (748 - 14418 +0,7412): (7V2);
5) 2 —+—2—;
1+JE 3+J§
6 4

) BTz G+ i3

384 Coxparuts apobb:

5a%- 35 - 3x 5x—~ 5J_
1 5 2 3 3)
) a-7 )x+\f§ 3-x?
4J§+J_ 5) J15 -5 | 6) 9-243
b-16a J6 -J10’ 346 - 242
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385

387

388

389

390

CpaBauth: 7 B J48; 23 u342.
Brraucnurs: +/81-49; ,/0,3-120; ——"}?; "2%; 1f(—l'?)z ANETH

VupocTuTs BeIpa)keHUe:

3/8 +4/2-3/18; (V5-v2)%; (2-/3)2+3).

BLIEECTH MHOMKWTeNh M3-TOJ 3HAKA KODH#A: V8a3, a>0.

2_3 Jx+
CokpaTuTe ApoGb: = 3 ‘/; :
x+ \E -y
HMcexnouyurh UppalMoOHANBHEOCTE U3 3HAMEHATEeJ: i; 1

sﬁ 2+J§.

PemuTs ypaBHEHHE:
1) Jx-1=4; 2) Vx+9=5;
3) 1/2(3:—1) =12 4) J2x-T7=1.

IIpm KakuX 3HAYEHHAX X CIPABEAJIMBO DABEHCTBO:

1) |x-2]|=x-2; 2) 18- x|=x-38;
3) J(x+3)* =x+3; 4) J(5-2x)% =2x-5?

YIpOoCTUTEL BLIpAXKEHHE:

1) y:,[xz—zxi-l +Jx2-6x+9 npu:

a) x<1; 6) 1<x<3; B) x>3.
2) yz\/az—4a+4+,jaz—10a+25 npu:
a) a<2; 6) 2<a<5h; B) a>b.

Haiitn sHauedue BoipaxceHus 2x° - bax +2a? opm x= \/E + 1/5

n a=6-5.

YHpocTUTh BhIpayKeHHE:

ab . a’b |
D | Jab a+m]'“—b,
2)ra+ﬁ+a—ﬁ]_a—ﬁ;
a-Jb a++b) a®+b
3) c-ﬁ_c+ﬁ}2cﬁ_
c+Jd e-Jd) e+d’
2 2 2b
4) (2+J3)[ﬁ+2—2_£+4_b).

Cymma aByX umces paBHa 14, a ux passocts v 10. Jlokasars,
4YTO MPOM3BEJEHME STHX YHCeN PaBHO 1.
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391

392

393
394

395

396

397

398

399

YopocTuTs:

1) Jx_y'(i"xy_zg_\[xiy} rae x>0, y>0;

a (1 1 ja_, |b].
2) [EJa:b bJ: bJ:).JE.rnea>0,b>0.

Hckawuants HppanHoOHAJBHOCTE M3 3HaAMEeHaTeJIdA:

1. 2 . JT+ 5 5-443
V"o @ 2ma P Vsieoe

IoxasaTs, uro ecim a>0, b>0, 10 a—Jab+b> Jab.

BrIyucauThs Ha MUKPOKAJNBKYJIATOpe NpHUOJIMIKeHHOe 3HAUYeHUe
KOpHSA ¢ To4yHOocThIO A0 0,01:

1) J4,6; 2) J2,13; 3) /3,148; 4) |/13,69.

Ha MUKpOKaJbKYAATOPE BBIYMCIAUTE ¢ TouHOCTHIO Ao 0,001 3Ha-

YeHHe BLIDAYKEHHSA Ja +1_2 npHu:
a

1) a=1,1; 2) a=1,19; 3) a=0,81; 4) a=0,9.

BerauciuTL 3HAYEeHHE BRIPaYKeHUA ,/3x2_+ 8x-9 ¢ TOYHOCTBIO
no 0,1, ecan:

1) x=38; 2) x=4; 3) x=5,5;

4) x=6,3; 5) x=-25; 6) xr=-31.

Hokasats, 4ro ecin a >0 u b >0, To
(a +b)[1+1] z4,
a b

,I[orcasa'rb. 9TO AAA AWORIX 4Hucea a A b ClIpaBelJINBO Hepa-
BEHCTBO

a+b a4 b’
2 2

YupocTuTh BhIpayKeHHe:
1) y=y/x2-8x+16 +x>~12x+36 mpm:
a) x<4; 6) 4<x<6; B) x>6;

2) y=J4x2—4x+l +J9x2—6x+1 npu:

1 1 1 1
—_" _Q Q_' =
a) x<=; 6) x ;5 B) x>

CpaBHUTE Va + b HJE+ JB,r,u,ea?O ub=0.
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1V

Zaasa

KBaagpaTnbie
. YyPABHEHU A

KBanpatsoe ypasHeHHe
H €ro KOpHH

§% ..... o

3amaua 1

OcHoBaHMe NPAMOYrOJLHHMKA OOJbINE BLICOTH HA
10 cM, a ero miomans paBHa 24 cm”. HaiiTu BEICOTY
OpAMOYTOJIBHAKA.
IIyeTs X CAHTHMETPOB — BHICOTA NPAMOYTOJNBHMKA,
TOTZIA ero OCHOBaHMe paBHO (X + 10) canTuMeTpos. ILio-
waghk 9TOre NpAMOYroAbHHKa paBHa x(x+10) em?.
Ilo ycnosuro 3amaum x(x +10)=24.
PackpreiBas ckobKku M mepeHocs uyucio 24 ¢ MpOTHMBO-
MOJMOXHEIM 3HAKOM B JIEBYI0 YACTHL YPABHEHWSHA, I10-
Jydaem:

x2+10x-24=0.
PaziokuM JieBYI0 YACTh YPABHEHUS HA MHOMKHTNH
crnocofoM I'pynnupoOBKH:

x24+10x-24=x*+12x-2x-24=
=x(x+12)-2(x+12)=(x + 12)(x - 2).
CJIE,I[OB&TEJII)H.O, YpaBHEeHHEe MOMXHO 3alucaTb Tak:
(x+12)(x-2)=0.
9ro ypaBHeHHe UMeeT KOpHH X, = 12, x, =2. Tak kax

ANMAHA OTPE3Ka He MOKeT 6bITh OTPHIATEJBHBIM 4HC-
JIOM, TO MCKOMAsS BBICOTA PaBHA 2 cM. <

Ilpu pemreHu# 3TOH 3agauyM 6GBLIO MOJYUYEHO Ypas-

HeHHe
2 4+10x-24=0,

KOTOpOe HAa3BIBAKT KBAJPATHBLIM.
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Keadpamuvim ypasnenuem masriBaercst ypaBHeHHe

BHJIA

ax+bx+c=0, )

rae a, b, ¢ — sajaEsEbe 4uciaa, a #0, x — Heus-
BeCcTHOe.

3amaua 2

>

Koappunuenrnr a, b, ¢ KBajpaTHOro ypaBHEHHS

06BIYHO HA3BIBAKT TAK: @ — MNEPEbLIM WIN CMAPWUM

Koapuyuenmon, b — emopum KodpPuyuenmon,

¢ — CB0000HbIM YAEHOM.

Hanpumep, B ypasuenuu 3x2 - x + 2 =0 crapmuii xo-

apunuent 3, Bropoit xoahdunuenr —1, csobomHbIi

wieH 2.

Peuienyve MHOTHX 3ajlay MaTeMaTHKH, (PH3UKH, Tex-

HHKHU CBOJUTCA K DelIeHHI0 KBaJPATHBIX YPDaBHEHHH.

IlpuBenem eme mpuMepbl KBaJpPATHLIX YpPaBHEHHII:
2x2+x-1=0, 5t2-10t+3=0,

x2-25=0, 2x2=0.

Ilpn pemreHWH MHOTHX 3884 [OJY4YalOTCsH ypae-

HeHHMHA, KOTOpHIE C IIOMOIIbI0 ajrefpamdecKMx Ipe-

obpasopaHuil cBOAATCH K KBajgpaTHRIM. Hanpumep,

ypaBHenue 2x2+3x=x%2+2x + 2 mocje nepeHeceHHs

BCEX €ro 4JIEHOB B JEeBYI0 YACTb M IPHUBEIEHHA MOX00-

HbIX UJEHOB CBOJAUTCA K KBAADATHOMY YPABHEHUIO

x*+x-2=0.

Pemuts ypaBHenue x2 = 64.

Ilepenecem 64 B neBy0 4acTh, MOJYYMM KBajpaTHOe

ypasHenue x> —64=0.

PaanouM JIeBYI 4acTh HA MHOMKHTEJM:

(x—8)(x+8)=0.
CnepoBaTenbHO, YpaBHeHHe MMeeT [Ba KOpHA: x, =8,

X, = -8. <
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3ameTHM, 4TO NepBHI# KOpeHs ypaBHeHMa x° =64
ABIAETCA apU(dMeTHYECKHM KODHEM u3 uuciaa 64,
a BTOPOil — IPOTHRBOIOJNOKHBIM €My YHCIOM:

x, =464, x,= —/64.
Iru nse dopmysisl 00bIUHO 00'BEZUHAIOT B ONHY:

xLz:iJ@.

Orser k samave 2 MOMCHO 3alHCaTh Tak: x; ,=18.
Vpasrenue x2 =64 ABaseTcA YACTHBIM CIyYaeM ypas-
HeHHA BUAa x2=d.

Teopema. Ypasuenue x°=d, rae d >0, umeer gBa
¥
o Ty=Nd, X =-vd.

Ilepenecem d B JIeByI0 HacThb ypaBHEHHA:

x2-d=0.
Tax xkak d >0, To 0 onpefeseHNI0 apH(PMETHIECKOTO
KBaJpaTHOro KOpPHA d =(JE)2. IloaToMy ypaBHeHHe
MOJKHO 3aIMCATh TaK!

x?-(Jd)?=0.

Pasnomxum JIEBYIO HACTh 3TOI'0 ypaBHeHHA HA MHOMH-
TeJIH, NOJY9IHM:

(x-d)z+d)=0,
OTKYyLa xl=ﬁ, xzz—JE.

Hanpumep, YypaBHeHHe xzzg UMeeT KOpDHH

T tJ%= i%: ypaBHeEHMe x°=3 wuMeeT KODHH

11.22'5\/5; ypaBHeHHe x2=8 uUmMeeT KODHH
x, ,=+/8=22/2.

Ecnu B ypaBHenuu x°=d mpapas wacTh paBHa HYJIO,
ro ypaBHenHe x’=0 umeer oaun xopedb x=0. Tak
kak ypasHeHMe x°=(0 MOKHO 3amHucaTh B BHJe
x-x=0, To UHOrlAa rOBOPAT, UTO ypaBHeHHe x2=0
HMeeT [Ba PaBHBIX KOPHA: X; ,=0.

Ecau d <0, mo ypasnenue x*=d ne umeem deitcmsu-
menbHbIX KOPHEil, TAK KaK KBaJPAT JeHCTBUTEJIBHOIO
YHCJIa He MOXKeT OBITh OTPHIATeNBHLIM YHcjaoM. Ha-
npuMep, ypasHenue x2=-25 He UMeeT AEACTBHTENb-
HEIX KOpHeil.
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401

402

403

405

% B

408

409

410

YupaxHeEus

(Yermo.) Kakye H3 JAHH&IX YpaBHeHHH SBASHTCA KBAJpaT-
HEIMHA:

1) 5x%-14x+17=0; 2) %x*+4=0;
8) ~7x*-13x+8=0; 4) 17Tx+24=0;
5) -18x*+26=0; 6) x*-x=0?

(¥creo.) HaspaTh KosddunmeaThl B choGoAHEIH UNeH KBagpar-
HOT'0 YpABHEHHA:

1) 5x2-14x+17=0; 2) %x2+4:0;
3) ~x2+x+%=0; 4) —Tx2_13x+8=0;
5) x2+25x=0; G) ~x*-x=0.

3anucarTh KBagpaTHOE ypasHenue ax?+bx + ¢ =0, ecIu H3BeCT-
HEl ero Ko IHenT::

De=2,6=3, c=4; Da=-1b=0,¢c=9;

3 a=1,b=-5,¢=0; 4) a=1, =0, c=0.
TIplBecTH JAHHQE YPABHEHEE K BMJY KBAJDATHOTO:

1) x(x—3)=4; 2) (x-8Yx-1)=12;

3) 3x(x-5)=x(x+1)-x%; 4) T(x2-1)=2(x + 2} x - 2).

Kaxue us uncen -3, —2, 0, -1, 1, 2, 3 ApAAIOTCA KODHAMHW YPaB-
HEHRHA:

1) x2-9=0; D x*+x-6=0; 3) (x-D(x+2)=0;
4) x2-x=0; 5) x2-5x+6=0; 6) (x+ I x—F=x?
(Yerao.) CxoJBKO KODHeit uMeeT ypaRHeHHe xZ = 36? Haiith nx.
Kaxoii #a Emx ABJAAETeA apEpMeTHYECKUM KOopHeM u3 367
(YerHo.) PemnTs ypaBHEEHe:

1) x%=1; 2) x2=9; 3) x¥=16;
4) x2 =25, 5) x%2=100; 8) x2=0.
HaijiTH xopn¥ ypaBHeHHA:

a_9, 2_16, 2_17.
1) = 16’ 2) x FrE ) x g’
4) x?=2 5) x2=5; 6) x*=13.
PemnTr. ypasHeHEHE!
1) x2-49=0;  2) x2-121-=0; 8) %x2=0;

2
4) 55—:0; 8) x2+9=0; 6) x2+12=0,.

PelnATe KBaJpATHOE YPABHERHE, PASJOKHE €0 JEBYIO UACThL Ha
MHOMKHTCAHN:

1) x2-x=0; 2) x2+2x=0 3) 322 +6x=0;

4) 5x2-3x=0; B) x2-4x+4=0; 6) x216x+9=0.
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411

412

413

414

415

416

LR

BLIYHCIUTH NPUOIHIKEHHO ¢ MOMOINBK MHKPOKAIBKYJIATODA
KODHH YDABHEHHUS:

1) x2=7,12; 2) x%2=31; 3) x?=0,4624;

4) x*=675; 5) x*-9735=0; 6) x2-0,021=0.
PemuTs ypaBHeHHE:

1) (x-2)(x%2+2x+4)-x?(x-18)=0;

2) (x+1)(x%2-x+1)-x%(x+4)=0.

IoxasaTs, uro ypaBHeHHs x°=4 u |x|=2 umelor ogrn 1 Te xe
KODHH.

HaiiTy Takoe mOJOMKUTEIbHOE uHcJO b, 4TO6BI JeBas 9acThb
yPABHEHMA OKASANACH KBAJAPATOM CYMMBI MJIM DA3HOCTH, H pe-
IIHTE TONYYeHHOe YpaBHEeHHe:

1) x*+bx+4=0; 2) x>-bx+9=0;

3) x2-8x+b=0; 4) x2+§x+b=o.

Pemuth ypaBHeHHE:
1) x2+4x+3=0; 2) x2+3x+2=0.

JokasaTh, 4TO ecaM HHCAO X, — KOPeHb yPABHeHUS ax’+

+bx+c¢=0, rge c#0, TOo uHcIO S KOpeHb ypaBHEeHHA
2 *o

cx“+bx+a=0.

Henoausie KBanpaTHEIE
VpaBHeHud

Kpagpataoe ypaBHenue ax®+bx+c¢=0 nHasrBawT
HenosHbiM, €cJin X0oTs Obl OfUMH U3 KoadpunueHTOB
b unu ¢ pasen Hyaio. TakuM o6pasoM, HeMOJTHOE KBAJ-
paTHOe YpaBHEHHE €CTh YPaBHEHHe OJ[HOTO U3 CleAYIo-
IMX BUAOB:

ax?=0, (1)
ax?+¢=0, c#0, (2)
ax?+bx=0, b=0. (3)

3ameruM, uTo B ypasuenuax (1), (2), (3) xoobdunu-
€HT g He PaBeH HYJIO.

Iloka)xkeM, Kak pEMIANTCA HENOoJHble KBaJgpaTHEIE
YPaBHEHHSA.
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3agaua 1 Pemurs ypaBHeHue 5x2=0.

Paanenns obe yacTH 9TOr0 YpaBHEHHA HA 5, DONYYHM:
x2=0,
orkysa x=0.

3anaua 2 Pemurh ypaBHeHHe 3x2 — 27 =0,

Pagnennm ofe wacTH ypaBHeHHS Ha 3:
x2-9=0.
IT0 ypaBHEHHE MOMXHO 3alMCaTh TaK:

x%=9,
OTKYJa X; o =x3.

3agaua 3 Pemurs ypasHenue 2x%+ 7 =0.

YpaBHeHHe MOXKHO 3a4IHCATEH TAK:

I9T0 ypaBHEHHe AelCTBUTENbHLIX KOpHeH He umeer,
rak kak xZ 20 ana mwoboro AeliCTBUTENIBLHOIO YHC-

Ja Xx.
3anaua 4 Pemuts ypaBHeHne —3x2+5x=0.
Pa3ioKUB JeBYI0 YaCTh YPABHEHHUA HA MHOMKHUTENH,
Oy unM:
x(-3x+5)=0,
orkyzaa x; =0, x, =%.
Orzer x,=0, x2=%.
YnpaxHeHHd
PemuTe ypaBeEenue (417—421).
417 1) x*=0; 2) 83x2=0; 3) 5x2=125;
4) 9x2=81; 5) 4x2 - 64=0; 6) x2-27=0;
- 7) 4x2=81; 8) 0,01x%2=4.
418 1) x2-Tx=0; 2) x2+5x=0; 3) 5x2=3x;
4) 4x2=0,16x; 5) 9x2-x=0; 6) 9x2+1=0.
419 1) 4x2-169=0; 2) 25—-16x%2=0; 3) 2x2-16=0;
4) 3x%=15; 5) 2x2=%; 6) 3::2:5%.
2 _ 2 2 _r 2 _
420 1) X 1o5 9y 9=x g, 3y 4-F 8, 4 g 274
3 5 5
421 1) 3x2+6x=8x2-15x; 2) 17x2-5x=14x?+Tx;
3) 10x+7x*=2x%+8x; 4) 15x+9x2=7x2+10x.
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422

423

424

425

426

427

Ilpu KaKUX 3HAYEHHAX Y 3HAUEHUSA AAHHEIX Jpobeil paBHEBI:
4x>-3x x%+5x 3x2+Tx Tx%-5x

1) " s 2) H ?

3 2 4 3

PemuTh ypaBHeHHE:

1) x(x—-15)=3(108 - 5x);

2) (x—T)(x+3)+(x-1)(x+5)=102;

3) (2x+1)(x-3)-(1- x)(x-5)=29 - 11x;

4) (8x-8)2-(4x-6)2+(5x-2)(bx +2)=96.

HaiiTi uneno, KBafipaT KOTOPOro PaBeH YABOEHHOMY 3TOMY uHC-

ny. CKOJIEKO pelnieHHH uMeeT sajaua?

HaiiTn 4yucao, KBajpaT KOTOPOI'0, VMEHBIIEeHHEII Ha 4, paBeH

Hymo. CkoabKo peureHuii uMeer 3agaua?

Ilrowans xpyra Belyucnserca no gopmyne S =nR? (rge S —
nuomank, R — paauye kpyra). Ha MUKpOKaNBKYIATOPE BhIYHC-
JIUTHL ¢ TOuHOCTHIO Ao 0,1 M AHaMeTp LMPKOBOM apeHEl, €CIIH ee

njomaxns cocraBager 2000 m2,
Pewmnts ypaBHenme:

x2-9 2
1) =0; 2) 2X+x" _o.
x-3 x+2

Merton BRIICJeHUSH
NOJTHOTO KBajgpara

Ilna penieHus KBaJpaTHLIX YPaBHEHHH NpHUMeHAeTCH
Memod evidenenusn noanozo keadpama. IlogcHUM aTOT

MEeTOJ] Ha NpHMepax.

3apaua 1 PemnTh KBaJpaTHOE ypaBHEHHe

x2+2x-38=0.
p IIpeobpasyeM 2TO YDABHEHHE TaK:

x2+2x=38,
2+2x+1=3+1,
(x+1)2=4.

Crneporatenero, x + 1 =2 unn x +1=-2, oTkyga x; =1,

Xy = -3. -
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Pemas ypasaenme x%+ 2x —3 =0, Mul npeobpasoBanu
ero Tak, 4TO B JIEBOM YACTH IMOJYYHJIICS KBAAPAT ABY-
uneHa (x+1)%, a npaBas yacTh He COZEPIKHT HEM3-
BECTHOe.

3agaua 2 PemuTs ypaBHenMe x2+6x -7 =0.

¥ IIpeobpasayem oTO ypaBHEHHME TaK, 4YTOOBI B JIeBOH Hac-
TH IOJIYYHUIICS KBAAPAT NBYUJIeHA:

»2+6x="7,

2 +2-3x="17,
x2+2-3x+3%="T+3%,

(x+3)%2=16.

ToacauM oTu npeobpasosannsa. B sripaxennn x? + 6x
NIepBOE ciaraeMoe — KBaJApPAT YHCJa X, 8 BTOpOe —
yZABoeHHOe npounasesenue X u 3. [loaromy gsa nonyye-
HHUsA B JIeBOH UYACTH YpaBHEHHS KBajApaTa ABYYJIeHA
HYKHO TIpHOGABHTE K 00eMM YacTAM ypaBHeHMs 3°.
Pemas ypaBHenue (x+83)2=16, moaygaem x+3=4
unu x +3=-4, orkyna x;=1, x,=-7. <

3apgaua 3 Pemruts ypasuenne 4x2-8x +3=0.

» 4x? -8x=-3,
(2x)2-2-2:-2x=-38,
(2x)2—2-2-2x+4=-83+4,
2x-2)*=1,

2x-2=1nan 2x—2=—1,xl=g, x2=%- <
3apaua 4 Pemuts ypasrernne x%+5x—-14=0.
> x2+5x=14,

s o 5. 25 < . 25
+2-x+—=14+=,
* 2% "% 4

5 ? 81
x+—-| ==,
5 9
+2=+Z
Ty Ty
-9_5_ -_9_5__
#=g g~ B=ymp= T A
¥YnpaxxHeHH A

428 HaiiTa Taxkoe HOJOMUTEILHOE YHCIO M, YTOGH JaHHOE BhIpaMe-
H¥e GBLIO KBaJpaToM CYMMBI HJIH PasHOCTH:
1) x2+4x+m; 2) x2-6x+m; 3) x2-14x+m;
4) x2+16x+m; 5) x2+mx+4; 6) x2-—mx+9.
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429 MeTrozom BhIJIETEHUS TOTHOTO KBAAPATA PEIUThH YPaRHEHHE:

1) x2-4x-5=0; 2) x2+4x-12=0;
3) x2+2x-15=0; 4) x2-10x+16=0;
5) x2-6x+3=0; 6) x2+8x-7=0.

Pemrnts ypasHenue (430—432).
430 1) 9x*+6x-8=0; 2) 25x%-10x-3=0.
431 1) x?-5x+4=0; 2) x*-3x-10=0.
1) 2x2+3x-5=0; 2) 5x2-Tx-6=0.

: Pemrenue
KBaAPATHBIX YPAaBHEHMH

§ _____ e beenebene i renedate e b senets o b s g ie et

B npeamigyiem naparpage 6bL1H paccMOTDEHEI perle-
HHUA KBaJpPaTHBIX ypaBHEHHﬁ MeTOJOM EBhIJEJEHHA
NOJIHOTO KBajgpaTa. HpHMéHHM 3TOT MeTo[ AJiSA BLIBO-
Aa GopMyJibl, 10 KOTOPOI MOMKHO pelIaTh KBaJipaTHOe
ypaBHeHHe 00I1ero BU/a.
Pacemorpum KBagpaTHOoe ypaBHeHue ofliero Buja:
ax?+bx+c=0,
rae a=0.
Paspenus obe yacTH ypaBHEHWS HA @, MOJIVUHM:
2+l 0.
a a

IIpeoGpa3yem 3TO ypaBHeHMe TaK, YTOOLI B JeBoii yac-
TH NOJYYHICA KBaZpaT AByuJeHa:

x4 be=_C,
a a
2 2
2420 s 2oy,
2a 2a a 2a
2
b2 -4
PRSI (1)
2a 44
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3apnaga 1

Otger

3apnaua 2

Orser

3apaua 3

>

2

2 2
b* -4ac
Ecnnb2—4ac>0,'ro(x+§b-} = ‘/7 , OTKYJa
a

2a
b —4dae b2 -dac
LTINS Lo S TS Lot
2a 2a 3 2a 2a
HIH
~b+ b2 —dac
2, = )

Dopmyay (2) HasbIBAOT QopMYyaoll KopHell keadpam-
HO20 YpasHeHus obIero BUiA.

Pemuts ypapHenme 6x2+ x—-2=0.
3nece a=6, b=1, ¢ =-2. Ilo dopmyne (2) HaxomuM:

-1+ J12-4-6(-2) _1+ 19 17

X = -
thiz 2-6 12 12
-1+7 1 -1-7_ 2
OTKYIA X, = ==, Xg=——— ===,
e TR M T 3
1 2
x|=5. 12:—5. 4

Pemurs ypasHenue 4x% —4x +1=0.
3nece a=4, b=-4, ¢=1. Ilo dopmyne (2) Haxogum:

a+ [42-4-4-1 449

2-4 8

1
Xy,2= =3

1
x==, <
2

Ecau B paBeHcTBe (1) mpaBas 4acTh OTPHIATENLHA,
T. e. b2 —4ac <0, To pasencrso (1) He MoxeT BLITH
BEPHBEIM HU NP KAKOM JeHCTBUTEIBHOM X, TAK KAK
ero jieBasd 4acTh HEOTPHIATENbHA.

IlosTomy ypaenenue ax? +bx +c =0 ne umeem deitcm-
sumenvHblx KOpHeil, ecau b® —4ac <0.

Bripaskenue b’ —4ac HA3LIBAIOT OQUCKPUMUHAHMOM
n obozrauator 6yksoit D, 1. e. D =b* — dac.

JokasaTh, 4To ypaBHeHHe x®—4x+5=0 He HMeeT
JeCTBUTENbHBIX KODHEH.

Sneceba=1,b=-4, ¢=5,
b?2-4ac=(-4)>-4-1-5=-4<0,
CnegoBarenbHO, JaHHOE ypaBHEeHHe He umeeT aeiict-

BUTEJBLHEIX KOpHei. <
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3amaua 4 Pemute ypaBHenue 2x% +3x +4=0.
I ITo dopmyne (2) umeem:

x _-3+y9-4-2-4
1,2~ -
4

Yucno, crosiee Mmoji 3HAKOM KOPHS, OTPHUIATEILHO:
D=9-4-2:4=9-32<0.
OtBer Ypaeeenue HE HMeeT JeliCTBUTENbHBIX KOpHei. <J
HenmosHBle KBAaJPATHBIE VPABHEHUS TaKKe MOMKHO
pemaTe no (opmyJse (2), oAHAKO NPH HX pelIeHHHA

yaobHee MOJbL30BATHCA NPHEMAMH, PACCMOTDEHHLIMH
B § 26.

3apmaua 5 JlokasaTs, 4TO KOPHH KBaJAPATHOrO yPaBHEHHS
ax?+2mx+c¢=0,
rae a #0, m?—ac >0, MOXKHO HaXOAUTEL O dopMyIe

-m t ,,‘m 2 _ac
xl, 2 = (3)
a
P Bpeck b =2m. Ilo obieit hopMyse KOpHEel KBaApaTHO-
ro ypasHeHusa (2) moaydaem:

-2m + J4m3—4ac -2m + 2y/m? - ac B

X o= =
e 2a 2a

-m * 1||'m2—ac
—_—

a

3anmauva 6 Pemuthr ypaBHeHMe 3x% —4x+1=0,
P Brech b=-4=2.(-2), 1. e. m=-2.
ITo dopmyne (3) HaxoauM:
2:J4-3 _211

xlvzz 3 3 » OTKYJAa x].=1v x2=%.
- OrBetr s =il Iz=%— <
YnpaxHeHHA
433 Haiitu snavenue BrIpaskenus /b% - dac npn:
1) a=3,b=1, c=—4; 2) a=3, b=-0,2, ¢ =-0,01;

3) a=17, b=-6, ¢ =-45; 4) a=-1, b=35, ¢=1800.
434 PeuidTh KBaJpaTHOE YpaBHEHHE:

1) 2x2+3x+1=0; 2) 2x2-3x+1=0;
8) 2x%2+5x+2=0; 4) 2x*-Tx+3=0;
5) 3x%2+11x+6=0; 6) 4x2-11x+6=0.
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435

437

439

440

441

442

444

Haiitu Bce 3HAuYeHWA X, NPH KOTOPBIX 3HAYEHHE BRIDAXKEHUA
PaBHO HYJIIO:

1) 2x2+5x-3; 2) 2x2-Tx—-4;
3) 3x*+x-4; 4) 3x%2+2x-1;
5) x2+4x-38; 6) 3x2+12x+10;
7 2x’+x+1; 8) —3x2—x+4.
Pemuts kBagpaTHOe ypaBHeHue (436—437).
1) 9x2-6x+1=0; 2) 16x2-8x+1=0;
3) 49x2+28x+4=0; 4) 36x2+12x+1=0.
1) 2x%+x+1=0; 2) 3x2-x+2=0;
8) 5x*+2x+8=0; 4) x2-2x+10=0.
He pemas ypaBHeHHA, ONPeJIeINTE, CKOJILKO KODHEH OHO HMeer:
1) 2x2+5x-7=0; 2) 3x2-Tx-8=0;
3) 4x*+4x+1=0; 4) 9x2-6x+2=0.
Pemuts ypaBuenue (439—441).
1) Tx*-6x+2=0; 2) 3x2-5x+4=0;
3) 9x2+12x+4=0; 4) 4x?-20x+25=0;
5) 4x2+12x+9=0; 6) x2-3x-4=0.
1) 6x2=5x+1; 2) 522+ 1=6x;
3) x(x-1)=72; 4) x(x+1)=56;
5) 2x(x+2)=8x+3; 6) 3x(x—2)—1=x-0,5(8 + x?).
1) x2+3x__x+7.

2 a4’

2 _
9) X 3%, po11

2 2 _
3) 2x +x_2_3x=x 6;

3 4 6

2
4 TrX _3-Tx_go3

4 20

HaiiTH Bce 3HAYeHUS @, NPH KOTOPHIX YypaBHeHHe ax?+
+3x+2=0,rpe a #0:

1) mmMeeT JBa pPasJHYHBIX KODHS;

2) He UMeeT KOpHeii;

3) mMeeT OAMH KOPEHE.

HatiTw BCe 3HAUEHHS ¢, IPU KOTOPEIX ypaBHeHUe x2—2x +¢ =0:
1) mMeeT IBa pasIHYHBIX KODPHS;

2) mMeeT OJJMH KODEHb.

PemuTe ypaBHEeHHMe, HcHoab3yda opmyny (3):
1) 5x2-8x-4=0; 2) 4x2+4x-8=0;
3) 8x2-6x+1=0; 4) 5x2-26x+5=0.
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445

447

449

KYB, JJIHHA PEBPA KOTOPOIrO 3CM,
MOKPAIIEH KPACHOH KPACKOH.

EI'O PA3PE3AJIH HA KYBHKH IO 1CM’.
CKOJBKO KVBEHKEOB HMEIOT

TPH KPACHBIE 'PAHH?

JABE KPACHBIE TPAHH?

OJHY KPACHYIO I'PAHK?

HH OJHOH KPACHOH TPAHH?

C mOMOINBI0 MHKPOKAJBKYIATOPA PEIIUTh YPaBHEHHE:
1) 2,5x2-30,75x+ 93,8 =0;

2) 1,2x2+5,76x + 6,324 =0;

3) 17x2-918x-125307 =0;

4) 13x2-702x-82251=0.

Banucarb GopMysy KOpHeil KBaJApaTHOro ypaBHeHHA x2+2mx +
+¢ =0, pemuTk ¢ TOMOUILIO 3TO (POPMY.IEl ypaBHEHUeE:

1) x2-12x+20=0; 2) x2+10x+24=0;

3) x2+10x—24=0; 4) x*-50x+49=0.

C momompi0 MEKPOKANBKYIATOPA HAiiTH npubiuieHHLIe 3HAYE-
HHA KOpPHeH ypaBHeHHs ¢ TouHocThi0 o 0,01:

1) 1,3x2+5,7x+5,1=0; 2) 2,3x2-30,1x+89=0;

3) x2+19x-68=0; 4) x*-23x-51=0.

Ioxasats, uro ypaBHeHme x°+ px—1=0 npu moboMm p umeer
JBA pa3HYHEIX KOPHA.

IokasaTb, 4To ypaBHeHHe ax2+bx —a =0 npn a #0 u aobom b
HMeeT ABa PA3JIWUHBIX KOPHA.
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HpuBegennoe ksajiparHoe ypasHeHHe.
Teopema Buera

§@ ..... e testroaeeae e

KranparHoe ypaBHeHHe BUJA
x2+px+q=0 (1)
HA3EIBAETCS NpugedeHHbLM.
B srom ypaBHeHun crapmuii KoshhunueHT paBeH
enuHuNe. Hanpumep, ypaBHenne x2 —3x —4=0 apua-
eTCA NPUBEASHHEIM KBAZAPATHEIM ypDaBHEHHEM.

Beaxoe kBagpaTHOe ypaBHeHHe ax? + bx + ¢ = 0 moxxer
OpITe puBegeHo K BHAY (1) menenumem ofeux uyacreit
ypasHeHus Ha a #0.

Hanpumep, ypasuenue 4x2+4x — 3 =0 genenuem Ha 4
IPHUBOAMTCS K BHAY X°+ x — g =0.
HaiieM xOpHEM NpPUBEAEHHOrO KBAJPATHOTO ypaBHe-

Hus (1). Jas aToro BOCNoNAbL3yeMcH (HOpMyIo#i KOpHeH
KBaJpaTHOTO ypaBHeHHA 0BIIero Buia

ax?+bx+c=0,

—b+ ,Hbz—uzc

2a

T. e. hopmynoH

(2)

X,2=

IIpuBegeHHOe ypaBHEHME
x’+px+q=0
€CTh YACTHBIN cliyuai ypaBHeHus o0miero BHAa, B KO-

TopoM a =1, b= p, ¢ =q. IloaTtomy Aj1a DpHBeJeHHOr0
KBaApaTHOTO ypaBHeHus d¢opmyna (2) npmeEmmaer

BUA:
-ptp*-4q
xl.zz—"z_’
HIIH
p,|(p)
LS. {E] -q. 3)

Dopmyny (3) HasbIBaloT GOpMYNOL KOpHel npueedei-
H020 KBadpamHozo ypasHenua. Mopmynoi (3) ocoben-
HO yno0HO NMOJB30BATHCA, KOTJA P — YeTHOE YHCJO.
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3amaua 1 Pemute ypaBrHenne x2 - 14x-15=0.
ITo dopmyie (3) HAXOAUM:

X ,=T%£/49+15=T%8,.
OtBet x,=15, x,=-1.

Jlna npuBeeHHOrO KBAAPATHOTO YPABHEHHA CIpAaBes-
JIMBA cleAyIomas TeopeMa:

Teopema Buera. Eciu x; m x, — xopEn ypas-
HeHH#

x2+ px+q=0,
TO CHOpaBeAJHBBI (HOPMYJIbI

x,+x,=-p,

* " *¥2=q,

T. €. CyMMa KOpHel NpHBeJEeHHOro KBaJpaTHOTO
YPaBHEHHSA paBHA BTOPOMY Koa(hGhHIHEHTY, B3ATOMY
¢ IPOTHRBOMOJIOHBIM 3HAKOM, 4 IpPOM3BeJeHHE KOD-
Heil paBHO cBODOAHOMY 4JIeHY.

Ilo dopmyne (3) umeem:

2
P p
n=-g+ (E) -9 Xy ==

|

CkrnanpiBasi 9TH paBeHCTBA, MOJydaeM:
X+ Xg=~—p.

IlepemHOXKAA 9TH paBeHCTBa, mo (GopMyJe pasHOCTH
KBaJPaTOBR MOJIyYaeM:

|
()

Hanpumep, ypasunenne x—13x + 30 =0 umeeT xKOpHH
x,=10, x,=3; cymma ero KopHed x,+ x,=13, a ux
npouspenenue x, x, =30. Ormerum, uTo Teopema Bme-
Ta cOpaBefJHBa U B clydae, KOrja KBaJpaTHOe ypasB-

HeHHUe MMeeT [BA PABHBIX KOPHA: X, = X,=— g

Haupumep, ypaBHenue x°-6x+9=0 umeeT paBHbIe
KODHHU: X, = X, = 3; UX cyMMa X, + x, = 6, npouasesenue
XXy =9.
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3anaua 2

Oteer

Banava 3

Otser

3anava 4

Opue ®3 KOpHe#l ypaBHeHHs x°+ px—12=0 pasen
x;=4. Hafitn xoadduuuesT p ¥ BTOPOH# KOpPEHB X,
3TOTO YPABHEHUS .
ITo Teopeme Buera

X, x3=-12, x,+x,=-p.
Tak kxak x,=4, 1o 4x, = -12, oTkyzna x, = -3,

Pp=—(x;+x3)=-(4-3)=-1.
x,=-3, p=-1.

CocTaBuTh NPUBEJEHHOE KBAAPATHOE YPABHEHHE, KOD-
HH KOTOpOro X, =3, x;=4.

Tax xak x,=3, x,=4 — KOpPHM ypaBHeHHS X+ px+
+q =0, To mo Teopeme Buera

P=_(II+I2)=—7, q=x1x2 =12.
x2-Tx+12=0.

OauH M3 xopHeii ypasHenusa 3x% + 8x —4 =0 monoxu-
TeneH. He perrasi ypaBHeHHA, ONPEAEJUTh 3HAK BTO-
pOTr0 KOPHA.

Paspgenns obe yacTn ypaBHEHHMA HA 3, MOJIYUHM:

2,8, 4_p.
T3t T3

ITo Teopeme Buera x,x, = A% <0. ITo ycnopuio x,>0,

CIefJOBaTeNbHO, X, < 0.
IIpu pemeHUN HEKOTOPHIX 3aka4 IPUMEHAETCH CJAeLY-
0Inas meopema, obpamuas meopeme Buema:

Ecnu uncna p, g, x;, X, TAKOBBI, YTO

X +Xy=—Pp, %X'Xp=4g, (4)

TO X; M X, — KODHM ypaBHeHHA x>+ px+q=0.

ToacTaBuM B JIEBYIO 4ACTb X2+ pX + ¢ BMECTO P BbIpa-
menue —(x;+ x,), a BMECTO ¢ NPOH3BEAECHHUE X, " Xy.
TTonyuum:
X2+ pr4+g=xi-(x,+2)x+x%,=
=Xl X X - Xy X+ Xy Xy = X(X - X)) — Xy (X — X)) =
=(x—x)(x - x;).

Takum obpasom, ecay ¥ucna p, ¢, X; U X, CBASAHEI
cooTHOIMeHuAMH (4), To TpPH Bcex X BBINOJHSAETCH
paBeHCTBO x*+ px+¢ =(x— x,)(x — x,), ©8 KOTOPO-
ro cjJepyer, 4YTO X; H X, — KODHH YypaBHEHHSH
x2+ px+g=0.
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3amaua 5

3apauga 6

C momonisio Teopemsl, obpaTHoit Teopeme Buera, uHO-
raa MOXKHO nodGopom HalTH KODHH KBajpaTHOTrO
yPaBHEHUS.

ITogbopom HAWTH KOPHH YpaBHEHHA
x2-5x+6=0.
3necy p=-5, g =6. [lonbepem ABa umcaa x, U X, TaK,
4yTobel X, + Xy =5, x,x,=6.
SameTus, uro 6 =2-3, a 2 + 3=5, mo Teopeme, obpart-
HO#l Teopeme Buera, monydaem, 4To X, =2, X, =3 —
KOpHH ypaBHeHHA x°—5x+6=0.
xt-x-12
x+3
Paznoxum gucauTens Apobu HAa MHOMKHUTEIIH:
x2-x-12=x2-4x+3x-12=
=x(x-4)+3(x-4)=(x—-4)(x+3).
CnemosarenbHo,
xf-x-12 (x-4)x+ 3)_
x+ 3 x+ 3

YnpocTuTh Apobb

- 4.

Muorousied ax?+bx +e¢, rue a #0, HasplBaOT KEad-
pamubim mpexyaenom. Ilpu pereHun 3ajadn 5 KBaj-
paTHBIH TpexuleH X — x ~ 12 6Bl pasioKeH HA MHO-
HUTeNn cnocobom rpynnupoBkr. Ero momxuO0 ObBLIO
TAKIKe PasdIOKHUTh HA MHOMKHUTEJNH, UCIOJL3YA CIegy-
JOILIYIO TEeopeMy:

Teopema. Eciu x, ¥ X, — KODHHM KBaJPATHOTO
ypaBHeHHU#A ax’ + bx + ¢ =0, To OPH Bcex x cOpaBejIx-
BO DaBEHCTBO

ax?2+bx+c=a(x-x)(x—xy). (5)

IIpeobpasyeM BeipaKeHue, cTofllee B NPaBOH 4YacTH
paseHcTBa (d):
a(x—x)(x-xy)=ax?—ax' x;—ax- x,+ax,x, =
=ax?-a(x,+ x,)x +ax, x,. (6)
Tax kak x| u X, — KOpPHHM ypaBHEHUSH ax®+bx+c=0,
b
[

P ¢
T. e. ypasHeHus x2+ = x + = =0, To mo Teopeme Buera
a

b (o
X+ Xg=——, XyXg=—
T ey b 1%2= 7
oTryza a(x, + x,)=-b, ax,x,=c.
ITogcraBnsaA 3TH BhIpa)xeHUs B paseHcTBO (6) monywua-

eMm dopmyay (5).
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2e2+5x-3

Bamaaa 7 VopooTiTE BHPAMEHNE ——

450

451

452

2-r-12
PaanoxuM uBCIHTENER ¥ 28HAMEeHATeldb APCOM Ha MBO-
HUTLINA,
1) Ypabueune 2x2 4+ 5x— 3=0 mucer KopaR

1
=g xy=—3.

Ilo moxasanHO Teopeme

2x2+5x—3=2[x—-;-](x+3)=(2x—1)(x+3).

2) Ypasrenue x%—x—12=0 uMeer kKopau xr,=-3,
x; =4, Ilo poxasarHo#l Teopeme
x2-x-12=(x+3)(x-4).
TakuM obpazom,
2x?+5x~3 (2x—1Nx+3)_2x-1
¥P-x—12 (x+3Kx-4) zx-4

¥npaxupeaun

PeinnTs nprneeaennoe KBagpaTHOS YpaBHEHHE!

1) 2b+dr-5=0; 2) ¥2—6x-T7T=0;

3 x*-8x-9=0; 4) x2+6x~40=0;

5 x*+x-6=0; 6) x2=x=-2=0.

(Yerro.) HaMiT cyMMy M ODOH3BEIeHHE KOPHEH TPHBEASHHOIQ
KBQAPUTHOIY YPABHEHH A, HMEOLIEero HOPHH:

1) x*—x-2=0; 2) x?-5x-6=0;
3) x2+3x+2=0 4) x2+8x-4=0;
5 x'-Tx+5=0; 6) x>+9x-6=0.

(¥Yerno.) OauH u3 KopHeit ypasHeHna x2 ~ 19x + 18 = 0 pasen 1.
Haitra ero BTOpO# KOPEeHb,

(Yerno.) Ouuy M3 KopEeit ypasnerna 28x? +23x —5=0 pasen
—1. HaiiTr ero Bropoit xopens.

{(Yerno.) He pemiaa ypasHeHHMA, HMEOIEre KODHH, ONDEIedHTE
SHAKHE ero KOpHeH:

1) 2®+4x-5=0; 2) x2+5x+3=0;

3) x*-5x+3=0; 4) x2-8x-T=0,

Sanncatek npHBeASHECE KBAAPDATHOS YPABHCHHE, HMEIOOIES KOpD-
HA X, U X,:

1) x,=3, x,=-1; 2) x,=2, x,=8;

3) x,=-4, x,=-5; 4) x;=-8, x;=6.

IoxBopon maiiTH KOPHH YPABHEHUA:

1) 22 +5x+6=0; 2) x*-Tx+12=0; 3) x*—B6x+5=0;
4) x2+8x+7=0; B5) x*-8x+15=0; 6) x?+2x-15=0.
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457

459

460

461

462

463

464

465

466

467

KBagpaTHBIH TpexdjieH Pa3IOoKHTh HA MHOMHUTEJH:

1) x2-5x+6; 2) x2+4x-35;
3) x2+5x-24; 4) x%+x-42;
5) 2x2-x-1; 6) 8x°2+10x+3;
7)) 6x%+Tx-2; 8) —d4x?-Tx+2.
CoxpaTuTh Apobb:
1 xz+x—2; 2) x2+4x—12; 3) x+3 :
F o | x—2 12—61—27
2 _ _ 2 -
4) x-8 . 5 2x°-3x 2; 6) 3x°+8x 3-
x% - x-56 4x2-1 9x%-1
PeuruThs npuBeieHHOE KBAZPaTHOE ypaBHEHHE!
1) x2-2y/3x-1=0; 2) x2-25x+1=0;
3) x2++/2x-4=0; 4) x> -4JTx+4=0.
Pazno:xuTh Ha MHOMUTEIH:
1) x3-8x2+2x; 2) x3+4x2-21x;
8) x3+5x%-24x; 4) x3-9x2-22x,
CoxpaTuth Apobk:
2 _ 2 _ _
1) xl+6x 7; 2) x“-8x 9;
x2-Tx+6 22 +9x+8
3) x2-8x+ 15; 4) 36+ 5x— x2 .
—x2+5x-6 x2—x-20
VIpocTHTh:
R oy L
x2-Tx+12 x-3 22+6x+9 x+3
7 b g _5x+1 5%+ x
522+ 3x-2 5x-2’ ¥2+9x-10 x2-2x+1
Ilyecrs ypaememme x?+ px+¢ =0 umeeT QBa AeHCTBHTEAbHBIX

KODHA X, U X,. 3amucaTh IPUBEJeHHOe KBAaJpATHOe ypaBHEHUe,
MMeloIiee KOPHM —X; M —X,.
Kopau x, u x, KBagpaTHOro ypasHeHua x? +6x +¢ =0 ynosaer-
BODAIOT YCIOBHIO X, =2x,. HaliTn ¢, x,, x,.
Kopeu x, 1 X, KBapATHOrO ypaBHeHHdA x>+ px + 3 =0 yznoBier-
BOPSAIOT YCHIOBHIO X, =3x,. Haiitu p, x,, x,.
He Briuucnss KopHeil x, ¥ X, ypaBHEHUAS 3x?2-8x - 15=0, maitmu:
1)Lyl g x2+xl; 3) 1L %2 4y 234 43,

X X2 X2 X !
C nomomsi0 MHKDOK&JBKYIATOPA HAWTH KOPHHM YpaBHEHMA; IO
TeopeMe Buera BRIACHHTL, ABNAIOTCA HallleHHbIe 3HAYEHUA TOY-
HBIMH MM TPHOAMIKeHHBIMM 3HAYEHMAMH KODHeH ypaBHeHHA:
1) x2+2x~-1=0; 2) x2-2x-2=0;
3) x*+1,8x-28,35=0; 4) x>-39x-1026=0.
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¥ paBHeHUH,
(% cpoAfIIMecd ¥ KBaJIPATHBIM

3apaua 1 Pemurs ypaBHeHMe x* — Tx%+12=0.
®» Obosuauum x?=t, ToTla ypaBHeHHe MPHMET BH]:

t2—-7t+12=0.

Pemas sTo KBagpaTHOe ypaBHeHHE, NOJyYAeM:

t,=4, t,=3.

Tak kax t=x?, TO pemieHHe HCXOAHOTO ypaBHEHUHA

CBOJUTCH K PelTeHUI0 IBYX YPaBHeHMii:
x2=4, x2=3,

oTKyJa
X , =12, x5 4= +43.
Orser x ,=%2, x3_4=:i:\/§. <
Vpasuernue

ax*+bx®+c¢=0,
rae a # 0, Ha3LIBAIOT OUKBAIPAMHbIM.
Bamenoil x?=% 3T0 ypaBHeHHe CBOJWTCS K KBajpaT-
HOMY.
3anaua 2 Pemurs OMKBagpaTHOEe ypaBHeHHE
9x%+5x%-4=0.

P Obosnaunm x?=t. Torma jJanHoe ypaBHeHHE NPUMET

BHJ:
92+ 5t-4=0.
Pelas 5T0 KBajlpaTHOe YPABHEHHME, HAXOAMM:
ti=3, ta=-1.
Vpasuenue x> =§ MMeeT KOPHH X; 5= :t%, a ypaBHe-
Hme x?=-1 He MMeeT JAelCTBUTENbHEIX KOpHeii.
Orser X, =% N

3
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3amaua 3

3agaua 4

- OzBeT

4 __3

Pemnute ypapHeHHe =
x+2 x-3

OO0muA sHaMeHaTedb Apobell, BXOAAMHAX B ypasHe-
HHe, pageH (X +2)(x - 8).Ecmu x +2#0un x -3+ 0, To,
yMuOoxan obe uscTH ypasHenms Ha (x +2){x —3), mo-
JIygaem:

Hx-3)-Hx+2)=3(x+2)x-3).
IIpeobpasyeM 3T0 YpaBHeHNe:

3x—9-4x-8_3(x*-x-6),
—x-17=3x2-3x-18,

3x2-2x-1=0.
Pemraa mosiyieARoe KBaIpPaTHOe YDaBHEHHEe, HAXOMHM
ero gopEH: x,=1, X;= —%.

1 .
Taw vag pA x=1u1 x = ~3 3HaMeHATENA Apobei me-
XOSHOTO YPaBHeHHA Be 00pamamnTes B HYAL, TO MHCIA

1u —% ABNAKTCA KOPEAME HCXOJHOTO YDABHEHH.

x, =1, x5= —:1; <]

Pemurn YpaBHeHIIe

1 + 3
{(x—-1Mx-2) x-1

3-=x
= . 1

P 1)
o yeaosum (x—1)(x—2)#0. YMHoxan ofe gacTH
ypaeReHAAa Ta (x 1} x  2), nonygaem:

1+3{(x—-2)=(3 - x)(x~1).
IIpecbpasyeM »ro ypaiBHeHRE:

1+3x-6=-x+4x -3,
x2ex-2=0, (2)

Peumiaa nonyyeHHoe KBAaLpaTHOe YpasHeHHe, HAXONAM
L0 KopH®A!

x,=-1, x,=2.

IIpu x =-1 3sEaMeHATENH HCXOAHOTO YPABHEHHS He
UGpa].IJ.aIUTC’l B HyJb, CILEAUBATCNBHO, LHEAD _1 — KO-
PeHbs HCXOAHOTO YPAEHEHNSH. Hpu x — 2 3HAMEHATENN
ABYX Apobeii HCXOIHOTO YPABHEHAS PABHEI HYIH, IO-
STOMY YHCJO 2 He ARIACTCS KODHEM HCXORHOTO YPAaEB-
HeHUA.

x=-1, <
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B samaue 4 umcxozuoe ypaBHeHue (1) Owiio cBene-
HO K KBaJipaTHOMY ypaBHeHMIO (2), HMelomleMy IBa
xopHsa. OnuE U3 HEX X, = —1 ABNAETCA KOPHEM ypaBHe-
HHA (1). [Ipyroii kopeHb X, =2 He ABIsSeTcs KOPHEM
ypaBHeHHA (1), B 3TOM CJiy4ae ero Ha3BIBAIOT NOCMO-
DOHHUM KODHEM.

Taxkum 0O6pasoM, IPM YMHOXKEHHH YPABHEHHs Ha BhI-
pakeHHe, cojepiKanlee HEU3BECTHOE, MOTYT IOABHUTE-
cs mocTopoHHMe KOpHM. IloaToMy npu pewleHuu ypas-
HeHus, codepicaujezo Heu3secmHoe 8 3HAMeHamele
dpobu, nHeo6xoduma npoeepka.

3amaga 5 PemuTe ypaBHEHHE

x+7_ 1 1 0.
x+4 x+3 x24+7x+12

PasnoxuM KBaapaTHbIi Tpexused x2+7x+12 Ha
MHOMHUTenn. Pemasa ypasBHeEMe x2+7x+12=0,
HAXOJUM ero KopEm x,=-3, x,=-4. Iloaromy
x2+Tx+12=(x+3)(x +4). YMHOKHM obe 4acTH AaH-
HOTO ypaBHeHHA Ha o0IMiH 3HaMeHaTeNkb apobei, T. e.
Ha (x + 3)(x + 4). llonyuum:
(x+TNx+3)-(x+4)+1=0.
[Ipeo6pasyem 3T0 ypaBHeHUE:
x2+10x+21-x-4+1=0,
x*+9x+18=0.
Pemas aTo ypaBHeHHMe, HAXO[AHWM ero KOpDHH:
x,=-3, x,=-6.
IIposepum atu kKopHH. Ilpm x = -3 3HamMeHaTEJH BTO-
poit u TpeTheil fpobeil MCXOAHOrO ypaBHeHHA o6para-
0TCA B HYJB, MO3TOMY X;=-3 — IOCTOPOHHUI KO-
petb. IIpu x=-6 sHamenarenum papobGeli HCXOAHOTO
ypaBHeHUs He paBHHEI Hyaw. IlogcraHoBkoit x=-6 B

HCXO0JJHOE YPaBHEHHE MOMHO yﬁe.r.m'rbcﬁ, 9TO 3TO 4YHC-
JIO ABJAETCA KOPDHEM ypaBHEHHHA.

OTteer x=-6.
YupamxHaeHNA
PemuTe ypapuenue (468—471).
468 1) x*-10x24+9=0; 2) x*-5x*+4=0;
3) x*-13x2+36=0; 4) x*-50x%+49=0.
469 1) x*-3x2-4=0; 2) x*+3x2-4=0;
3) x*+ x2-20=0; 4) x*-4x*-5=0.

5 Asmvion, 8 kn. 129



10 8 2 14

470 1) —-==1; 2) —+—=3;
x-3 x x-5 x
3] l+ 1 =i; 4} ﬂ_—ﬂzl;
x x+3 20 x-20 «x
5 L 4+ 1 -8 6) 4 4+ % 15
x-3 x+3 8 x-2 x+2
471 1) 3x+4= x—2; 2) x+2+x—2=l§;
x-6 4x+3 x-2 x+2 6
2_ 9y
3) x+5+ 1 _ 1 : 4 x*-2x-5 . 1 ~1:
x+2 (x+1)x+2) =x+1 (x-3)(x-1) x-3
5) o x _ 6 6) x 2x _ 3 )

x+3_—-3-—x_x+3' x-l—l—x x-1

472 HWmeer nu geiicTBUTENbHEIE KOPHH YPaBHEHHE:
1) x*-5x2+7=0; 2) x"+3x*+2=07?
473 Tlpu xKaxKuX 3HAYEHHAX X PABHBI 3HAYEHHA BEIDAYKEHHIl:

1) &, 2 o x+d. 5 1 3 L, 4 g9

x2-1 1-=x x+1’ x+2 x-2 4-x%

474 Pemurs ypaBHeHHe:
1) (x-1)*-5(x-1)2+4=0; 2) (x+5)*'+8(x+5)*-9=0.

475 C noMoUBI0 MHKPOKAJNbKYJIATOPA PEIIMTH YPaBHEHHE:
1) x*+8x%2-7=0; 2) x*+5x2-5=0;
3) 6x'+19x2-47=0; 4) 5x*+18x%2-111=0.

Peurende 3ajay
¢ IMOMOIIbI0 KBAJIPATHBIX YPABHEHWH

§m _____ T

PemuM HecKOIBKO 3aJla4y ¢ NOMOINBI KBaJpPaTHBIX
YPABHEHHIA.

Sagaua 1 B maxty 6pomeH kamMeHb, M 3BYK OT ero yzapa 6bla
yeaeiman cnyersa 9 c. OnpepenuTh ray6MHEY IMaXThI,
CYMTasd CKOPOCTh 3ByKa paBHO#M 320 m/c, a yCKOpeHHE
CUNIBI THkeCTH g paBHBIM 10 m/c?.
¥ Jlna HaXomAeHHA rTyOMHBI IUAXTHl HOCTATOYHO ONpe-
JeJIATH BpeM#a { HDageHHA KaMHA, TAK Kak rayOmHA
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Orser
Sapmaqa 2

IIAXTHE COFIACHO 3AKOHY cBOOOZHOTO mAafeHHA PABHA
2

gtT MeTpaM.

IIo ycnosuw g =10 M/cz, NoSTOMY TIHYOHHA NTaXTLE
paBHa 5t2 Merpam. C apyroft cropoHsl, rybuny max-
TH MOYKHCO HalTH, YMHOMHE CKOPOCTE 3BYKa 320 M/c
HA BPEMA €rc PACHpOCTPAHEEMA OT MOMEHTA yAApa
KOMHSI [0 MOMEHT&a, ®oraa OmH yoauman anyk, T. .
Ha (9~ 1) ceryaa. CaenopaTeanuo, raybmma maxTh
pasea 320(9 —¢) MetpaM. IlpnpasHuBan Asa nadifen-
HHX BHIpAMEHENA AAA PAYOHMHBI MAXTh, HONYIAEM
ypaprenue 5¢%=320(9 - ). Pemum 370 ypasHenwme:

t2=64(9-1¢), t2+84t-64-9=0.
Pemnm nony4eHHOe KBAOPATHOE yPUBHCHHE:

1, ,=-32¢t J32¢+64-9=-32+ J32(32+18) =
=-32 + /3250 = -32 + /16 - 100 = -32 + 40,
t‘l = 8, tz =-T2.
Tax kak BpEMA NAIPHEA KAMHA TOAGKHTENALEHO, TO
t =8 c¢c. CnegoBaTenbpHO, rAYOHHR WAXTH DaBHA
512=5-8%=3820 {m).
320 m.

ABToOyC-3KCTIpECC OTNPABHJACA OT ABTOBOHK3AXA B
agponopr, HaxoasmmuiicA Ha paccroaumm 40 xm. He-
pes 10 MuH BCAed 38 aBTODYCOM BRIEXAN MacCaX AP Ha
Takcy. CHOPOCTE Takek Ha 20 KM/u GoablIe CKOPOCTH
aprobyca. HafiTi ckopocTh Tarcw u apToOyca, ecnn B
AIPUUUPT OHKM HPHGBIIH OLHOBPEMEHHD,

HYCTB X KRNIOMeTpOoR B 18C — CHODPOCTE an'roﬁyca, TO-
rAa CKOpoCTh TaKCeH papHa (x + 20) kanoMeTpoB B uac.

Bpems ppuskeHdA aBTOfyce paBHO %—? Yacam, a BpeMs

ABHIKCHHA TAKCH PAEHO 4020 vacam. ITo ycrnosamo 3a-
x+

LA9H PASHALA MEKAY BpeMeHeM ABHXKeHHA aBRTO0VCA
M TakcH papHa 10 muH, T, e. é 4. CRrepoBarensHO,

40 40 1 1)

x x+20 E
PemumM nonydeHHoe ypapHeHHWe, Y MHOKAaA obe 9acTH
ypaBHeHua Ha 6x(x + 20), nonyuaem:

40-6-(x+20)-40-6x=x(x+20),
240 x + 4800~ 240x = x% + 20 x,
224+ 20x —4800=0.
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OTeer

3apaga 3

Kopau aroro ypaBHeHusa: x, =60, x,=-80.

Ilpu sTHX 3Ha4eHWAX X 3HaMeHaTead Apobei, BXOJA-
WMUX B ypaBHeHHe (1), He paBHEI HYJIO, IO3TOMY
x,=60 u x, =80 ABNAITCA KOPHAMU ypaBHeHMUA (1).
Tak kak ckopocTh aBTofyca MONMOMKHUTENBHA, TO YCJIO-
BHIO 3aJlauM V/OBJETBOPSET TOJBKO OAMH KODEeHb:
x = 60. [Moaromy ckopocts Takcu 80 KM /4.

Ckopocre aBTobyca 60 KM/4Y, CKOpPOCTB TaKCH
80 km/u.

Ha mepeneyaTKy PyKONHCH nepBasd MallMHHCTKA, pa-
boraa ogHa, moTpaTHaa Obl HA 3 4 MeHbIIe, YeM BTO-
pas. Paboras ofHOBpPEeMeHHO, OHHM 3aKOHYMJIH Iepe-
neuatky Bce#d pykonucu 3a 6 u 40 muua. Ckoabko
BpeMeHHN norpeboBanock OB KaXXA0H W3 HUX HA Iepe-
neyaTKy Bceil pykonucu?

Ilpumem paGoTy mo mepenedyarke BCel DYKONHMCH 3a
exuauny. Ilyers meppas MAIIMHHCTKA 3aTPATHT HA
nepenevYaTKy PYKOIMHCH X YacoB, TOTAA BTOPOif Ha 9Ty
pabory norpebyercsa (x + 3) wacop. Ileppas MammuHu-

1
CTKa 3a 4ac BRINOJNHAET — YacThb paﬁm‘m. a BTOopasa
X

. Paboras BMmecTe, OHHM BBINOJHAIT 3a 4ac
x+ 3

.
xr x+3

OHH BBINOJNHAIT Bcio pabory. [loaTomy

sz(h_l_):l.
3lxr x+3

9T0 ypaBHeHHE MOXXHO 3alMCATh TaK:
1 1 3
4

Bcei paboTel, a 3a 6 u 40 MmuH, T. e. 3a 6% T,

x I+3_E.

(2)

VYmuoxan o6e ero wactu Ha 20 x(x + 3), noaygaem:

20(x+3)+20x=3x(x+3),
40x +60=3x%+9x,
3x2-31x-60=0.
Kopau sroro ypaBHeHHA:
5

x,=12, Xg=-3

Ilpu sTuX 3HAYEHUSAX X 3HaMeHaTelu jApobeii, BXoas-
mKX B ypaBHeHHe (2), He PABHEI HYJIIO, IMOITOMY

=12 u x,= —% — KopHH ypasHeHHs (2). Tak kKar
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o cMecaAy zagasn x>0, ro x=12. ChaeposaTelsHo,
mepRaf MANIMEMCTKA aaTpayuBaeT Ha pabory 12 4,
BrOpaa 129+3 u=15 .

Ormer 1249 n 15 4.

476

477

478

479

480

481

482

483

485

486

¥rnpaxaeHHH

HafiT aBa mocnefoBaTerLHEX HATYDAJALHEIX YHCIA, IPOX3EEIe-
HEe KOTOpHX papmo: 1} 156; 2) 210.

HRﬁTH £oa HOCnegsopaTCNILALEIY HEYCTHLIX HATYDEJALIOLIX THEA,
eclH UX DpousBejeHue paBro: 1) 255; 2) 399,

TieprMeTp NPAMOYTONBHMKA DaBeH 1 M, a Aromams — 4 gM7.
Haiite ero cTOpOHH.

Caxn copxoza nuomagsio 2,45 re o6HeceH MSTOpOALI0 NITHHOIH
630 m. HailTy pamay B mMAPHHY caaa, eclIH OH HMeeT OPAMO-
YTONLHYIO hopMy.

Paccroanue B 400 xnu cropriit moesy npouren ¥a uac 6nicTpee To-
BapHOro. KaroBa CKOpOCTH KAMAOTO MOB3A8, €CJAU CKODOCTh TO-
BapHoro moezga Ha 20 KM /Yy MeHbIoe, UM CKoporo?
IIporynoyRsli TENMOX0L OTNPABHACSA BHHS IO TEUCHA PEKH OT
NPUCTAHA A M NpAYanna K npueraan B. Ilocae momxyqacosoit
CTOAHEKHN TeONOoXOod OoTOpaBHJACA OSpﬁTHO H 4epea 8 1 nocae ot-
IAEITHA U3 A BepHYNCA HA 3TY e IpHceTank. Kakora ckopocTe
TEINIOXOAA B CTOAYEH BOJE, €CJA DRCCTOAHNE MeXAY IPUCTa-
HaMu A U B parEo 36 kM, a cKOpOCTH TeueHHA pexH 2 Km/u?
Hse Gpurafbl, pafoTas BMeCTe, 3AKOEYH/M 3ArOTOBKY JlecA 2a
6 gHell. CKoABEKO AHel NoTpebfoBaoCch DBl KA Aol OpHraje Ha
pmONHeHHe 9T0it pafoTel, ecai oanolt us Spurag ana sTOro Tpe-
fyerca Ha 5 OHell MeHbIIE, YeM OpVroum?

OT KBaZpATHOIO JHCTA OTPe3ANH IOJOCRY WHpHEOHE 6 cM. [Ino-
WaAE ocTabielicy yacTH paBHa 135 cml. OnpefgennaTs nepBOHA-
YANBALIE PASMEPHE JIHCTA.

IInomans TPAMOYTOJLHOrO TPEYTrOJRPHEKA PABHA 180 cm®. Haii-
TH KATCTLI 3TOro TpeyroJdbHHKA, eCJIN OAMH 6OJILII[C ApYyroro ia
31 en.

Paccroanue B 30 KM oAME A3 ABYX JARIKHAKOB IPOIUIEN Ha
20 MuH GnleTpee Apyrore. CKopocThs TepBoTo NBIRHMKA OBLIA HA
3 kM/49 Soapme cxopocTH BTOporo. Kakoba ckopocTe Kaxpgoro
JIMKEAKA?

Jse SpErazel cTYAEHUECKOTO CTPOMTENBHOrO OTpAXa, paboTasd
BMecTe, NTOCTDOMAM KoOLIADY faa ovell 3a 12 gueil. Croabko
AEel moTpeboBaNoCh O HA CTPONTENBCTBC TAKOH e KOIIADH
kakjoi Gpurage oTAeARHO, eCAH NepBoii GpHrage HYKHO GBUIO
padoraTe Ha 10 gmeii Gonble, uem BTOpoi?
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487

489

490

Y MAJBYHEA CTOJIBKO CECTEP,

CKOJIBKO H BPATBEB, A ¥ Ero CECTPBI
B/IBOE MEHBIIE CECTEP, YEM BPATBEB.
CKOJBbKO BPATHEB H CECTEP B 3TOH CEMBE?

UneHEl IIKONBHOTO KPY’KKA HATYPAJIMCTOB OTIIPABMJIMCH HA Ka-
Tepe OAA cOopa JieKapCTBeHHEIX Tpas. [IDOmJLIB BHH3 IO Tede-
HHI0 pPeKkH 35 KM, OHH CAeJadH TPEeX4YACOBYI CTOAHKY, IOCIe
Yyero BepHy.uch Haszan. OmpesenuTh CKOPOCTh KaTepa B CTOAYEH
BOZle, €C/IM Ha BCE€ NyTelleCTBHE YILIO 7 4, & CKOPOCTE TeYeHHUH
pexH 3 KM/4.

Ha cepeaunne nyTn Mexnay craHouavMu A u B noesp ObLn 3agep-
skaH Ha 10 mun. Yro6s1 npubEITE B B N0 pacnucaHuio, MalTHHHE-
CTY IPHILIOCE IEPBOHAYANBHYK CKOPOCTH IIOE3[a YBeJIWYUTh Ha
12 xm/u. HafiTn nmepBoHA4YaNbHYIO CKOPOCTE IO€3/la, eCJIH H3Be-
CTHO, YTO paccTOAHHEe MeX Ay craHnuaMH paBHO 120 KMm.

3a 4 nHa coBmecTHOH paGoThl ABYX TPAKTOPOB PA3JIUYHON MOII-
2 -
HOCTH OblJI0 BCIAXAHO = KOJIXO3HOTO NOJsi. 3a CKOJBKO JHeil

MO HO Ob1JI0 ObI BCIIAXATH BCE I0JE KaX/JblM TDAKTOPOM OT/Ae/Ib-
HO, €C/JIM HepBEIM TPAKTOPOM MOYKHO BCIAXATH BCE IIOJIe HA
O mHeH OpicTpee, 4yeM BTOPBLIM?

PaGounit monoxkua Ha XpaHeHue B cOeperaTensHblid 6GaHK
5000 p. Ilo ucreyeHun rofa K ero BKJany ObLIM HPHYHCIEHEI
NPOIEHTHLIE JAeHLI'M, H B TO K€ BpeMs OH VBeJIWYHJ CBOH
BrJaan emle Ha 5000 p., a no HcTeYyeHHH ellle OJHOrO roja Imo-
IPOCHJ BBIJATH MY HAKOIUIEHHBIE NPOLEHTHBIE AeHbIH. CKROJB-
KO IPONEHTOB B roji HauucaaeT cbepbaHk, ecnn pabouumii mony-
yua 1232 p. npoueHTHBIX jJeHer, octaBuB BrJjag B 10 000 p. na
HOBBI cpok?
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491 [JIza pacTBOopa, M3 KOTOpBIX nepBelid comep:xkut 0,8 Kr, a BTO-
poit — 0,6 xr Ge3BojHON CepHOII KMCJIOTHI, COEJHHHINA BMECTe B
monyunau 10 Kr HOBOro pacTBopa cepHo# KucyoTel. HaliTu mac-
cy IepBOTrO M BTOPOrO PacTBOPOB B CMECH, €CJIM M3BECTHO, 4TO
6e3BOZIHOM CepHOM KHCJOTHI B IePBOM pacTBope OmLIO Ha 10%
fomnbiie, YeM BO BTOPOM.

Pemieryne npocreiimmux cucTeM,
comep:RalX VPaBHEHHE BTOPON creneny

§ ..... e eetessenteessetessentoeseebesnatsesesbereasbesmsnbeeneni e

3anaua 1

I'unoTeHysa NpPAMOYIrOJBLHOIO TPeyroJLHWKA pPaBHA
13 cm, a ero muaowags 30 cm?, HaiiTH KaTeTEI.

Ilycrs xaTeThl paBHEI X M Yy caHTHMeTpaM. Mcmons-

sya teopemy Iludaropa m dopmyny nmomazu mpsa-

MOYTOJILHOTO TPEYroJNbHHKA, YCJIOBHE 3afaud 3alH-
IIEM TaK:

x2+y% =169,

1

%:cy= 30. @

IIpubasasia K NepBOMYy ypPaBHEHHIO0 CHCTEeMEI BTOpOe,
YyMHOMeHHOe Ha 4, moaydaeM:

x%+ y® +2xy =289,

orkyaa (x+y)? =289, unn x+y==17. Tak Kak x u
Y — MOJIOXKHTeAbHBIe 4ucna, To x +y=17. U3 aroro
ypaBHeHHs BHIPa3HM Yy 4Yepe3d X M NOACTABHM B OJHO
M3 ypaBHeHu# cucrembl (1), Hanpumep BO BTOpOe:
y=17-=x, %x(l'? ~ x) = 30. Pemnmum nmomyuen=HOe ypag-
merme: 17x - x?=60, x*-17x+60=0, x,=5, x,=12.
IlogcraBasas oTH 3HaYeHus B dopmyny y=17 — x, Ha-
xogum ¥y, =12, y, = 5. B oboux ciaydadx ofWH H3 KaTe-
TOB paBeH 5 ¢M, Apyroit 12 cm.

5cm, 12 cm.
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3anaua 2

O1Ber

3anmaua 3

Oteer

3amaua 4

Oteer

Peumrute cucreMy ypaBHEHHI

x+y=3,
xy=-10.

Ilo Teopeme, obparHoii Teopeme Bmuera, uuciaa x
U Yy ABIAIOTCA KODHAMH KBAJPDATHOrO ypaBHeHHS
22-3z-10=0. Pemasg 3T0 ypaBHeHHe, MOJydaeMm
z,=5, 2, =-2. CnejoBaTeIbHO, PEMMEHUAMH CHCTEMBI
ABISAIOTCA CleAyolMe JIBe Maphl YHceld: X; =95, J, = —2
H Xo=-2, y3=9.

(5; -2), (-2; 5). <

Pemntp cucTremy ypaBHeHUI

x?+4xy-2y*=-29,
3x—-y-6=0.

Pemum 3Ty CcHCTeMy CHOCOGOM MOACTAaHOBKH:
y=3x-6,
x?+4x(8x-6)—-2(3x-6)%=-29.

YhnpocTuB 3TO ypaBHeHHe, MNOAyYMM 5HxZ-48x+
+43=0, orkyma x,=1, x,=8,6. [Mlogcranaa 3Ha-
yeHusa x B dopmyny y=3x-6, maxoaum y,=-3,
y,=19,8.

(1; -3), (8,6; 19,8). <

PemuTh cHCTEMY VpaBHEHHH

x2-y2=16,
x-y=2.

3amuilleM NepBoe ypaBHEHHE CHCTEMEI TAK:

(x-y)(x+y)=16.

IToacraBnas croAa 3HAYeHHE X — Yy=2 U3 BTOPOro
YpaBHEeHHA CHCTeMBI, mojaydaem x + y==8. Hrak,

x+y=8,
x—y=2.

Pemasa ary cmcteMy cmoco0oM CJIOMEHHA, HAXOAUM
x=5,y=3.
(5; 3). <
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492

494

495

496

497

498

Yupakaenusn

PeluuTh cHCTEMY YpaBHeHHIl NepBoii CTENeHN ¢ ABYMS HeHM3BeCT-
HBIMH:

1) [2x-y=3, 2) [x+by=9,
2y+x=14; 3y-2x=-5;

3) [Bx+y+4=0, 4) [2x-3y+8=0,
4y+8x-4=0; 4x-2y+4=0.

Pemuts cuctemy ypasHeHmit (493—497).

1) |y=x+6, 2) |[x=2-y,
x?-4y=-3; ¥+ x=382;
x+2y 1, 4) |y—-3x=2
x+y’=4 x?-2y=3

1) [x2+2xy=2, 2) [x?-xy-y®=19,
y-3x=T; x-y="T;

3) [x+y=1, 4) [x?+y2=11,
22+ y2=5; x-y=3.

1) [x+y=5 2) | xy=1;
y=6. x+y=8;

3) +y 12 4) |x+y=-T,

xy=10

1) y 7, 2) [x+y=38,
2 = x‘—y2=15,

3) =2 4) |x?-y’=8,
x+y 4 x-y=2

1) 2) |xy=10,

x?+ y?=29;

3) [xy=3, 4) |xy=5,

x*+y*=10; x*+y?=26

Cymma gByx uncen paBHa 18, a ux npoussesenue 65. Halitu st
gpcaa.

Cpennee apudmMerndeckoe AByx umcen paBHo 20, a Ux cpexHee
reomerpuueckoe 12. HaiTu sty umcia.
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501

302

503

504

505

8507

PemuTe cCHCTeMY YDABHEHHIT:

1) [x=2y-3,
yE-2x=3;
2 |[x+y=6,
xy=-7;
3 [P-y=21,
x+y="1.
Pemnth cuctemy ypasuennii (501-503).
1 |x-y=2, 2) |x-y=38,
xy=3; xy=4,
2x% - y?= 46, (x—y)P=4
xy=10. x+ iy=8;
5) [x2— 2= 6) [x+y=4,
1+ xy= 0 ril_q
x ¥
1) |x+xyty=-1, 2) |[x~xy—-y=-T1,
x-xy\y=38; xt+txy—-y=1;
38} x-y+2 0, 4) |22 -38xy+t=11,
D2+ -4=0; xy="5

1) {JHJ;:B, 2) {JE- y=1,

x-y=16; x-y=5

V4acToK npSMOYrOJABRHOH GopME HYKHO OQropoAnTth sabopom
panaoi 1 kM. KaKOBEI JOMMKER ObTE ANMHA H ITAPHHA yI8CT-
Ka, ecllM €ro nJaomaaeL pasHa 6 ra?

Ipwn penenun ABYy3HAYHOIC YMCIA HE CyMMY ero nudp B 44CT-
HOM NONYy4YaeTCH 6, a B ocTaTke 4. l'.[pH AelIeHMH 3TOT0 e Yyciia
Ha mpousBeAeHue ero nudp B TacTHOM NOIyuaerca 2, a B oCTAT-
xe 16. HafiTe ato uncao.

PemuTs cucTeMy YpaBHeHMH:
1) |x+y=5,
x3+ 8 =35;

2) |x%+ 7 =152,
x2— xy+yt=19.

Paccromane oT A o B Do TCUCHMIO peHH KATCP TPOXOOHT B
1.5 pada MenneRHee, YeM TemnoxXof, IPHUeM 3a KRBT 9ac Ka-
Tep OTCTAET OT Tenaoxona Ha 8 kM. [IpoTHB Tewennsa pekH OyTh
oT B oo A Tennoxox apoxoxar B 2 pasa OHcrpee katepa. Hafitu
CKOPOCTH TeIJIOXOAa M KATepa B cToadell Boje.
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KoMniaerkcHbie
yHeaa

Pemenne MHOrMX 34784 MATEeMaTHKH, (DHU3HKH H
IPaKTHKH CBOZHTCA K pellIeHHI0 ajredpaHyecKHX
ypaBHeHuii. [loaToMy ecTecTBeHHO CTpeMIIEHHE CJe-
JATE 3TH YPABHEHHMA BCeTJAa pPA3pelIMMEIMH, YTO B
CBOIO OYepenhb IPHBOAHT K PACIIMPEHHIO NOHATHA YHC-
na. Hanpumep, gas toro urober nwoboe ypasHeHue
x +a=>b AMeNo KOPHH, IOJOKHUTEJIBHBIX YHCe] Helo-
CTATOYHO M IIOTOMY BO3HHKAaET NOTPeOHOCTL BBECTH
OTPHIATENbHBIE YHUCIA ¥ HYIb.
Ber spaeTe, 4TO KBAJpaTHOE ypaBHEHHE MOMKeT He
MMeTh NeHCTBHTEIbHEIX KopHei. Ilpocreiiiuum ua Ta-
KHX ypaBHEHHH ABJsAeTcA ypasHeHHe X2+ 1= 0. YTobbl
n06oe KBaJjpaTHOE YpaBHEHME HMEJ0 KODHHU, MPHXO-
JUTCH PACWUDAMb MHONECTE0 JellcmEUumerbHbLX YU-
cen, 10DABJIAA K HEMY HOBBIe UHCJIA. JTH HOBBEIE YHCJIA
BMECTE C JIeHCTBHTENLHEIMH 06pasyloT MHOMKECTBO, KO-
TOPOE HA3LIBAIOT MHONECIGOM KOMNACKCHULX YUcCeN.
Ecnu xoMmieKcHBIE YHCIAa BBeJeHBI, TO YDPaBHEHHe
x2+1=0 uMeeT KopeHb. DTOT KOpPeHL 0GOBHAYAIOT
OYKBOH [ W HA3BIBAWT MHUMOL edunuyeii. Taxum
o0pasoM, | — 3TO TAKOE KOMILIEKCHOE YHCJO, 4TO
i?=-1.
3aMedaTeIbHEIM OKA3BIBAETCHA TOT (hakT, uTO JroGoe
KOMIIJIEKCHOE YHCJO MOMKHO 3alMcaTs B Buze a + bi,
rge a 1 b — geificTBUTensHEle 4Hcia. OT BHIa 3TOro
BHP&}}{EHHH H leOPICXOI[HT Ha3BAHHE «KOMIIJIEKCHOE» ,
T. €. «COCTABHOE».

HKoMnnexcHRIMH YHCIaMH HA3BIBAIOT BHPaKeHUA
BHja a+bi, rie a ¥ b — agelicTBUTENBHLEIE UYHCJA,

ir ==l

Yueno a masniBaeTcs JdellcmaumeibHOll 4ACmMbl0 KOM-
nJeKcHOro 4yuciaa a+bi, a duciao b — ero MHuUMOIL
Lacmsio.

Hanpumep, me#dcTBHTeNbHAA YacTh KOMILJIEKCHOTO
yucaa 2 + 3i paBHa 2, a MHMMas 4YacThb paBHa 3; AadA
KOMILTeKcHOTO unchaa (—2) + (-3)i, KoTopoe 3aluchiBa-
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0T Takse B Buje —2 — 3i, gelicTBHTEeJbHANA YACTh PaB-
Ha —2, a MHMMAas 9acTh paBHa —3.

3amerum, uTo deilcmeumenbHble HUCIA SABNAIOMCA
YACMHLIMU CAYYLAAMU KOMIAeKCcHbLX Yucen. Hanpu-

mep, 2+0-i=2,0+0-i=0, 4+0-i=—4.

HdBa KoMOJeKCHBIX 9mcna a +bi u ¢ +di HA3BIBAIOT
pasHbimu, eciia=cub=d,T. e. ec1u paBHBI UX Jeii-
CTBUTEJNbHEIE W MHUMBEIE YACTH.

w4

Hanpuwmep, % +/4i= % +2i, Tak Kak

=TS
wina

3apmaua 1 HaiiTu pelicTBUTeNbHBIE YHUCJA X U Y, €CIH

2x+y)+(x-y)i=5-2i.

Ilo onpefiesIEHHK PABEHCTBA KOMIIJICKCHBIX YHCeEJI

2x+y=35,
x-y=-2.

Pemasa aTy cucreMy, HaxoiuM x =1, y=3.

Apugpmemuueckue deiicmeus Had KOMRIAEKCHbIMU
yucaamu OnpepensilOTcds Tak, 4Tobbl Bce cBOHCTBa
9THX AeHcTBHH OBIMH TAKHMH e, KaK U ANA JeicT-
BHTENBHEIX dHCEJI (HEPEMECTHTBJI];HOE H coYeTarenb-
HOE CBOMCTBA CJIOKEHHUA M YMHOMKEHHS, paclpeiesin-
TeJIbHOE CBOHCTBO yMHOMeHudA H jap.). Ilosromy
OeHCTBUA HaJ KOMIIIEKCHBIMHM UHCJIaMH a + bi MOXKHO
BHINOJIHATE TaK e, KaK M JeiicTBUA HAaJ MHOroumie-
HAMM, CYHuTas, 9ro iZ=-1,

3apaua 2 BrinonuuTe geiicTBHA:
1) (4-3i)+(-2+ Ti); 2) (B-5i)—(9—4i);
3) (2+i)-(1-3i); q) 3140
2-3i

1) (4-3i)+(-2+7i)=4-3i -2+ Ti=2+4i;
2) (8—5i)—(9—4i)=8—-5i -9 +4i=—1-i
3) (2+i)-(1-3i)=2—-6i+i-3i2=2—bi -

-3+ (-1)=56-5i;
1) 5-14i _(5-14i)2+ 3i) _ 10+ 15i — 28i —42i® _
2-3i (2-3i)2+ 3i) 4324

_52-13i _52 _13i

13 13 13 :

B mocnegneM mpuMepe [AJIS BBIYHCIEHHWS YacTHOTO
CHAa4Yala YHMCJHTeNbh M 3HAMEeHATeJ b }lpoﬁﬂ yMHOJ‘KH—
au Ha uuceso 2 + 3i. Beerpa ansa BeruMcsieHus Apobu
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508

509

510

511

512

513

514

615

516

+
‘ ‘:i HYHO CHAYRIA YMEOMHUTL YUCAUTENs H SHAME-
e+ bi
HATE&J AP HA YXUCAO 4 —bi, KoTOpOE RaIwegom conpa-
HeHRbM ¢ wucaom a+bi. Dro obLacagerca Tem, uro
NPOH3BEACHHE CONPAKEHHALIX YNCe] ABNAeTcdA AeicT-
BUTENILHEIM 9nchHoM: (a +bila — bi) = a® +b2.

YnpaxHEeHHA

(Ycrro.) Haseats QEHCTBATEARHYIO I MEMMYIO 9ACTH KOMILJIEKC-
HOTO 4HCAA:

1) 6+5i; 2) %+%i; 3) V2 +43  4) YZ-21
Janucarh KOMIIEKCHOS 9HACAC, ¥ KOTOporo gelicTsHTeabHA:z H
MHMMAaA 4aCTH COOTBETCTEEHHO DaBHEI:

1)3u4; 2 %u%; 3) V3au-2; 9) —%3—3.
YxazarTh, KAKHe V3 JAHHLIX KOMIUICKCHBIX YHCEN pamm'

-0,5+4i, 3-2i, -_+2;,J_ 4i, J9-8i, ¥27-16i,
a7 - J4i.

Hatirn AefiCTBMTSABHAIE YHCIA X B y M3 DABeHCTBAa:
Dix+yy+{x=-y)i=8+2i;

D Rx+y+ix-yi=181+3i;

3) (dx+3y)+(2x —-yi=3-11i;

4) (bx+y)+{2y~Tx)i=12 +5i.

HaiiTt cyMMY KOMINEKCHBIX WHCR:

1) 3+i)+(2+38i% 2y (3-5i)+(2+i);

3 (1+3)+(-3+i); 4) (-4 + Bi) + (4 - 8i);

5) (L+i)+(=1-1)% 6) {—E—li]+{l—gi].

3 2 3

Haittn pasHOCTh KOMIIIEKCHHX YHCEI:
1) (2+38)~(3+1); 2) B-51)-(2+1)
3) (1+31)—(-3+1); 4) (4 +3i)-(4-8i);
5 (4+i)—-(-5+): 6) (7T+28)-(3+21).
HatiTy nmpousseseENe EOMITEKCHRIX YUCeN:
1) (B+5IN2 +3i); 2y (4+T7iN2-1);
3) (b—-3iN2 - 5i); 4} (-2 +i)(T - 3i).
JanKcaTh KOMIUJIEKCHOE YRG0, CONpAMKeHHOe ¢ AAHHBIM YHCAOM:
D 1+i; 2] 2-;31,1 3) —3+24:,
4) "7"'51; 5] ‘—E‘——él, 6} 51‘5!
Haifrm uacTHOE ABYX HOMONEKCHEIX YHCEN:
])li.i. 2) 3—41; 3) 2+3f; 4) 1+2:.-

2+1 2-38i 3-2i
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517

518

519

520

521

BeinoaHuTe HeiicTBus:

1) 2i+3+4i(1-i); 2) (1+i)-1+2i)+1-3i;

3) 8i(1—i)+2i(1+i); 4) %i(4+2i]+%i(3—9i]:

5) (38— 2i)(4+i) +10i; 6) 6+ (5—i)(1+i).

BrlyucauTs:

1) (2—3i)(3—2i); 2) (3—-i)1+ 3-‘.); 3 3 —4i .

1+ 2 i (1+iX2-1)

4 281, 5) —— > 6) —> +-3_.
(1-iN3+1i) 1+ 2i 2-i 2-3i 2+ 3i

PemruTs ypaBHeHHe:

1) z2(2+i)=8-i; 2) z(1-2i) =2 +5i;

3) z(1+i)—i=4; 4) z2(1-i)+8=i.

PasnomuTh Ha KOMIJIEKCHO CONMPAMKEHHbIE MHOKUTENH (@ 1 b —

JleficTBUTEeNIbHbIE YHCIIA):

1) a?+4b%; 2) 9a%+25b%; 3) 8a?+16b%; 4) 8la®+5b2.

Brrumcnurs: 3 4

1) (3+2i)%  2) (2-i)% 3) [“]; 4) [k'_‘]
1+1i 1-i

5) (2 +3i)%— (2 - 3i)?%; 6) (3+4i)%+(3—4i).

tisagpaTioe ypasnenmue
¢ KOMIIJIEKCHBIM HEHU3BeCTHBIM

§* ..... S —

PaccMOTpHM CHauyaja NpoCTeiilllee KBaJpaTHOe ypaB-
HEHHe

2_

28=0"

TAe @ — 3aJAaHHOEe YHCJO, 2 — HEeH3BecTHoe,

Ha mHoMecTBe nelCTBUTENBHBIX YHCEJ 3TO ypas-
HeHHe:

1) umeer oguH KopeHs z =0, ecan a =0;

2) nmMeer ABA AEHCTBHTENBHBIX KOPHA 2y = iJE,
ecnu a >0;

3) He uMeeT AeHCTBUTENBHBIX KOpHeii, ecnu a < 0.
Ha muoxecmee KOMNACKCHBLY LUCE]L MO YpasHEHUE
acezda umeem KoOpeHb.
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3amaua 1

Oreer

HaitTn KOMIJIeKCHEIE KODHU ypAaBHeHUs 2°=a, eciu:
1) a=-1; 2) a=-25; 3) a=-38.

1) z2=-1. Tak Kak i>=—1, To 9T0O YypaBHEHHEe MOKHO
sanucarts B Buge 22=i2, mau 22 -i?=0. Orcioga, pac-
KJaJblBasi JEeBYI0 9acTh HA MHOMKHUTEJH, MOIyUIaeM
(z-i)z+i)=0, z,=i, 2,=—i.

21_ 2 = ii .

2) 2?=-25. Vunrusas, uto i = -1, npeobpaayem ato
ypaBHEHHE:

22=(-1)-25, 22=i2-5%, 22_52.i2=-0,
(2 -5i)(z+5i)=0, orryaa 2,=5i, z,=-bi.

2, ,=15i. )

3) 28=-3, 2*=i*(Y3), 2*-(Y3)*i*=0,
(z-/3i)(z+/3i)=0, z,=V3i, z,=—/3i.
2, 3= ++/3i.

Boobuie, ypaBHeHue 22 =a, rie a < 0, MMeeT ZBa KOM-
IIEKCHBIX KOPHS: 2, ,=*./[ai.

3apgaga 2

Hcnonbays paBeHCTBO i%=—1, KBajpaTHele KODHH H3

o'rpnu.a're.ﬂbﬂmx yHcen HpHHHTO 3ATTUCEIBATE TakK:
J-1=i, J-a=iJa=2i, J-T=iJ7.

Hrak, Ja onpejeines miA JH60ro AedCTBUTEIBHOTO
4yHcaa @ (MoM0KUTEeNBHOr0, OTPHIATEBHOrO U HYJIH).
IIDSTOMY JIIOﬁOE KBajgpaTHOe ypaBHEHHE BHIOA

az?+bz+c =0,

rge a, b, ¢ — gedicreuTenbHble uyHcaa, a #0, ume-
eT KOPHH. DTH KODHH HAXOAATCA II0 HM3BECTHOM

dopmye:
~bt b2 -4dac

2a )

21,27

Pemurs ypaBHeHMe 22 -42+13=0.

ITo dopmyne (1) Haxogum:

_4+16-52 _4+-36 _
2




3amMeTHM, YTO HAHJEHHEIE B 9TOM 3a71a4e KODHYW ABJA-
IOTCA CONPAMKEHHBIMH: 2, = 2 + 3i u z, =2 — 3i. Haiizem
CyMMY ¥ IpOM3BeJleHHe BTHX KODHe:

2 +2,=(2+38i)+(2-3i) =4,
2,2,=(2 +3i)(2 - 3i)=13.
Yucno 4 — sro BTOpoil KoaddHUIMEeHT ypaBHEeHHSA
22 -4z +13=0,B3ATHI} ¢ NPOTHBOIOJIOKHEIM 3HAKOM,
a upeao 13 — cpobogHEIH uJeH, T. €. B 9TOM CiIyuae
crnpaseqinBa meopema Buema. OHa cupaBeqnuBa JJIA
J1060T0 KBAaJIPATHOIO YPaBHEHHA: €CJIH 2, U Z, — KODHHU

b c
ypaBHeHus azZ+bz+¢=0, 1O 31*'32:_;» 2zp=—.

3amaua 3 CocTaBuTh NpHUBEeHHOE KBajJpaTHOe YDaBHEHHe C

HAeHCTBHTENbHBIMH KoahdHIHeHTaAaMH, HMelllee KO-
pens 2z, =-1-2i.

B’ropoﬁ KOpeHb 2, YDaBHEHH#A HABJAETCA HYHCIOM,
CONPAXKEHHEIM C JaHHBIM KOPHEM Z,, T. €. 2, =—1+2i.

ITo Teopeme Bmera maxomum p=—(2,+2,)=2, ¢=

=2,2,=5.
OTBer 22+2z2+5=0.
YupaxxHeHUd
Pemutes ypaBHeHnme (522—524).
522 1) 2%2=-81; 2) 22=-8;
3) 22+0,01=0; 4) 922+125=0.
523 1) z2-22+2=0; 2) 22-42+5=0;
3) z2+62+18=0; 4) z2+42+13=0;
5) 22+224+17=0; 6) z22-8z+41=0.
524 1) 922+6z+10=0; 2) 422+42+5=0;
3) 922-12z+5=0; 4) 1622-322+17=0;
5) 22+4z2+4+7=0; 6) z2-6z+11=0.
525 CocraBuTh TpMBeJeHHOe KBajJpaTHOe ypaBHEHHMe, HMewIlee
KOpPHM:
1) 2,=2+2i, 2,=2-2i; 2) 2,=2+8i, z,=2-3i;
3) zy=-4+i, z,=—4-1i; 4) z2,=-T-4i, z,=—T +4i.
526 CocraBuTh OpHUBeJeHHOE KBAJpAaTHOEe YPABHEHHE C AeHCTBHTENb-

HbIMEH K03bdHIMeHTaAMH, HMEIOIlee AaHHLIH KOPeHb, H IIpoBe-
PHUTH OTBET, PEIIUB NOJIYIeHHOE YPABHEHME!

1) 2[=—1+%i; 2) zl=—%—--1§f;

3) z,=2 +i+/3; 4) z,=3-i42.
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527 Pa3noxUTh HA MHOMKUTEH KBAJADATHRIM TpexXuJieH:

1) 22+2z+5; 2) z22-2z+10;
3) 422482 +5; 4) 2522+ 50z + 26.
528 Pemurs ypaBHeHHE:
1) z4+52°-36=0; 2) z¢-822-9=0;
3) z2-22-6=0; 4) z2*+222-15=0;
5) z*+322-18=0; 6) 2'+422-32=0.
E Yiupamaenus
K rnase IV

v-|-----r---‘|-----n---A-|-<---|-----|.---‘1.,...|.....|...<<|,”-,|--A--l”

Pemmte ypasuenue (529—531).

529 1) x2-12=0; 2) x2-50=0;

3) $x%+22=0; 4) 3x—§_1'2:0.
530 1) x2+4x-45=0; 2) x’-9x-52=0;

3) 3x2-Tx—-40=0; 4) 5x2+17x-126=0.
531 1) 4x*-2x-3=0; 2) 9x%-3x-4=0;

3) 4x2-8x-1=0; 4) 3x*+4x-1=0,

532 He pewas ypaBHeHHs, OIpEJeJIMTh, CKOJBKO JeHCTBHTENL
KOpHEeIl OHO MMeeT:
1) x°-5x+6=0; 2) 5x2+Tx—-8=0;
3) 25x2-10x+1=0; 4) 9x2+30x+25=0.

533 PaznoxuUThL HA MHOMKHUTE/H KBAJAPATHLIH TPEXUJIEH:
1) x2+12x +30; 2) x2-10x + 16;
3) 2x2+x—1; 4) 2x2-8x-2.

534 CoxparuTs ApoOB:

x2-9 X rdxydx
1) ; 2) ———~ %,
x+ 3 x+ 2
16x2-24x+9 25x%+ 10x + 1
4x2+5x-6 5¢2-14x-3

Pemmures ypasHenue (535—536).
535 1) x*-9x2+20=0; 2) x*-11x%2+18=0;
3) 2x*-b6x*+2=0; 4) 5x1-16x2+3=0.
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536

637

539

540

541

542

543

545

+<= ;

1) X 3 3 2 x? +2+x=5—x;

-2 x x-2’ x2+8x x+8 x
+3 6- ] 4

3 2 y_9+°. g B2 _ ¥ g 4
V-y 1= y-4 4-y y

Haiitu fBa 9Mc/ig, CYMMA KOTCPLIX PABHA 3, A CYMMA HX KBEajapa-
TOE pABHA 5.

Haiirn gBe 4HCAA, PASHOCTE KOTOPHIX pasEa 1, a cyMma ax
KBaJpAaTOB paBHAa 3%.

OnHa cTopoHAa NPAMOYTOARHMKA Ha 5 M Soasmre apyrod, a ero
mroniaze passa 84 M2, HafiTy cTOPOHE! IPAMOYTONLHHKA.

Iromais OpaMoyroibEWKa pasHa 675 cu®, HaliTi cTopomE
OPAMOYTOJBMHKA, €CAH OfHA U3 HUX Ha 30 cM MembIIe Zpyroi.

Cxopoetrs BeproietTa Mu-6 OTHOCHTEJNLHO BO3AYXa pasBHA
300 xkM,/4. Paccroanre B 224 KM BepTONET OPOJETEN ABAMKALI
OJMH pas — 00 BeTpy, Apyroii pas — npoTHEe perpa. Onpexne-
JAHUTH CKOPOCTE BETpa, eclik HA NoJeT OPOTHE ReTPA BepPTONeT 2a-
TpaTus Ha 6 MuH 6oAkme, deM Ha ToNeT T0 BeTpY. (IIpn Baranc-
JICHHM HCTIONBIOBATH MHKDOKaJIhKYJIBTDp.)

CKOpOCTE BeJOCHIeAMCTA Ha MepBOA moMoBMHe myrH OblIa Ha
3 kM/u GoanIne, YEM €ro CKOpOCTh Ha BTOPOH NOMOBHHE OYTH.
C KaKoi CEUPOCTBIO BENUCHUGANCT UDUSXAJ ETOPYID LULGHUHY
nyTH, ecau Beck oyT: B 90 KM oun npecnoxnern aa 5,5 u?

Ha nocaaxe gepesnes paGotanH Aee Gpuraasl. Ilepeas Gpurana
exelHeBHO BhcaxkHBana Ba 40 gepepbep 6OJBIUE, YeM BTODaA,
u nocaguna 270 geperbeB. Bropaa Opurapa paforana Ha 2 pEA
Oonnore mepeoii m nocaguaa 250 gepeBreB. CKonbKo Anedl pabo-
Tana HA NOCAAKE AEPEBLEB Kaxkaan Opuraga?

PemuTh YpABHEHHE (Z — HOMIIEKCHOE YACHO)

1) 22+ 2z+5=0; 2) 2-6z+10=0;

3) 922 -62+10=0: 4) 422+162+17=0.

PelmdTh CHCTEMY YPABRHEHHN:

1) [x+y=1, 2y |x+8y=10,
xy=—8; xy=3;

3) |[x—-2y=-7, 1) |x+y=-7,
xy = —8; xy=12;

5) jx%-y? =200, 6) [x?2—y2=9,
x+y=20; x-y=1

7 2%+ y* =41, 8) [x-y=38,
y—x=1; x3+y2=5.



546
547

548

549

550

551

252

PemuTs ypaBHeHHe:

1):3x2=0; 2) (x+1)(x-1)=0;
3) 4x2-1=0; 4) 3x2=5x;

5) 4x?-4x+1=0; 6) x2-16x—-17=0;
20322 +hx=2; 8) x2-4x+5=0.
PasioXuTh HA MHOMHTENH:

1) x2+ x-6; 2) 2x2-x-3.

PemuTs 3agauy:

Paccroanme Mexay cenamMu 36 KM OJMH BEIOCHUIIEAUCT IIPEOXO-
nesaeT Ha 1 4 GeicTpee gpyroro. HaliTu cKopocTh KaXJA0ro BeJo-
CUIIeIUCTA, €CJIM U3BECTHO, UTO CKOPOCThL OJNHOro Ha 3 KM/u
fosbIIe CKOPOCTH APYIoro.

PemuTs cHCTEeMy ypDaBHeHHIH:
x2 -2 =12,
x+y=9.

Permnuute ypasaenue (546—548).

1) 3x(x-2)=x-4; 2) s s
1) 2x(x-2)=(x+1)2-9; 2) bx(x-4)=(x-8)%>-65;
3) (x+2)* (x+1) -1 4 (-1 (x-2)° —4
3 2 4 5
1) (x-5)(x-6)=30; 2) (x+2)(x+3)=6;
3) (x-1)(x-4)=3x; 4) (x—-2)(x+8)=6=x.

IIpn KakuX 3HAUYEHHAX X BEIpaykeHHWe x2+ 3x —88 mpumEmMaer
sHauenue, pasHoe: 1) 0; 2) 20; 3) —-18; 4) =707
CKOJNBKO JeHCTBHTENRHEIX KODHEH HMMeeT KBAJDATHOE ypaBHe-
BHe ax?+bx +¢ =0, ecnu:
1) a=3,b=1, c=—4; 2) a=5,b=2, ¢c=3;
3) a=25, b=-10, c=1; 4) a=1, b=0, ¢ =-257
IIpM KaKMX 3HAYEHHAX X 3HAYEHUSA JAHHLIX BRIDAXKEeHHI DaBHEI:
3 1 3

"

1) 9 +-=% 173x; 2) — =1 :
2x+2 =x2-1 2-2x 21 2 2x-2
2 1 x—-4 x—-2 2 1
3) H - g 4) u - ?
z2-4 x=-2 x2+2r, -z x2-1 2+x

YOpocTHTh BhIpakeHHe:

1 ~10)- x+ 3 + x+4 .
J b )(x2—7x—30 xZ-6x-40

2) x=1 __ x*1  |.(6x2+17x+5).
2x%+8x-5 8x%2+4x+1
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553

554

553

556

957

558

559

560

561

PemmuTe yparHeHUE:
12x+4 3x—-2 2x+3,
1) 3 = - »
x“+2x—-3 x-1 x+ 3

2) 5 8 _ 2 3 20
-4 x2-1 x?-3x+2 x*+3x+2

MacTepckas B OOpeJeJIeHHEI# CpPOK [JOJJKHA BBEINYCTHTE
5400 nmap odysu. PaKTHYEeCKH OHaA BBRINYCKaNa B JeHb Ha 30 map
Gonbliie, UeM MPEAMNONATANOCH, M BBIONHHWIA 3aKas Ha 9 mueii
pPaHBIIE CPOKa. 3a CKOJIBKO JHeill ObLI BHINOJIHEH 3akas?

IIBa TypHCTa BEIeXaJH OZHOBPEMEHHO Ha BeJOCHIeAax u3 cema A
M HaNpaBHJIMCH PASHBIMH goporamu B ceno B. Ileperiil goaskeH
6p11 npoexatrs 30 KM, a Bropoit — 20 kM. CKOpPOCTE ABHIKEHHUS
nmepBoro typucrta 6nla Ha 3 KM/4 G0JbIIE€ CKOPOCTH BTODOTO.
Opueako Bropoii Typuct npubsul B B Ha 20 MUH paHbIIe IepEOTO.
CKONBKO BpeMeHM ObLI B JOpore KamIblil Typuct?

IIBe 6puragbl paboumx 3aKOHUHMJIH DEMOHT yYacTKa JOPOTH 34
4 u, Ecsiu Gbl cHauasa oOfHA U3 HHX OTPEMOHTHPOBAJA NOJIOBUHY
BCEr0 y4acTKa, a 3areM ApPyras — OCTABIIYIOCA 4YaCTh, TO BEChb
peMoHT OBl OBl 3aKoH4YeH 3a 9 u. 3a CKOJIBKO BpeMeHH Kamk-
Jas 6puMraja B OT/AEJBHOCTH Morja OBl OTPEMOHTHDOBATE BeCh
y4acToK?

IMoean nomxeH mpoiitu 54 kM. Ilpoitna 14 kM, oH GBI 3anep-
skaH y cemadopa Ha 10 MuH. YBeIHIHB CKOPOCTE MOCJIE 3TOr0 Ha
10 kM/4, 0H HmpHOBLI HAa MECTO HA3ZHAYEHHA ¢ ONO3TaHHEeM HA
2 mun. OnpefenuTs NepBOHAYAJIBHYK CKOPOCTh HOE3fa.

IKCKYPCAHTHI OTIIPABUIKCEH U3 ropoga A B ropog B Ha Temmnoxo-
e, 8 BO3BpATHANCH obpaTHo HAa moesge. Paccroanme ot A o B
10 BogHOMY IyTH paBHO 108 KM, a mo Kene3Hoi gopore 88 kM.
Tloeanka mo KeJesHOH AOpOre HPOJOJIKANACE HAa 4 4 MeHbIIe,
yeM Ha Temyuoxoje. CKOJIbKO KHJIOMETPOB B Yac IIPOXOLHJI
[oesf, ecji ero ckopocrs Obina Ha 26 xm/u Gonbime cxopocTH
Temoxoga?

B spurensuom 3ane xayba 6s1mo 320 mect. Ilocie Toro xax gmc-
JI0 MECT B KajXXJJOM PAAY VBeJIWUYUTH HA 4 1 706ABHUIH elle OJuH
P4X, B 3puTeasHOM 3ajyie crano 420 mecr. CKONBKO ¢TaJlo pAXOB
B 3PDHTEJBHOM 3aJie KJjvDa?

Ha actpagserii KoHnepr B ¢abpuuHoM Kiaybe GELIO IpOAaHO Ha
2000 p. 6ureToB No ONHOH cToMMocTH ¥ HA 1200 p. OuIeToB CTO-
UMOCTHI0 Ha D p. Bonsnre. KakoBel mensl HUIETOB, CJIH HA KOH-
unepre 6n110 280 yemoBek?

Peuiurs ypaBHeHHE (2 — KOMILIEKCHOE YHCJO):
1) 22+42+19=0; 2) z22-2z2+83=0;
3) 222 -2+2=0; 4) 322+22z+1=0.
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565

566
567

568

569

570

M

872

PemnTs cucTeMy ypaBHeHMIA:

1) |2+ =10, 2) jx2+y*=18,
xy=-3; xy=96;

3} |22+ py~x=4, 4) [{x-1y-1)=3,
3x-y+2x=-~1; (x+23)y+2)=24.

Ha usrotoBaenne ogHoi Tetady mepBoiif paboumit zarpaymMBan
Ha 2,5 muH Gonnime, gem 5T0poit. Tlocne Toro xax neperi pabo-
YHH HA9AJN HAIrOTABJUEATD 38 KAKALE 9ac Ha 3 AeTan Hoaboe,
& BTOpoH — He ouHy AeTaab Hojiblie, 9eM paHblle, HX NPOH3BO-
LUTeJEHOCTE TPYAA cTana OFMHAKOROH. Cronbko geraneil uaro-
TABJUBAN KaxAbH pafoamit sa 1 4 nepBoHAYANLHO?

H3 nvekTa A B nyEET B oTNpasuica asTeMobuNE, A OQHOBpe-
MeHHO HABCTPEUY €My M3 UYEKTa B oTnpaBHaca asrobyc. ABTo-
MoOunrs upubsin B B wepes 40 MHH moche BCTPEYH ¢ arTOGyCOM,
8 apTolyc Opubea B A gepes 1,5 1 mocne ux serpedn. Halith
CRODOCTE aBTOMGOHIA U anroﬁyca, €CJIH PACCTOAHHES MeXAy
nyHKTaMH A i1 B parno 100 kM (CKOPOCTH aBTOMOGHIA W 8BTO-
6yca DOCTOAHHEI).

Janpacars OpRBeJeHAOE KBAAPATHOE YPABEEHHE, HMEIOILES KOp-

HU I; B Xy
1) z,=38, x,=-1; 2) x,=2, %;=3;
8) %,=0, xy=4; 4) x=-1, ;=5

Iyers £, = -3 — kopeHs ypasseHud Sx% + 12x + ¢ =0. Haittu x,.

He BnuMcAAA kopHeA ¥, M X, ypapHeHHMA x-Tx-21=0,
HAWMTH:
x E
1) L4+l 2) 2+xl ) L2, 4) x} +x}.
Xy Xa Xz xy
B ypaBHeHHH (a— T)xZ+ 13x—a =0 OFMH M3 KODHel paBeH 2.
Haiitaa 3HaYeHHNe & 1 BTOPOH KOpeHs YPABHEHHA.

Kopam xmagpaTHOTO ypaBHeBRHA X2+ px+q =0 — BaanMuo 06-
PATHEI€ TOAOXMUTENLHRE qucna. Hatrw 4.

CyMMa KBaApaToB KopHell ypapuenma x2+ px — 3 =0 pasua 10.
Haiitu p.

PemnTs ypaBHEHUE:

1) 2 e 1 2x-1, 2) 30 13 _T+18x

PZ-x+1 x+1 B+1 -1 2+x+1 -1

Ha meximxonsHoM mameddom TypH¥pe (R0 ceirpano 56 nap-
THH, OpHIeM KaABH HPPOK Urpall ¢ KaXALBIM ABe NapTHH
(DenmiMm ¥ uepHEIMEH). CKOALKD IMKONBHHKOB Y4aCTBOBANO B
TYpHApPE?
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574

575

576

577

B nepsencrBe no maxmaram Obiia ceirpana 231 nmaprusa. Ckons-
KO IIaXMAaTHCTOR YYACTBOBAJIO B TYPHUDE, €CJIM KAMIBIA ¢ KaX-
JbIM MTI'DAJ IO OKHOMY pasy?

B yemnuonaTe no Boxeitbony 6b1n0 chirpano 66 martueii. Croub-
KO KOMAaH] yqac'['Bosa_uo B UeMIHOHATe, eClIH KaXJasd KOMAaHIOA
urpaia ¢ Kaxzoil no ogHEOMYy pasy?

HeckonbKO COPTCMEHOB, ye33Kas IOC/e COPeBHOBAHHH OMOM,
0OMeHSIINCE CYBeHHPAMHE (KajsKILIH MOZApPUJ KaXKIOMY IIO OZHO-
MY CyBeHHDPY). CKOABKO OBLIO CLIOPTCMEHOB, €CJH CYBEHHPOB IIO-
Hagobumnocs 30?7

3adana Marnopena'. Heckonsko yenosex obefarn BMecTe U oo
CUeTY JOJMKHEI OBLTH YILIATHTE 175 muanruuroB. Tak Kak y ABO-
HX U3 HUX JeHer He 0Kas3aloch, KayKJOMy M3 OCTABIIMXCA IIpH-
miochk ynaaTuThk Ha 10 mumnuarosB Gonbire. CKONBKO YenoBeK
obenano?

CocTaBUTE OpOrpaMMmy AJisi BHIYHMCJIEHHA 3HAYEHHA BBIDAXKEHH
&% —4ac Ha MEKPOKANLKYIATOPE M HAWTH €ro Npu:

1) a=3, b=12, ¢ =-4551;

2) a=2, b=114, ¢ =1612;

3) a=1,5, b=-2,1, ¢ =-55,08;

4) a=2,5, b=-30,75, ¢ =93,8.

! K. Marnoper (1698-—1746) — moTnasnckuit MaTemarak, yaeank M. Heio-
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KBagpaTuunas
Gy

Oupegeneane
KBajIpATHYHOH (PYyHKIHH

B VII xnacce BeI MO3HAKOMMJIMCE C JHHEHHOH GyHK-
nuei y = kx + b u ee rpaduKOM.

B passuuHBIX 00J4aCTAX HAYKM M TeXHMKH YacTo
BCTpevaoTcd (GYHKOUH, KOTOphIe HASHBAIOT Keadpa-
muunbimu. IIpuBeseM npuMeps.

1) Ilnomazs KBagpaTa iy CO CTOPOHOM X BbhIMHCJAETCA
no dopmyne y= x2.

2) Ecau Teno GpomeHo BBepX CO CKOPOCTHIO U, TO pac-

CTOAHHE § OT HEero A0 NOBEPXHOCTH 3eMJIM B MOMEHT
2
BpeMeHH it onpezendeTca GOpMYyJoi s =— gtT + vt + 8¢,

rje s, — pPACCTOAHHE OT TeJjia [0 IOBEPXHOCTH 3eMJIH B
MoMeHT Bpemenu £ =0.

B sTHXx npuMepax paccMOTPeHHl (VHKIHH BHIA
y=ax®*+bx+c. B nepsoM npumepe a=1, b=¢c=0,
a mepeMeHHBEIMH SABJAKOTCA X ¥ y. Bo BTopoM npumMepe

a=—%, b=v,c =s,, a nepeMeHHbIe 0603HaYeHE! OYKBa-
MU U S,

Onpesenenue. ®ymknus BuAa y ax2+bx+c =

TAe @, b B ¢ — 3a/aHHEIE JAeHCTBUTEIbHEIE 1|mc.ua, :

a#0, x — Aeﬁcrnnre.uhnaa uepeuennas, HaskIBa-
eTcs xeaﬂpamuunoﬁ dynkyueir.
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3amaua 1

Samaga 2

3anmaga 3

Hanpumep, KBagpaTHUHLIMU ABIAIOTCA DYHKIHH:
y=x% y=-2x%, y=x®—x, y=x*>-5x+86,
1
=-3x%+ = x.
y 2

Haiitn snavyenue GyHxuun y(x)=x?>-5x+6 npum
x=-2,x=0,x=8.

y(-2)=(-2)2-5(-2)+6 = 20;
y(0)=02-5-0+6=6; y(3)=32-5-3+6=0.

ITpy xakuMX 3HAYEHUNAX X KBajgpaTHYHas (QYHKIUA
y=x?+4x - 5 npuEuMaeT 3HaueHHe, PaBHOE:
1)7; 2)-9; 3)*-10; 4)0?
1) ITo ycnoeuio x? +4x - 5="T. Pemas aro ypaBHeHHe,
MoJy4aeM:
x2+4x-12=0,
X, ,=-2+J4412=-2+4,
x,=2, x,=-6.
2) Ilo ycnoBuo x2+4x—5=-9, oTkyzaa
x*+4x+4=0, (x+2)2=0, zx=-2.

3)* Ilo ycnosuio x2+4x-5=-10, orkyna x2+4x+
+5=0. Pemas 3T0 ypaBHeHHe, HAXOAMM X; ,=-2 fi.
CrnepoBaTenbHO, ypaBHeHHE HE HMEET JEHCTBUTEJIb-
HBIX KOPHEi, U [02TOMY faHHAaA (QPYHKIHS He IPHHH-
maeT 3HaueHMe —10 HM NpH KAKHX JeHCTBHTEIBLHEIX
3HAYEHUAX X.

4) IIo ycaosuw x*+4x-5=0, orryga x,=1,
xy=-5.

B mocnepgHem ciay4yae ObljmM HalZeHbl 3HAYEHHA X,
Opu KOTOPHIX (YHKOuA y=x2+4x -5 npunumaer
aHadeHue, paBHoe 0, 1. e. y(1)=0 u y(-5)=0. Ta-
KWe 3HAYeHHS X HASHIBAIOT HYAAMU KEaAJpamuuHOu
dyHKyUL.

Haiitn Hynn pyskoun y= x2 - 3x.

Pemasa ypaBHeHHe x°-3x=0, Haxogum x,=0,
x,=3.

YupamaeHUs
578 (Yerno.) Asasieress nu kBagpaTuuHoil QyHKIHSA:
1) y=2x2+x+3; 2) y=3x%-1;
3) y=5x+1; 4) y=x"+Tx-1;
5) y=4x2; 6) y=-3x2+2x?
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579

580

581

282

583

HAYEPTH TPH ITPAMBIE TAK, YTOBbI KAKHAA
TOYKA OKA3AJIACH OTIEJEHHOH OT JIOBOH
JPYTOH TOYKH.

HaiiTa gelicTBUTeNbHBIE 3HAYEHUSA X, IPH KOTOPBIX KBagpaTH4-
Has QyHKRDHE Y= x2-x-3 IpHHHAMaeT 3HAUYeHHe, paBHOe!

Do 2 -3 -2 4 -5

IIpu Kakux [AefiCTBHTENBHLIX 3HAUEHHMAX X KBaJApPATHYHAS
dyvEKOua y=—-4x%+ 3x — 1 TpEHUMaeT 3HadeHHe, paBHOE:

1) -2 2) —8; 3) —0,5; 4) —-1?

OnpenennuThb, KAKHE U3 YHCEN —2; —Jg; -1; -0,2; 0; 1; Jg ABJNA-
0TCA HYJAMH KBaJpPATAYHOH (PYHKI[HH:

1) y=x242x; 2) y=x2+x;

3) y=x%-3; 4) y=5x2-4x-1.

HaiiTy HYJIH KBaApaATHYHOH QYHKIIHH:

1) y=x2—x; 2) y=x%+38;

8) y=12x2-17x +6; 4) y=-6x2+Tx-2;

5) y=3x?-5x+8; 6) y=2x2-T7Tx+9;

7) y=8x2+8x+2; 8) y=1x?-x+1;
9) y=2x%2+x-1;

=X

2 2
10) y=3x%+5x-2.

Haiite xosdpdunmenETss p H ¢ KBajpaTHUYHON QyHKOHH

y=x%+ px+q, ecau UBBECTHEI HYJH X, U X, 3T0H PyHKIUH:

1) x,=2, x,=3;
3) x,=-1, x,=-2;

2) x;=-4, x,=1;
4) x,=5, x,=-3.
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584 HaiiTu 3HaYeHHA X, NPH KOTOPHIX MYHKIUHEH y=1x2+2x-3 u

y=2x+1

NPHHMMaT paBHbIe 3HAYEHHA.

585 HaiiTn KOOpAMHATE! TOYEK IepecedeHns rpaduKosB QOyHKIMIA:
1) y=4x?+4x+1 u y=2x+1;
2) y=x-8x+15 u y:%xk2;

3) y=x2-3J2x+4 u y=§x—1;

4) y=/3x2+3x u y=

J3

—x+1.
3

PaccMoTpuM byHKLH y=x2, T. e. KBaAPATHIHYIO
tbyaknuo y=ax?+bx+c npua=1,b=c=0. Ina no-
cTpoeHHA rpadukKa 3ToH (PYHKIUMH cOCTABUM Tabaumy
HEKOTODBIX €€ 3HAYEeHHI:

x -4 | -3/ -2 -1 0 1 2 3 4
y=x2 16 : 9 4 1 0 1 4 9 ;16

ITocTpouB ykasaHHble B TabaHMIe TOYKH U COEAHHHB
MX TJIABHON KPUBO#, Noay4YMM rpadur QYHKIIHH
y=x? (puc. 32). KpuBas, apiadgwomanca rpaguKom
GQYHKIHHA Yy = x2, naseiBaeTca napabonoi.

PaccmoTrpum ceoiicmea ynryuu y= x>,

1) BHauenue GYHKUHEH y= X° NOLOIKUMEALHO TIPH
x#0 u pasno Hyaw upu x=0. CaregoBaTenbHo, na-
paGona y= x? mpoxoauT uYepes HAYAJO KOODAHHAT,
a OCTambHBIE TOYKM napabosikl JexaT BBIINIe OCH
abcnuce. FosopaT, 4o napatora y= x? kacaemcs ocu
abcyuce B Touke (0; 0).

2) T'paduk GOVHKUMH y= x> CHMMeTpHYeH OMHOCU-
meavho ocu opdunam, Tak Kak (—x)? = x2. Hanpuwmep,
y(—3) = y(3) =9 (puc. 32). Takum obpasom, och OpAN-
HAT ABJAETCA 0CbI0 cummempuu napaboasi. Touky ne-
peceyeHus napaboibl ¢ ee OCBI0 CMMMETPHM HA3ZBEIBAIOT
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yA

Puc. 32

géepwunoil. napaboavt. Jlna napaboast
y = x° BepIIMHOI ABJIAETCA HAYAIO KOOP-
JHMHAT.

-4-3-2-10

Puc. 31

3apaua

1234 x 3) [Mpu x>0 GoxbIIeMy 3HAYEHWIO X CO-

oTBeTcTBYeT Oosbmee 3HaueHue y. Ha-
npumep, y¥(3) > y(2). l'oropaT, uTo GyHK-
ouA y= x° gospacmaem Ha npoMeNymie
x 2 0 (puc. 31).
IIppn x<0 OospmeMy B3HAYEHHWID X COOTBETCTBYET
meHbIllee 3Hadenue Y. Hampumep, y(—2)<y(—4).
Tosopsar, uro dyaxnusa y=x? ybvieaem nHa npome-
wymre x <0 (puc. 31).

HaiiT KOOpAMHATHL TOYEK ImepeceyeHHs napaGouasi
y=2x? u npamoit y=x +6.

KoopamHaTel TOUKH NEpeceyeHds ABIAIOTCA DeIIeHH-
eM CHCTeMBl ypaBHEHHuH ’

y=x?,

y=x+6.
Pemasa aTy cucTemy, mojydaem x’=x+6, x?—x—
-6=0, orkyna x,=3, x,=-2. llogcrapnsas sHaYeHHA
Xy M X, B OJHO M3 YDABHEHWH CHUCTEMBI, HAXOXUM
n=9, y,=4.
(3;9), (-2; 4). <
IIapabona obnagaer MHOrMMH HMHTEpPECHBIMHM CBOMCT-
BaMH, KOTOPbl€ IIMPOKO HCHOJb3YIOTCA B TeXHHKe.

Hanpumep, Ha ocu cuMMeTpHUH Napabojbl €CTH TOYKA,
KOTODPYI0 HA3BIBAIOT Qokycom napaboaw: (puc. 32).
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asy

588

b8g

590

a1

592

593

Ecan B aToii TOUKe HAXOAUTCA MCTOUHHK CBETA, TO BCE
oTpaskeHHble OT napalonu AYYA MAYT ODAPAILIeNLHO.
910 CcBOHCTEO HMCIIONIB3YEeTCH TIPA HIUOTOBJICHHH LDO-
HOKTOPOR, JOKATOPOR M IDYIHX Npubopom.

Porycom napaloan y = x° measercs Toduka | O; i]

Y apaxBeann

Ha muanuMeTpoBofi GyMare NocTpORTh rpaduK pyRrpE y = x2.
Tio rpadury opubamienno Haikri:

1) auauvenue y npu x=0,8; xr=1,5; x=19; *x=-23: »=-1.5;
2) suaveHHd x, ecan y=2; y=38; y=4,5; y=6.5.

He crposa rpathuxa QyHKUHM § = x%, onpeResnTs, Kakde TOUKY
umpaaazmexaT eMy;: A (2; 6), B(-1; 1), C(12; 144), D( 3; -9).

(Yerno.) HaiiTH KoOpAUMNATEH TOYEK, CHMMETDHYHHX TOYKaM
A(3; 9), B(-5; 25), C(4; 15), D(¥3; 8) ormocmresnmn ocu
oppusar, IIPpEHALIEXAT AU Bee 5TH Touku rpabuxky dyExnunm
y=x%7?

(Yerao.) CpaBHHTE sHAUeERA GVHKIUN y=x2 npu:

1) x=2,5n x=3%; 2) x=0,4 u x=0,3;

3 x=-0,2 1w x=-0,1; 4} x=4,1 1 x=-35,2.

Haiite ®OCPAMHATE TOYEK MepeceueHus napabons: y = x2 u npa-
MOH:

1) y=25; 2) y=95; 3) y=—x;

4) y=2ux; 5) y=8-2x; 6) y=2x-1.

Henaercsa nd TOYKA A TOUKON NepeceueduA napabonb: y=x* u
npAMOH:

1) y=-x-6, A(-3; 9);

2) y=5x-6, A(2; 4)?

Bepao a1m yTBeps:kaeHHe, 9TO QYHKONA y¥ = x° BospacTaeT:
1) ma orpesxe [1; 4]; 2) Ha uaTepRane (2; A);
3) Ba npoMexyTKe X > 3; 4) Ba orpeske [-3; 417

Ha oaroii kroopannarnoil II0CKOCTH MOCTPOHTL mapaBony y = x2
2 npaAMys § = 3. IIpH RaRMX 3HAYEHHAX X TOYKH napaboXn ie-
JKAT BHILIE NpAMOAT HHe npaMoii?

TIpm KaKHX X SHAHEHMA QYHROMH y= x2:
1) Gonnme 9; 2) He Goabme 25;
d) me nenwme 16; 4) meHbure 367
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DysRNUA
y = ax?

Jamaua 1 IMocTpouTs rpabuk GyHKIHH y=2x2.
P CocraBum Tabiuny sHadeHH# QyHEOuMM y=2x%:

X

-3 | -2 | -1

| y=2x2

o | 1|
o 2 8 18

18:8 2

IMocTpoum HalifjeHHBIE TOYKHM M IIPOBEAEM 4Yepesd HUX
IUIaBHYIO KPHBYIO. <!

yA

-10] 1 x

Puc. 33

3amaua 2 Iloctpoute rpadpuk dyHKOUM y= %x .

P CocraBum TaGnuny sHaueHHi QyHKOHH y = % x

Cpasuum rpaduku pysxnuii y=2x2 uy= x2
(puc. 33). IlpH oJHOM M TOM Ke X 3HAUEHHE
bysrnuu y=2x2 5 2 pasa Gonbine sHaAYeHHA
bysrOER Yy = x2.

JT0 3HAYHUT, UTO KaKAYID TO4YKY rpaduia
y=2x? MOMXHO HNOIYyIHUTh U3 TOUKH rpaduKa
byuxnun y= x? c¢ Toit xe abemuccoit yeemn-
YeHHEM ee ODAWHATEI B 2 pasa.

TosopaT, uyrTo rpabux GOYHEIUH y=2x2
noay4yaeTca pacmaxceHuem zpapuxa QpyHi-
yuu y=x°> or ocu Ox BRONBL ocu Oy B
2 pasa.

2

2

x

! 1 5
| ==X
| ¥ 2 |

3 2 1 0 1 2 3

45 2 05 0 05 2 45 |

IlocTpouB HalifeHHBIE TOYKM, HIPOBEZEM Uepe3d HHUX
mIaBHyl0 KpuBywo (puc. 34). <
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CpasauM rpadun QyHKOUI y=§1x2 u

y=x2. Kam/ayo Touky rpaduxa y= %xz

AL
y‘%x MOXHO IMOJYIHTh M3 TOYKH rpaduka
dyakoum y= x> ¢ Toit ke abemmccoi

VMeHBIIeHMeM €e OPAMHATHI B 2 pasa.
ToBopar, uto rpaduk GyHKIHE y=%x2

MOJIyUaeTCH cHcamuem zpaura PynKyuu
y=x2 & ocu Ox Bjonr ocu Oy B 2 pasa.

ITocTpouTh rpaduK GyHKIUH y=—x>.

» CpasHum dyHKnmm y=-x° m y=x°. Ilpy ogHOM m
Yy Y

TOM e X 3HAYeH!sd 3TUX QYHKIHMN PABHBI 10 MOAYIIO
¥ IPOTHBOMOJIOMKEER!I M0 3HaKY. CiemoBaTeinbHO, Ipa-
duk GyHKOHH y=—x° MOMKHO HONYIHTH CHMMeTpHe
orHOCHTeNnBHO ocu Ox rpaduka GyHrnum y= x?
(puc. 35).

AnanoruuHo rpaguK QYHKEOUH Y= _% x2

CHMMETDH-

qeH rpaduKy QyHKIOHM y = % x% ornocuTesnsHO ocu Ox
(puc. 36).

I‘pacpmc dyEKOHE ¥ = _ax? Tpu Jmﬁou a#0" -raame na—
' 3HIBAIOT Mpadaxau. Ilpux a >0 sereu napaﬁonu Ha-
' OpaBlieHHl 86epx, & UpH & <0 — 6HU3. : ’

va
2
1
0
Puc. 34
3apaga 3
Puc, 35

7 |
y:%xz

2

o .2 x
y=-%x

Puc. 36
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Bamerum, uro Goryc napabonw y=ax? HaxoguTca B

Touke | 0; 1
4a

[lepeumcnum ocHosHble cgolicmea pyHKyuU y=ax?,

rrea#0.

1) Ecam @ >0, 70 yHKUMA y = ax® OPUHMMAET IOJIO-
KUTeJBHLIE 3HAUeHU npu X # 0; ecan a <0, To PyHK-
ouda y=ax? DpHHAMAaeT OTPHIATENbHBIE 3HAUCHHUA
npu x #0; 3Havenue GyHxouu y=ax® pasHo 0 ToNb-
ko npu x=0.

2) IlapaGona y=ax? cEMMETpHYHA OTHOCHTEILHO
OCH OpPAHHAT.

3) Ecau a >0, To dyHKOHA y=ax? Bo3pacTaeT IpH
x>z 0 u ybriBaer mpu x <0; ecnu g <0, To dysrnua
y=ax® ybmBaer mpu x>0 u Bospacraer mpu x <0.
Bce aTH cBolicTBa BUAHEI Ha rpaduKax (puc. 37, 38).

3anaua 4 Ha opgHO KOODAWHATHOH IJIOCKOCTH IOCTDOHMTE I'pa-
¢ukn Gyaxnouit y = 2x? u y=8. C noMompio 3THX rpa-
(dukxop pemruTs HepaseHcTBO 2x2 > 8.
P IToerpoum rpaduxu maEHBEX GyHKOWIA
(puc. 39). [na Toro 4To0RI pEelIHTEL He-
vk paBeHcTBO 2 x2 > 8, HyKHO HallTH Te 3HA-
YeHHA X, NPH KOTOPHIX TOYKHM mapabo-
Jgbl y=2x? Je:xaT BbIle NPAMOi y = 8.
) Ly |
y=ax’a>0 8 y=8
of 1 “x
Puc.37
L7
o _, -
g —
y=ax?a<0
1..
\ N N
-2 -1 0 1 - 4
Puc. 38 Puc.39
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W3 pucyuka 39 BHAHO, 4TO HepaBeHCTBO 2x% >8
BEpPHO IpH X < —2, a TaKMe OpH X > 2.

3amaua 5 HaiiTh 3HaYeHMe a, IPH KOTOPOM OJHA B3 TOYEK Iepe-

595

596

597

598

599

601

602

cedenus napabossl y =ax? u npamoii y=2x + 4 umeer

abemucey x = 2.

Wz ypaBHeHMs NpaAMoOil y=2x +4 HAXOAMM OPAMHATY
TOYKH Iepeceuenusn: y=2-2+4=8. IlomcraBnas
x=2, y=8 B ypasHeHue napabonsl y=ax?, nonydaem
8=a-2%, orkyga a = 2.

YupaxHeHHA
Ha munaumerpoBoii Oymare mocTpouTh rpaduk GQYHKIHAHA
y =3x2. Ilo rpaduKy npubIm:KeHHO HAWTH:
1) snavermms y npu x=-2,8; -1,2; 1,5; 2,5;
2) smauenmsa x, ecaum y=9; 6; 2; 8; 1,3.

(¥ecrr0.) Onpenenutsh HanpaBJieHHe BeTBeil mapaGosibl:

1) y=382% 2) y=3x%
3) y=-4x?; 4) y=—%x3.

Ha opHO##T KOOpDJAMHATHO® IJOCKOCTH IIOCTPOHTE TpaduKH
hyHRITIHA:

1) y=x% u y=38x% 2) y=-x2 u y=-312%;
3) y=38x? u y=-3x%; 4) y:%:c2 " y=—%x2.

Hcnosnb3sysa rpaduku, BbIACHHTH, KAKHAE M3 3TUX QYHKOUHE BO3-
pacTaioT Ha npoMexyTke x = 0.

Haiitu koaddunuenr a, ecin napabona y=ax? mpoxoaut uepes
TOYKY:
1) A(-1;1); 2) B(2;1); 3) C(1;1); 4) D(3;5-1).

C moMompio rpahHKa GYHKIMHK i = -2 x° pelllnTh HePaABEHCTBO:

1) 2x2<-8; 2) 2x%>-18;
3) —2x2<1; 4) 2x% > -32.
Tlpu xaxux x 3HaueHHs PYHKOUHU y=3x2:
1) Goaepme 12; 2) ue Goxabine 27;
3) He meHbIE 3; 4) menbuie 757

HaiiTi KooOpAMHATBI TOYEK IepecevyeHHA TpPadHUKOB (DyHKIHIi:
1) y=2x% m y=8x+2;
1 _: 1
2) y=—-x*ny=-x-3.
Y="% ¥=3
HaiiTH sHayenwue @, NPH KOTOPOM OJHA W3 TOYEK NepecedyeHH:A

napaboibl y=ax® ¥ npsaMmo# y=5x -2 umeer abenmucey x =2.
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603

604

605

807

Haitru smauernue k, npu Koropom mapaGona y=-5x? u npaMas
y = kx + 6 mepecekaloTca B Touke ¢ abciuccoi x = 2. Mmerorca au
JpyrHe TOYKH lepecedyeHus rpaduxos?

Ssnaerca nu ybbiBalouieil Ha mpomexyTke x <0 dyHrnuHaA:

) y=42%  2) y=1ix% 3 y=-5x% 4 y=-1%?
BuIACHATH, ABIAETCA JM QYHKLMA y = —2x? Bospacraoueil nin
ybbiBaromeit:

1) ua otrpeske [-4; —2]; 2) na nurepsane (3; 5);

3) na orpeake [-5; 0]; 4) na unTepBane (—3; 2).

IIyTe, mpo¥ileHHBINH TEJOM INPH PaBHOYCKOPEHHOM ABHIKEHHH,

2
at
BbIYHMCIAETCA N0 hOpMYyJIe § = —5»TAe § — NyTh B MeTpax, @ —

ycKoperme B M/c?, { — Bpema B cexyHaax. Haiitu yckopenue a,
ecau 3a 8 ¢ TeJl0 NpoIIo MyTh, PaBHEIA 96 M.

IIyers napabona y=ax®? u npamas y=kx+b HMewOT TOJBKO
oaHy obmyio Touky u abcmmcea 3TON TOYKM paBHa X,. JlokasaTs,

x
YTO 9Ta NpsiMad NPOXOAHUT 4epe3d TOUKY [?", 0|

Dynariuus
9
y=ax-+bx+c

3amaua 1 MoctpouTs rpaduk dyHKIEAM y=x2—-2x+3 u cpas-

HUTBL ero ¢ rpadbuxom OYHKOMM y = x2.
P Cocrapum Tabaumny 3HAYEHHIH (PYHKIHH
y=x*-2x+3:

S — :

x 3|-2(-1 0,1 2 3
..... 2. - . = _g___ - | - ._+_. i . I}
ly=x?-2¢+8 18 | 11| 6 | 3 | 2 | 3 | 6

IMocTpouM HalifleHHEbIE TOYKH ¥ MPOBEJeM 4epe3 HUX
NIaBHYIO KpUByH (puc. 40).

IOna cpaBHeHuA rpapukos npeobpasyem dopmyny
y=x?-2x+3, ACIONBL3YA METOA BbiAEJEHHA MOIHOIO
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vh 9
‘ 18+
xy 5+ 1
114 Pue. 41
y“ y:(x-1)2+2
6 —
\ =0
\ /
\\ /
3 2 I
2 /| \‘ /
1% Jy=(x-1)*
\ / y=(x-1)
3 -2-10 2 3 x o 1 x
Puc. 40 Puc. 42

kBajgpaTta: y=x°—-2x+1+2, y=(x-1)?>+2. Cpas-
HuM rpadmkm Qysxnuit y=x2 m y=(xr-1)%. Bame-
THM, 4TO ecJHu (X;; Y,) — TouKa napaboibl y= x8,
T. €. ;= xf, To TouKa (x,+1; y,) IpuHaAIEKUT rpa-
buxy dysxoum y=(x-1)?, rax xak ((x;+1)-1)%>=
= xf =y,. CrnepoparenbHo, rpaduxom QyHKEOUK
y=(x- 1)? aBnserca napabosa, OJIyYeHHas M3 mapa-
Gonsl y=x? cdeuzom (mapalenbHLIM MEPEHOCOM)
BIOpaBo Ha exuHuNy (puc. 41). Teneps cpaBHUM rpa-
duxkn ysrnuit y=(x-1)* n y=(x-1)%2+2. Ilpn
KaskIoM x sHadenne Qyrrnuu y=(x — 1)+ 2 Gonbme
anavenus pynxmnun y=(x—1)? na 2. CremosarensHo,
rpadukoM GyHKUEHE y = (x — 1) + 2 asnaerca mapabo-
Jla, MoJy4YeHHadA cABHroM mapabossl y=(x — 1)? BBepx
Ha ABe eAMHUILI (puc. 42).
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yp y=(x-1%+2 Hrax, rpaduxom dyaxmuu y=x2-2x+3

Y42

n+1j0 1

Puc. 43

ABJIsgeTca napadoja, nojydaeMasa CIBUIOM
napabonel y = x? Ha eMHMIY BIPABO H HA
IBe equHUILI BBepX (puc. 43). Ocero cuM-
Merpuu mapa6oibl y= x> —2x + 3 aBuser-
cs IpAMad, NapajJeJbHass OCH ODAMHAT H
NPOXOoAANiasl 4Yepe3d BepmHHY mnapabo-
y=(x-1)* ast — Toury (1; 2). <
AHaJOrMYHO JOKAa3blBaeTCH, UTO zpadu-
x wom pyrryuu y=a(x - x,)*+ y, A6nsem-
cs napabond, molydyaeMas CIBHUIOM Iapa-
6oJbI y = ax®:
B/loJIb OCH abcuMcc BIIPaBO HA X, €ClIu X, >0, Baeso
Ha | x|, ecnu x4 <0;
BJ0JIb OCH ODAMHAT BBEPX HAa Y,, €ciu y, >0, BHu3 Ha
[yol, ecam y, <0.
Jwoyw keadpamuunyio @YHKYUK Yy=ax>+bx+c
C NOMOINBI0 BRIZEJIEHHA MOJHOTO KBajpaTa MOMNHO
3anucamsv & agude

—al x4 2 2_b2-4ac
y 2a 4a
T. e. B Buge y=a(x - x4)%+ y,,
) _ _ b*-4dac
TRe Xo = Esyn—y(xn)'- 12

Taxkum o6pa3oM, rpabuxom dyHRIUH Y =ax’+bx +c¢
asnaerca napabosa, moJy4aemMasi cIBUroM mapato-
Asl y=ax? BAOJb KOODAMHATHHIX oceil. PaBeHCTBO
y=ax?+bx+c¢ HaswBAOT ypaBHeHueM mnapaboisl.
KoopaunaTe! (x,; ¥,) BepIIMHE napaGois y=ax®+
+ bx + ¢ MOKHO HalTH mo hopmynaam

xo=—ﬁ'

e Yo =y(x,)=ax? +bx, +c.

Ock cummerpum muapabonwr y=ax?+bx+c — npa-
Masi, mapajjeJbHAd OCH OPJAMHAT M NMPOXOoJAIAd He-
pe3 BepuIMHY mapaboJibl.

Bersu napa6ons! y=ax?+bx + ¢ HanpasJeHH BBepX,
ecad @ > (0, 1 HaNpaBJeHEl BHU3, ecian g < 0.

3apaua 2

HaiitTn KoopaMHATE BepIUMHBI napabomnbl

y=2x2-x-38.

P AGcuucca BepmIuHEI mapabosbl

=-2_1
*o= 2a 4~
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OpauHaTa BepIIUHLI TapaboJbl

—ax2+bxg+e=2-L-1_3=_31
Yo=@XoTOXoTC =2 767 1 8

Oreer 1; —3l .
4 8
3amaua 3 3anucaThe ypaRHeHHe napabosbl, €CJIH H3BECTHO, UTO

609

610

611

612

613

OHa NpoxoxuT 4Yepesd TouKy (—2; §), a ee BepmHHOI
asiaseres Touka (—1; 2).

Tak kak BepmMHOI mnapabGoxsl sABIAeTCS TOYKAa
(—1; 2), To ypaBHeHHe mapaboJibl MOXKHO 3alucaTb
B BUZE

y=a(x+1)%+2.

Ilo yeaosuio Touka (—2; 5) mpuragiexxut napaboue,
H, CJIeJIOBATEIbHO,

5=a(-2+1)*>+2,

orkyaa a=3. Takum obpasom, napabona sagaercsa
ypaBHeHHEM

y=3(x+1)*+2, nim y=3x?+6x +5.

YnpaxaeEus

HaiiTu KoopAuHATEI BepIIMHBI napatons: (608—610).
(YerrO.)

1) y=(x-3)*-2; 2) y=(x+4)*+3;

3) y=5(x+2)*-T; 4) y=-4(x-1)*+5.
1) y=x%2+4x+1; 2) y=x%-6x-1;

3) y=2x2-6x+11; 4) y=-3x2+18x-1T.
1) y=x24+2; 2) y=-x2-5;

3) y=3x*-2x; 4) y=-4x*+ x.

Haiitu Ha ocu Ox TOUKY, Uepe3 KOTOPYIO INPOXOJUT OCk CHMMeT-
pun mapaboJibl:

1) y=x2+3; 2) y=(x+2)%
3) y=-3(x+2)%+2; 4) y=(x-2)2+2;
5) y=x*+x+1; 6) y=2x2-3x+5.

IIpoxoguT nu ochb cuMmerpum mnapabGoast y=x?—10x uepes
TOYKY:

1) (5; 10); 2) (3; -8); 3) (5;0); 4) (=5;1)?

Haiiti KOOpAMHATHI TOYEK NepecedeHHA mapaboiibl ¢ OCAMH KO-
OpAMHAT:

1) y=x2-3x+2; 2) y=—2x2+3x-1;

3) y=3x2-Tx+12; 4) y=3x*-4x.
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614 Hanwucars ypaBHeHHe napaboJibl, ecJid M3BeCTHO, ITO mapabomna
OpoxoauT yepes Touky (—1; 6), a ee BepinMHOIl ABNAETCA TOUKA
(1; 2).

615 (Vermo.) Ilpunannesxkur au Touka (1; —6) nmapaGome y=-3x2 +
+4x-T7?

616 HaiiTu sHauenue k, ecau Touka (—1; 2) npuragne:xuT napabone:
1) y=kx?+3x-4; 2) y=-2x*+ kx-6.

617 C momompio matsona napaboasl y=x? mocTpoUTbL rpadHK

DYHKIHH:
1) y=(x+2)% 2) y=(x-3)%
3) y=x*-2; 4) y=—x*+1;
5) y=—(x—-1)2-8; 6) y=(x+2)2+1.
618 3Banucars ypaBHenue napabonbl, DoJydYeHHOH H3 napaboJiwl
y=2x2%:

1) cmeurom BHosab ocu Ox Ha 3 egUHHILI BIPABO;
2) cnBurom BRoJb ocu Oy Ha 4 eJHHHUIE! BBEDPX;
3) caBurom BAoJib ocH Ox HA 2 efUHHIBL BJEBO U OCIELYIOIIAM
CABUTOM BAOJEL ocH Oy Ha eMHUIY BHHU3;
4) casurom sBroas ocu Ox Ha 1,5 eIHHUILI BIPABO M HOCJIEAVIO-
IHM COBUIOM Bjlosib ocu Oy Ha 3,5 eJMHUIIEI BBEPX.

619 TIlocrpouTh rpadpur QYHKIHMK:
1) y=|x*-2; 2) y=|1-2%|;
3) y=2-(x-1)2|; 4) y=|x?-5x+6|.

620 Banwucares ypasHenme napabosnl, nepecexawmeil ochr abemuce
B TOYKax x=-1u x=3, a ock OPJAUHAT B TO4YKe = 2.

Iocrpoenue rpadpura
KBAIPATHYHON (PyHKI[HH

§ _____ S

3amaua 1 IlocrpouTk rpaduk pysknun y=x2—4x+3.
» 1. BulYMCINM KOODAMHATH BepPIIMHEI napaboibi:
x0=—_?4=2, Yo=22-4-2+3=-1.
Tloctpoum Touky (2; —1).
2. Tlposemem wepea Toury (2; —1) npsamyio, napaiu-

JIeJIBHYK) OCH OPAWHAT, — OCh CHMMeTpHH mnapabonsr
(puc. 44, a).
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ya yA yh
3 !
0 2 * 0 1 [2 8 4 x T B 4 x
-1 1 3
a) 6) 8)
Puc. 44

3. Pemasa ypaBHeHue x°—4x+3=0, HalijeM HyJIn
byaxknun: x,=1, x,=3. Ifoctpoum Tourm (1; 0) u
(3; 0) (puc. 44, 6).

4. BosbpmeM ABe TOYKH HA ocH OXx, CHMMETPDHUYHEIE OT-
HOCHTENBHO TOUYKH X =2, HanpuMmep Toukw x=0 n
x =4, Beiuncaum sHaueHue GYHKUUU B 3TUX TOYKAX:
y(0) = y(4) = 3. ITocrpoum touxu (0; 3) u (4; 3).

5. Ilposejgem napabosy uYepe3 HNOCTPOEHHEIE TOUKH

(puc. 44, 8). <]

ITo raxoii ke cXxemMe MOMXKHO nOCMpoumbv 2pagur -
Ooit kéadpamuynoil pynryuw y=ax*+bx +c:

1. ITocTpouTts BepuinHy mnapabonasl (x,; y,), BbIYHC-
b
JHB X, Y N0 hopmynam x, = ~%g" Yo = y(xq).

2. TIpoBecTH uepe3d BeplIMHY napabosbl NpamMyio,
napajJie/ibHyl OCH OpPAMHAT, — OCh CUMMETPHMH Ia-
pabobl.

3. HaiiTm HyaM (QVHKIUM, e€CIH OHH ecTb, W IO-

' CTPOHTE Ha OCH abenuce COOTBETCTBYHOIIHE TOUYKH IIa-

paboaEkl.

4. TIlocrpouTs ABe Kaxkue-HMOyAb Toukm mapaboxs,
CHMMeTPHYHEIE OTHOCHTENIbHO ee ocH. [ns sroro
HAJ0 B3AThL ABe TOYKM Ha ocH Ox, CHMMeTPHYHLIe
OTHOCHTEJNBHO TOUKHM X, ¥ BEIYHCIHTE COOTBETCTBYIO-
mue 3HAYeHUsA (DYHKINK (3TH 3HAYEHHA OJAMHAKOBLI).
Hanpumep, MOMXHO NOCTPOUTH TOYKHM napaboJim c
abenuccamu x=0 u x=2x,, ecsim x,# 0 (opaAHHATHI
3THX TOYEK PaBHEI C).

5. IlposecTn 4epes MOCTpoeHHBIe TOUKH mapabouy.
3ameruM, uTo Jna 6ojee TOYHOrO MOCTPOEHWA Tpa-
¢GuKa moJe3Ho HaHTH elje HeCKOJbKO TOYeK Ia-
paboJibl.
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=Y

Puc. 45

3anaua 2

3anxaua 3

Puc. 46

Ioctpouts rpadume Gyaxoun y=-2x%+12x - 19.

1. BerumcamM KOOpDAWMHATHl BEPIIMHLI Napabdosbl:

x0=—1—3-=3, Yo=-2-82+12-3-19=-1.
ITocrpoum To4yky (3; —1) — Bepmupy mnmapaboJsst
(puc. 45).
2. ITposejsem uepes Touky (3; —1) och cHMMeTPHH TIa-
pabouast (puc. 45).
3. Pemas ypasreHue -2x°+12x - 19 =0, ybexxaem-
cf, 9TO AeHCTBMTENbHbIX KOPHEH HeT, ¥ NO3TOMY Ia-
paGona He nepecexaer ock Ox.
4, Bosnmem paBe TouKM Ha ocd Ox, CHMMeTPH4YHBIE
OTHOCHTEJbHO TOYKH X =3, HAIpHUMEp TOYKH X =2 H
x=4. BeiuncauMm 3HayeHue QYHKIMU B 3THX TOYKAaX:

y(2)=y(@)=-3.

IToctpoum Touku (2; —3) u (4; —3) (puc. 45).
5. IIposemem mapaGony uepe3 NOCTPOEHHBIE TOYKH
(puc. 46). <

IlocTpouts rpadux GyHknuu y=-x°+ x +6 u BIscC-
HHUTh, KAKHMH CBOMcTBAMHM oDJjiajlaerT aTa QyHKUMA.
Jlna nocrpoeHHA rpadukKa HaugeMmM HYJH QyHKIHH!
-x’+x+6=0, orkyna x,=-2, x,=3. Koopaurarsl
BepITWHEI MAPAGOILI MOXKHO HAWTH TAK:

n+x -2+3_1
Xo= ==,
2 2 2
1 1,1 1
=yl = |=-=+=+6=6-.
Yo 9[2} i 1



Tax kak a=-1<0, To Bereu nmapaboirl
HanpasJieHbl BHU3. HalizieM ellje HeCKOJIb-

[=]
[t

ko Touek mapabonwl: y(-1)=4, y(0)=6,
y(1)=6, y(2)=4. Crpoum mnapabony
(pmc. 47).
C nomoumipio rpaduka NONYYHM CIEAYIO-
mue ceolicmea PyHKyuu

y=-x%+x+6:
1) TIpu n06BIX 3HAURHHUAX ¥ 3HAYCHHSA
GYHKIMH MEHBIIe WUJIH PaBHEI Gi.

Pue. 47

2) 3padyeHHA (PYHKIUUHM NOJOKHUTEIbLHEI
npu —2 < x <3, OTPUIATENbHE] NIPH X < —2
M TpH X >3, paBHbl HYJAK Npu x=-2 1
x=3.

2 30 x

3) PyHKIHA BO3pACTAaeT HA NMPOMEKYTKe X Q—;—, yOBI-
BaeT HA NMPOMEXKYTKe X = %
4) Ilpn x = % GYHKINA DPHHAMAaeT Hanboablee 3HA-

YyeHHWe, PaBHOe 6%.

5) I'padpux QYHKIHUM CHMMeTPHYEH OTHOCHTEJLHO
npaMoi xzé. <

OrmeruM, 4T0 QYHKOEA y=ax®+bx+c NPHHEMaET
HauMeHbWee WUIN Hauboibuiee 3HAYEHUE B TOUYKe

b -

Xo=—5,+ KOTOpas ABiAeTCA abcuuccoil BepmIMHBI
a

napaboiubl.

dHaueHHe (PYHKIHMH B TOYKE X, MOXKHO HAWTH IO
dopmyne y,=y(x,). Ecau a >0, mo ¢pynryus umeem
nHaumenbwee 3navenue, a ecau a<0, mo pynryusa
umeem Haulbojibuiee 3HAUCHUE,

3amaya 4

Hanpumep, dysErnus y= x2-4x+ 3 npu x = 2 npuHU-
MaeT HaMMeHbIIee 3HaYeHHe, pasHoe —1 (puc. 44, g);
dysknua y=-2x?+12x-9 npu x=3 nNpHHEHEMaeT
HauboJjiblllee 3HaYeHHe, paBHOEe 9.

CyMMa ABYX NONOMKHTENbHBIX 4Mce] paBHa 6. HaiTu
ATH 4YMCla, eCIH CYMMa HMX KBAJPATOB HAMMEHBIIAS.
KakxoBo HauMeHblLlee 3HAYEHHE CYMMbl KBaJpaTOB
9THX uHcen?
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Obosunaunm mepBoe yHceno GYKBOi x, Torja BTOpoe
yncxo paBEo 6 — x, & cyMMa MX KBaJpaToB paBHA
x% + (6 - x)?. IIpeobpasyeM 3TO BeIpasKeHHeE:
x2+(6-x)2=x2+86-12x+ x2=
=2x?-12x + 36.

3azaya cBelnach K HAXOXKACHUIO HAMMEHLIIETo 3HAUe-
Hua hyHRIHA y=2x% - 12x + 36. Haitzem xoopausa-
TEI BEPIIMHEL 9TOH napabosbl:

IO— — =
2a 2-2
Yo=y(8)=2-9-12-3+36 =18.

Urar, npu x=3 GpyHEKOHA NpUEHMaeT HamMeHbIIee
aHaueHue, paBHoe 18. Takum o6pa3oM, mepBOe UMCIIO
paBHO 3, BTOpoe Tak#e paBHo 6 — 3 = 3, BHaueHHe CyMm-
MBI KBAJPATOR 3THX uuces pasBHO 18.

OTrser 18. <
¥npaxuaennsn
621 Haiitu KOOpAWHATH! BEPINMHEI NAapabOJIbI:
1) y=x?-4x-5; 2) y=x2+8x+5;
3) y=-x*-2x+5; 4) y=-x?+56x—-1.
622 HaiiTu KOODAWHATEI TOYEK [epecedeHHUs] mapaboJikl ¢ OCAMHM KO-
OpAHHAT:
1) y=x2-3x+5; 2) y=—-2x%-8x+10;
3) y=-2x%+6; 4) y=Tx%+14.

623 Ilo gannomy rpaduky xBaapaTugHON (pyHKDHH (puc. 48) BhlAC-
HHATL €e CBOHCTBA.

yA y][5
7 x
-4 -
-3] 0 \1x
a) 6)

Puc. 48
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624

625

626

627

628

629

630

631

632

633

Iloerpours rpaduk dysxnuu u no rpapuky: 1) HaliTm 3Haude-
HHA X, [IPH KOTOPBIX 3Ha4eHUA QYHKIUH IOJIOMKHUTEJBHEI; OTPH-
HaTeJdbHB; 2) HalWTH OPOMEXYTKHM BO3pacTaHUs M yOBIBaHMA
(GyHKRIMH; 3) BBIACHUTH, IPU KAKOM 3HAYEHWH X QYHKIOIUA NPH-
HUMaeT HAUOONBIIee WM HAHMEHBIIee 3HAUEHHE; HAHTH ero
(624—625).

1) y=x*-Tx+10; 2) y=—x*+x+2;
3) y=-x2+6x-9; 4) y=x2+4x+5.
1) y=4x?+4x - 3; 2) y=-3x*-2x+1;
3) y=-2x2+3x+2; 4) y=3x2-8x+4;
5) y=4x>+12x+9; 6) y=—-4x*+4x-1;
7) y=2x%-4x+5; 8) y=-8x*-6x—4.

Yucno 15 npeAcTaBuTs B BUJE CYMMBI ABYX UHMCeJ TakK, 4TOOHI
MIpOH3BeIeHHe 3THX 4YHces 0bl10 HanGoJbIIHM.

CymMma nByx uucesn paBHa 10. Haiitu oTH yHcia, €Cld cyMMa HX
Ky0OOB fiBNAeTCA HAMMEHbBIIEH.

Y4JacToK NpPAMOYrojibHOH (opMhel, NPUMBIKAKWIKHA K CTeHe
poma, TpebyeTcA OropofHMTh ¢ Tpex CTOpoH 3abopom AIMHOM
12 m. Kakumu j0/HE OBITH pasMepbl ydacTKa, 4ToOBI IJI0-
maas ero 6uLna Hauboabmein?

B TpeyronbHEKe CyMMa OCHOBAHHMA M BBICOTHI, ONYIIEHHOM Ha
3TO ocHOBaHHMe, paBHa 14 cM. MoxeT n1u TakKoOil TpeyrojbHHUK
MMETh IJIOMAafb, paBayo0 25 cM>?

He crposa rpaduk, onpegejuTb, npy KAKOM 3Ha4YeHUH X KBajpa-
THYHAA QYHKIUA MMeeT Haubosbnlee (HaHMeHblee) 3HAUCHHE;
HaWTH 3TO 3HAYEHHE:

1) y=x%-6x+13; 2) y=x2-2x—4;

3) y=—-x%+4x+38; 4) y=3x2-6x+1.

OnpegennTs 3HAKH KO3(p(]PUIHMEHTOB ypaBHeHua mnapaboss
y=ax*+bx +c, ecau:

1) BerBM napabonbl Hanmpap/ieHbl BBEpX, aGcupcca ee BePUIMHLL
OTpMIIaTeNbHAa, 4 OPAHHATA TOJIOMKHUTELHA;

2) BeTBH napabosibl HanmpasJjeHbl BHU3, afcuucca ¥ OpAMHATA ee
BepIIHUHLl OTPHIATE]LHEL.

IToctpours rpapuk GyHKIMM:

1) y=|2x2-x-1|; 2) y=x2-5|x|-6

C BBICOTEI 5 M BEPTHKANBLHO BBEPX M3 JIYKa BEINYIEHA CTpeJa ¢
Ha4aJIbHO# cKopocThio 50 m/c. Bricora h MeTpoB, Ha KOTOpOW
HaxXomUTCA cTpeyia yepes { CeKyH[, BhIUHCAAETCA o (dopmye
h=h(t)=5+50t — _g;_ rae g npuEATL paBEEIM 10 M/c?. Yepes

CKOJIBKO CeKYHJ cTpeja:
1) mocruraer HanGoJyibnIeil BHICOTHI ¥ KAaKOM;
2) yoager Ha 3eMIi0?
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YupaxHeHHs
K riaase V

635

637

639

HaiiTu 3HayeHHA X, OPH KOTOPHIX KBAAPATHUIHAS (QYHKIHA
y=2x%-5x + 3 npunMMaeT 3EaYeHUE, PABHOE:
1)0; 2)1; 3)10; 4) -1.

HaliTu KOODAWHATEI TOYEK TlepecedyeHUs rpa@uroB QyHKIIHIH:
1) y=x*-4 n y=2x-4;

2) y=x2 n y=38x-2;

3) y=x?-2x-5u y=2x2+3x+1;

4) y=x2+x-2 u y=(x+3)(x—4).

PemuTs HEPaABEHCTBO!
1) x? <5; 2) x?>36.

HaiiTu KoopguHATHI TOYeK mepecedeHUs napabosibl ¢ ocAMH KO-
OpPAUHAT:

1) y=x®+x-12; 2) y=-x2+3x+10;
3) y=-8x?-2x+1; 4) y=Tx%+4x-11;
5) y=bx2+x-1; 6) y=56x2+8x-2;
7) y=4x®-11x+6; 8) y=38x2+13x-10.
HaiiTH KOOpAMHATHI BEPIIMHBI NapaGoibl:

1) y=x?-4x-5; 2) y=-x2-2x+3;
3) y=x2—6x+10; 4) y:x2+x+4§;

5) y=-2x(x+2); 6) y=(x-2)(x+3).

ITocTpouTs rpaduk GpyHKIHH U 0 rpadMKy BLIACHUTL €€ CBOMH-
crBa:

1) y=x2-5x+6; 2) y=x%+10x + 30;
8) y=-x?-6x-8; 4) y=2x2-5x+2;
5) y=-3x2-3x+1; 6) y=-2x%—-3x-38.

He crpos rpad®MK (YHKIHH, HAHTH ee HauboJiblllee WIH HAH-
MeHbIIee 3HAYEHHEe:

1) y=x>+2x+3; 2) y=—x*+2x+3;

3) y=-3x*+Tx; 4) y=3x%+4x+5.

Ilepumerp npamoyroasauxa 600 M. Kakumu gomxHbl OBITE €ro
BBICOTA M OCHOBaHMe, YTOORI IIIOHIAJb NPAMOYroJbHUKA Oblia
Hanbonpirei?
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642

643

644

645

646

647

Tloctpouts rpaduk pyEKnumM y=x>—-6x+5 u HaiiTu ee Hau-
MeHEIIIee 3HAYEeHHEe.

C momompio rpadura QYHKOMH y=-x°+2x +3 HaliTH 3HAue-
HUA X, IPH KOTOPBIX 3HAYeHune QyHKIMH paBHO 3.

Ilo rpaduky dyExkmuM y=1-x? BHaliTH 3HAYeHUS X, NPH
KOTODPHIX (GYHKOMA NPHHEEMAaET I[IOJOXHTENbHBIE 3IHAYEHHSH;
OTpHIIATeIEFHEIE 3HAUEHUSA.

Ha xakux npomexyTkax GyHkuus y=2x> Bospacraer? yGriBa-
eT? IlocTpoHTE Tpaduk aToH GYHKIHH.

HaiiTi xoOpAMHATH BepmIMHEB! mapabonsl y=(x - 3)®> u nocrpo-
HTH ee rpaduk.

IIpAMOYroNbHUK paséuT Ha 3 4yacTH ABYMA OTPe3KaMH, KOHIILI
KOTOPBIX JIEKAT HA MPOTHBOMOJOMHBIX CTOPOHAX MPSAMOYTOJb-
HHUKA, U IapauleJIbHbIMH OZHOMH U3 ero ctopod. CyMma nepumer-
pa NpAMOYroJbHHKA ¥ JJIHH oTpeakoB pasHa 1600 m. Haiitu
CTOPOHBI NPAMOYTOIBHUKA, €CJH ero Iomans Haubonsman.
Haiitn koa()OUOHEHTH p U ¢ KBAAPATHYHON (PyHKIUHE y= x°+
+ px +¢q, ecnu ata QYHKIAA:

1) npu x =0 npuruMaeT 3HaYeHue 2, a npu x = 1 — 3Hauenne 3;
2) npu x=0 npurumaer 3HaueHue 0, a mpu x=2 — 3Haye-
Hue 6.

Haittu p u ¢, ecnu napabona y= x%+ px +q:

1) mepecexaet ock afcuuce B Toukax x=2 u x=3;

2) mepecexaer ock abcmuce B TOUKe ¥ =1 B 0Ch OPAWHAT B TOUYKE
y=3;

3) xacaerca ocu abcuuce B Touke x = 2.

Ilpy KaKuX 3HAYEHMAX X PaBHBI 3HAYEHWA (DYHKIMIi:

1) y=x*+3x+2 u y=|7T-x|;

2) y=8x?-6x+3 u y=|3x-3|?

ITocTponTp napaboxy y = ax?+bx + ¢, ecin M3BECTHO, UTO:

1) mapabona mpoxoAuT depes TOUKM ¢ KoopauHatamu (0; 0),
(2; 0), (3; 3);

2) touxa (1; 3) sensercs BepuIMHOM napabonsl, a Touka (—1; T)
NpuHaAJeXHAT napadoJie;

3) myaamu QyHKRUHA y=ax®+bx +c¢ aBnaorea ynchaa x;=1u
X, =3, a Haubonbmiee 3HAYEHWE PABHO 2.

HaifiTn sHayeHHe k, nNpH KOTOPOM npamad Y= kx u mapaboJa
y=x?+4x+1 AMeIOT TOJBKO OAHY OOIIYIO TOUKY.

IlycTe NpAMas TPOXOAUT depes TouKy (Xy; Y,) napabonsr y = ax?

x
U TOUKY {?D, 0]. llokasaTs, YTO 9Ta HpAMAg MMeEeT TOJBKO

ofHy ODIIYIO TOUKY ¢ napabonoii y=ax2.
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- VI

2naean

. KBagpaTHble
: HepaBeHCTBaA

KpazpatHoe nepaneHcrso
H ero pemrenue

3anaua 1

Orser

CropoHBl IpAiMOYroNbGHUEA pasHsl 2 u 3 qm. Kasxkayio
CTOPOHY VBEIMUHMJN HA OJAMHAKOBOE YHMCJIO AEIHMEeT-
POB TakK, 4TO IJIOMAL TPAMOYroJLHUKA cTana 60Jb-
me 12 am?. Kax maMeHHJIach Kaxgas cTOpoHa?

IIycrs Ka)kaas CTOPOHA NPAMOYrOJAbHHKA VBeJIHYeHa
Ha X genumerpos. Torma ¢TOPOHBI HOBOTO HPAMO-
yroasHEUKA paBHbl (2 + x) ¥ (3+ x) Henumerpam, a ero
naomaak paBHa (2 + x)(3+ x) KBaJpaTHLIM JenuMeT-
pam. Ilo yemosuio sazaum (2 + x)(8+ x)>12, oTkyza
x2+5x+6>12, uau x*+5x—-6>0.

Pa3noKuM JeByH 4YacTh 3TOTO HEpaBEeHCTBAa HA MHO-
SKUTeJTH:

(x+6)(x-1)>0.

Tax kaxk mo yeaopuio 3agauu x >0, 7o x +6 > 0. Iloge-
auB 0fe 4acTH HEPABEHCTBA HA MOJIOMKHTEJbHOE YHCIO0
x+6, nonyuum x—-1>0, 1. e. x> 1.

Kaxayio cTopoHY IPAMOYroJbHMKA YBeIHUYHIn 6oIb-
me yem Ha 1 am. <

B nepasenctee x%+ 5x —6>0 6ykBoii x 0GoaHAUeHO
HEM3BECTHOE 4YMCI0. DTO IPUMEpP KBagpaTHOrO Hepa-
BEeHCTBA.

Ecnwu B neBoil 9acTH HepaBeHCTBA CTOMT KBaJPaTHBIH
TpexdJjeH, 4 B MpaBoi — HyJb, TO TaKOe HepageHcm-
60 HA3LIBAKWOT KBAOPAMHBIM.
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3amaua 2

OTtBeTt

Hanpumep, HepaBeHcTBa
2x2-8x+120, —-8x%2+4x+5<0

ABJIAIOTCH KBAAPATHBIMHM.

HanoMHEMM, 4TO pewenuem HEpaeeHcmaa ¢ OLHUM He-
M3BECTHbIM Ha3blBaeTCA TO 3HaAUYeHHe HEeH3BEeCcTHOTO,
IpY KOTOPOM 3TO HepaBeHCTBO ofpalmaercs B BepHOe
YHCJI0BOE HepaBeHCTBO. Pewums HepaseHcme0 — 3TO
3HAYHUT HAWTH BCEe €ro pelleHHA HJIHM YCTAHOBHTH, YTO
HX HeT.

PemnTh HepaBeHCTBO x° — 5x +6 > 0.

"KBagpaTHoe ypaBHeHune x° — 5x + 6 =0 umeer gBa pas-

JUYHBIX KOpHA x,=2, x,=3. CregoBaTrensH0, KBaj-
PaTHBIA TpexujeH x2—5x+6 MOMHO pPA3NOKUTH HA
MHOMHTEJIN:
x2-5x+6=(x-2)(x-23).
HOBTOMy AaHHOE HepaBeHCTBO MOMHO 3allHCATh TaK:
(x—2)(x-3)>0.

IIpousBejieHue ABYX MHOMHUTeJ el ITOJOMKHTENBHO,
€CJIH OHH HMMEIOT OJMHAKOBBLIE 3HAKH.

1) Paccmorpum cayuaii, Korga o6a MHOMHTeNS [10JO-
HUATENIbHBI, T. €. X—2>0 u x-3>0. Dru gBa Hepa-
BeHCTBA 06Pa3yIoT cucTeMy:

x-2>0,
x-3>0.

>3

2) PaccmoTpuM Teneps cayuail, Korja oba MHOKHTe-
A OTpMUATeNbHBl, T. €. X —2<0 1 x—3<0. 3tH aBa
HepaBeHCTBa 0OpasyloT cucTemy:

{x—2q0,

x>2,
Pemas cucremy, monyuaem i oTKyzma x> 3.
»

x-3<0.

<3
Takum obpasoM, pelIeHHAMH HepaBEeHCTBa
(x=-2)(x-3)>0,
a 3HA4YWT, H MCXOAHOTO HEpaBeHCTBA
x%-5x+6>0

x<2,
Pemas cucremy, moaydaem OTKyAa x < 2.
x ’

ABJIAKTCH 4YHUCHa X < 2, a TaKiKe uMcsaa x > 3.
x<2, x>3.
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Bamaua 3

Orrer

Boobme ecan kpafpaTHoe ypaBueHue ax®+br+c¢=0
HMeeT J[RA PASNUIHBIX KOPHH, TG pellleHHe KBajpaT-
HHX BEPaBeHCTE @x’+bx+c¢>0 H aex’+br+c <0
MOXHD CBECTH K pPellleHHID CHCTeMbBl HEDABEHCTEB Oep-
BOM CTENEHE, PA3J0KHB JEBYIO YaCTH KBAADATHOTO He-
PABEHCTEA HA MHOMKHTEJH.

Pemutes mepaBencree —3x2 - 5x+2 >0,

Yrobnl yaolaee IpoBOfiTH BEIMUCIEHNE, MPEECTABHM
JaHHOe HePaBeHCTBO B BHJAE€ KBAADATHOI'C HEPABEHCTBEA
¢ DOAOMHTEALHBIM TepBLIM woohdmomenTon. Man
3TOr0 YMHOMHM 002 ero 4acT# Ha —1:

3x2+5x—-2<0,
Haitnem xopaH vpaBHeHHd 3x2+5x-2=0:

_—5i,}25+24 _ 57

1.2 6 &
1
X,==, Xo=-2.
1 3 2

¥

PasnoskHE KBAZPATHR FPeXWICH HA MHEOMKHTENH, 00-
MyTHM:

3{x—é)(x+2) <0.
0'rc10.11a noaydaeM AEe CHCTEeMBIL:
[ —l>0 ( “l.o
¥TgT™ N T
x+2<0; x+2:=0,
TIepBYIO CHCTEMY MOXCHO SaIlHCAThH TAK:
[x}l,

3
x<-2,

OTKYAa BHIHO, YTO OHA HE MMeeT PelueHMIt.
Pemias eTOpYI0 cHCTEeMY, HAXOAHM!

[l
x<3,
x>-2,

UTKy Al 2 < x < %
Orcoga ciaeayeT, 9T0 PelieHHAMH HeDaBeHCTEA

3(:: - %](r{— 2} <0, T.e. HepaBercTha -3x%-Hx+
+ Z >{, ABNAIOTCH BCE YHCIA WHTEPBARA (—2; %]

1
—2<x<§. <]
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649

6360

851

652

653

664

655

656

657

658

YopaxaeHHd

(YerHo.) YKa3aTh, KAKHE M3 CASAYIOIONX HEPABEHCTE ABASIOTCA
KBAADATHRIMA

1) x*-4>0; 2) x*-38x-5<0;

3) Ix+4>04 4) 4x-5<0;

5) x2-1<0: 6) x1-16>0.

CBECTH K KB&JDATHBIM CAEJVIOIIHE HepateHcTRA:
1) =2 <8x+4; 2) 8x%-1> x;

3) 3x2<x2-Bx+6: 4) 2x(x+1)< x+5.

{(¥crro.) Kaxue m3 aucen 0; —1; 2 apaswores pelleanaMH Hepa-
BEHCTHAL

1) £2+3x+2>0; 2) —x%+8,5x+220;
3) x2-x-2<0; 4) —x2+x+§<0?
Peinmre BepaseHcTro (B532—0654).
1) (x-2)x+4)>0; 2) (x-11Mx-3)<0;
3) ix-3)x+5)<0; 4) (x+T)x+1)>0.
1) x2-4<0; 2) £2-9>0;
3) x2+3x<0; 4) x2-2x>0,
1) x2-8x+2<0; 2) x2+x-2<0;
3) £2-2x-38>0; 4) x2+2x-3>0;
5) 2x2+3x-2>0; 6) 3x2+2x-1>0.
PellXTL HepaBeHCTBO:
2 2

1) 2-(1—1] >0; 2) 7'(—1-—x) <0;

3 8
3) 3x%-8< x?-x; 4) (x-1Mx+3)>5.
MocTponTs rpadux byRremuK:
1) y=2x% 2) y=—(x+1,5)%;
3) y=2x*-x+2; 4) y=-3x-x-2,

Ilo rpaduKky HaliTH BCce 3BAYEHHA X, OPH KOTODHX QYHKIHUS
IPHAMMAEET ODOJIOHTENAbHBIE 3HAYEHHNA; OTPHUATESLHBIE JHude-
HU#; YHAYEHHH, pABHEIEe HYAKD.

HaBECTHO, T SMCTIH xl H xz, rae Il < le HEJAKTCH BYJLAMH
dbyuknuu y=ax® + bx + . loxasaTe, UTo ecAH HHCIO X, IAKIIO-
9EHO MEMKAY ¥, M Xy, T, €. X, < Xy < X,, TO BRNONHAETCH HEPABEH:
cTeo a(axk +bxy+¢) <.

H3 rpex nocregosarTesIbHEIX HATYPAJBHEIX HUCE NMPOHJIBeAeHMe
OepRLIX ABYX MeBnile TZ, a NpoHapeAcHHe NOCAENHAX ABYX He
MeHbitle 72. HaliTi sTH 4dmcaa.
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Pemenue KBaJpaTHOrO HEpPaBEeHCTRA
¢ MOMOIILI0 rpadhura
KBaJipaTHYHON PyHRIHH

HanomuuM, uTo KBazgpaTHuHasd (PYHKIHS 3aJaercs
dopmynoit y=ax®+bx+c, rae a #0. Iloatomy perre-
HHe KBaJpaTHOro HepaBeHCTBA MOXXHO CBECTH K OTEIC-
KaHWI0 HyJell KBaJApaTUYHOH GYHKIOIWH, €CIH OHH
MMEIOTCHA, ¥ MPOMEeMKYTKOB, HA KOTODPBIX KBaJpaTH4-
Had QYHKIHUSA MPHUHUMAET MOJOXKUTENbHEIE HJIH OTPH-
nareJibHbIe 3HAYEHHSA.

Sanaua 1 PemuTh ¢ momousio rpaduka HepaBeHCTBO
2x?2-x-1<0.
Ipadbuk ksBagpaTuyuoil GyHKUMM y=2x°—-x-1—
napa6osa, BeTBH KOTOpPOI HampapBJieHBI BBEDX.
BriscauM, mMeeT Jai aTa mapafona TOUKH mepecede-
HUA ¢ 0cblo Ox, JJIA Yero pemnM KBajJpaTHoe ypapBHe-
Hue 2x% - x-1=0:
1+41+8 1+3 1
Xy g= —— ——="—"—3 x,=1, x,=—Z=.
v 1,2 4 4 1 2 5
y=2x-x-1 Caneposaresnbno, napabosa nepecexaeTr ochb
Ox B TOUKaxX x = —% u x =1 (puc. 49). Hepa-
N BeHCTBY 2x% - x—-1<0 yAOBIETBODHAIOT Te
1 - 3HAYEHHS X, NPH KOTOPLIX 3HAYEHHA (PYHK-
) :/1 * oMM pasHB HYJTIO MJAM OTDHIATEJNLHBI, T. €.
Te 3HAYEHHA X, IPH KOTOPLIX TOYKH mapabo-
Jibl Jiexkat Ha ocu Ox uiau HUKe 3T0i ocu. Uz

PHCYHE&a 49 BHJOHO, YTO 3THMH 3Ha4YeHHAMH

SBJIAKTCA BCE YHCJIAa H3 OTpE3Ka [—%; 1:|.
—%éxéL-ﬁ

I'padpur sToll PYHKIHHA MOMKHO HCIOJb30BaTh W NPH
pelnIeHHy APYrux HEPAaBEHCTB, KOTOPbIE OTJIHYANTCH
OT JAHHOTO TOJBKO 3HAKOM HepaBeHcTBa. M3 puCyH-
Ka 49 BUAHO, YTO:

1) pemenmsamu HepapeHcTBa 2x° — x — 1< 0 aBiAOTCA

yHcja MHTepBajia —% <x<l;
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3anaua 2

Orser

>

y=4x*+4x+1

2) pemeHusMHu HepaseHeTBa 2x% — x — 1> 0 aBaAlOTCA
BCe YHUCJA MPOMEXYTKOB X < —% ux>1;

3) pemenusmMu HepaseHcTBa 2x% — x — 1> 0 asasATCA
BCE YMCJIA IPOMEMKYTKOB X < — % ux=1.

Pemurh HepaBeHcTBO 4x% +4x +1>0.

IMocTpouM sckua rpadmea GyHKUIUH y=4x2+4x+1.
Bersu aroit mapaGoJsiBl HanpaBJeHbl BBEDX. ¥ paBHEHHE

4x?+4x+1=0 umMeeT OJMH KOPEHb X = —%. nOaTOMY

napabosa kacaercda ocH Ox B TOUKe (— %; 0 J 'pabur

aroil pyuxuun nzobpaken Ha pucyHke 50. Insa pemre-
HUA JAHHOTO HEPABEHCTBA HYYKHO YCTAHOBHUTL, MPH
KaKHX BHAYEHHAX X BHAYEHUA QYHKIHM IIOJIOMHUTENb-
mel. Takum ob6pazom, HepaBeHcTBY 4x2+4x+1>0
VAOBJIETBOPAIOT Té 3HAYEHUS X, NPH KOTOPBIX TOYKH
napaboanl jgexar Beime ocu Ox. M3 pucynaka 50 Bua-
HO, 4TO TAKHMMH ABJIAIOTCH BCe JeHCTBUTENbHbIE YHUCIA
x, kpome x =-0,5.

x#-0,5, <

U3 pucynka 50 BugHO TarmKe, 4TO!

1) pemenusaMu HepaseHcTBa 4x? +4x +1= 0 apaswor-
cA Bece eMCTBHTENbHBIE YHCIA;

2) nepasencTBo 4x? +4x + 1 <0 umMeeT 0HO pelIeHHE
x=- % :

3) nepasencTBO 4x2+4x+1<0 He WMeeT pelIeHHIi.
9Ty HepaBeHCTBAa MOYKHO PEUINTH YCTHO, €CJIM 3aMe-
TUTB, 4T0 4x% +4x +1=(2x + 1)2.

Pue. 50

rop

x|

Pue. 51
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3agaua 3 Pemuts HepaBeHCTBO —x° + x —1<0.

659

660

661

662

H3z06pasum sckus rpaduia QyHKOmum y=—x2+ x — 1.
Bereu aT0it mapaGosbl HANpPaBJIEHEI BHH3. ¥ DABHEHHEe
—x%+ x - 1=0 He UMeeT AeiCTBUTENBHEIX KOPHEH, MMO-
aromy mnapabona He mepecekaer ock Ox. Cnepgosa-
TeJbHO, 9Ta napabosia pacnoJjoena Huxke ocu Ox
(puc. 51). 910 o3Eauaer, YTO IHAUEHUA KBAAPATUUHOMH
(GYHEKIMHU IPH BCeX X OTPUIATENbHE], T. €. HEDABEHCT-
B0 —x%+ x—1<0 BHINONHAETCA IpPH BCeX AeHCTBH-

TEeNIbHBIX 3HAUEHHAX X.

Wz pucyHka 51 BHOHO TakKe, 4TO pelleHHAMH Hepa-
BeHCTBA —x2+ x —1<0 sABIAIOTCA BCe NeHCTBHUTEJb-

HbBle 3HAYEHHUA X, & HepaBeHCTBA
-x2+x-1>0 u -x+x-1>0
He HMeIOT pelleHHi.

Hrax, 014 pewenus keadpamuozo HepageHcmaea ¢ no-
MOWBIO 2paguka HYKHO:

1) ompejenuTh HamnpaBJeHHMe BeTBeid napaboJbl
o 3HaKy nepeBoro xo3ddUiMeHTAa KBAAPATHYHOM
byHKIHH;

2) HaliTH gelicTBHTE/NbHBIE KOPHHM COOTBETCTBYIOILE-
ro KBaJpPaTHOIO YPABHEHMS MJH YCTAHOBHTH, 4TO
HX HET;

8) mzobpazuTh scKku3 rpadHKa KBaZpaTHYHOH QYHK-
MM, HCMOJBL3YA TOYKH MepecedeHHUs (MIH KacaHUH)
¢ ocexo Ox, eciiH OHH €CTh;

4) wo rpaduKy ompegenuTh NMPOMEKYTKH, HA KOTO-
PBIX (PYHKIMA NPHHUMAaeT HyMHbIe 3HAUEHHA.

Ynpamxuenusa

IlocTponTs rpaduk dyRKOuE y= x° + x — 6. Onpegenurs oo rpa-
¢uKy 3HAYEHMA X, NPH KOTOPHIX PYHKIMA OIPHHUMAET MOJOMKH-

TeJbHbIE 3HAYEHHA; OTPHIATelbHbIe 3HAUeHHH.
PemuTe KBagpaTHOe HepaBeHCcTBO (660—664).

1) x2-8x+2<0; 2) x2-3x-420;

8) -x2+3x-2<0; 4) —x2+3x+4>0.
1) 2x24+7x—-4<0; 2) 3x2-5x-2>0;
3) 2x2+x4+120; 4) —4x%2+3x+1<0.
1) x2-6x+9>0; 2) x2-14x+49<0;
3) 4x2—4x+120; 4) 4x2-20x+25<0;
5 -9x2-6x-1<0: 6) 2x2+6x—-4,5<0.
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663 1) x2-4x+6>0; 2) 22+6x+10<0;

3) x*+x+2>0; 4) x*+3x+5<0;

5) 2x2-3x+T7<0; 6) 4x2-8x+9>0.
664 1) 5-x*20; 2) —x2+7<0;

3) -2,1x*+10,5x<0; 4) -3,6x*-7,2x<0;

5) 6x2-x+12>0; 6) -3x2-6x+45<0;

7) —%x2+4.5x—4>0; 8) —x2-8x-2>0.

665 (YcrHo.) Hcnonbaya rpahur QyHKIWUH
y=ax®>+bx+c (puc. 52), ykasaTh, Npu
KaKNX BHAYEHUAX X 3Ta QYHKIUA IPUHU-
MaeT IOJIOMKHUTEeIbHbIe 3HAUYCHUSA; OTPHUIA-
TeJbHBIE 3HAMEHWS; 3HAYEHWE, PaBHOE
HYJIIO.

\/

0| 1 x
a)
7y vk gA
\ N il
\ N a7 0 2 ®
—2\\2/1 x
6) 8) z)
yA
L yA
A \
; \ >
ol 2 > ol 1 >
d) e) )
Puc. 52
6668 (VYcrro.) PemunTh HepaBeHCTBO:
1) x2+10>0; 2) x2+9<0;
3) (x-12%+1>0; 4) (x+5)2+3<0;
5) —(x+1)2-2<0; 6) —(x—-2)2-4>0;
2
7) 0,5x%+8 <0; 8) (x—g] +2120.
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667

668

669

670

671

672

673

Pemuth HepaBeHcTBO (667—669).

1) 4x2-9>0; 2) 9x2-25>0;

3) x*-3x+2>0; 4) x*-8x-4<0;
5) 2x%-4x+9<0; 6) 3x2+2x+4>0;
) Jxt-4x>-8; 8) %x2+2x€—3.
1) 2x2-8x<-8; 2) x*+12x > - 36;
3) 9x%+25<30x; 4) 16x2+1>8x;
5) 2x2-x>0; 6) 3x%+x<0.

1) x(x+1)<2(1-2x- x?): 2) xz+2<3x—%x2;

3) 6x3+1S5x—41x2; 4) 2x(x-1)<3(x+1);

5 1 o 1 »,2
5 ~~x2<x+1; —x“+=Z2x—1.
)3:: GI x+1 6) ﬁx 3 0

HaiiTu Bce 3HauYeHHUA X, IPH KOTOPHIX GYHKIHA NPUHUMAaET 3HA-
YyeHusa, He GombIlne HYJISA:
1) y=-x*+6x-9; 2) y=x*-2x+1;
3) y=-Lx?-3x-41; 4) y=-Lx?_4x-12.

2 2 3
IloxasaTs, 4To npu ¢ >1 pemeHuMAMH HepaBeHcTBa x°—2x +
+ g >0 aABaAOTCA Bce NeiiCTBUTeNbHBIC 3HAYEHHUA X.
HajiiT Bce 3HAUueHHMSA r, IPH KOTOPBIX HEPaBEHCTBO

22— (24+r)x+4>0

BBIMOJHAETCH NPH BceX AefiCTBHTENbHBIX 3HAUYEHHAX X.
HafiTu Bce 3Ha4eHMA T, IJIf KOTOPBIX [IPH BCEX JEHCTBHTEbHBIX

BHAYEHHMAX X BHINOJHAETCA HEPABEHCTBO
F2-1)x2+2(r-1D)x+2>0.

Meton
MHTEPBAJIOB

IIpu pPeleHMH HepaBeHCTB YacTo NIPUMeHAeTCA Memod
uHmepearos. ITosacHuM aToT MeTOHN Ha npHMepax.

3damaua 1 BheisicHUThL, MpH KAKMX 3HAUEHUSIX X KBAaAPATHBIH

Tpexused x?—-4x+3 DPUHUMAET IIOJIOMKHTENbHbIe
3HAUYEHMHA, A TIPU KAKUX — OTPHIATE/bHEIE.
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P HaiineMm Kopuu ypapHeHusa x%—4x+3=0:

x =1, x,=8.

IMosromy x%2-4x+3=(x~-1)(x-3). Touku x=1 u
x =3 (puc. 53) pasbuBaOT YMCJOBYIO 0Chb Ha TPH IpO-
MEeXyTKa:

x<l,1<x<3u x>3.

Jeurasice BAOJbL YHCJIOBOH OCH CIpaBa HAJIEBO, BH-
A¥M, 4TO Ha MHTepBaje X >3 TpexujeH x> —-4x+3=
=(x—-1)(x—3) npuHMMaeT MNOJOMKHTEJIbHbIE 3Ha4e-
HHf, TAK KAK B 9TOM cJiydyae oba MHOxkuTens x — 1 wu
X — 3 MOJIOKHTEJbHBI.

Ha caepyiouiem nHTepBaje 1< x <3 3ToT TpexdieH
NPUHHMAET OTPHULIATe/IbHEIe 3HAYeHUA ¥, TAKUM 00pa-
30M, IIDH Mepexojie depes TOYKY X =3 MeHseT 3HaK.
9TO MNPOMCXOAHT MNOTOMY, 4HT0 B NPOWU3BEACHHUH
(x —1)(x - 3) npu nepexojie Yepea TOYKY X =3 NepPBHIH
MHOXKUTEeNb X — 1 He MeHfieT 3HAK, a4 BTOPO#H x — 3 Me-
HAET 3HAK.

IIpu mepexope 4yepes TOYKY X =1 TpexXuJieH CHOBa Me-
HSEeT 3HAK, TAK KAK B npousBeigeHum (x —1)(x-—3)
mepBeI MHOMKHUTeNb X — 1 MeHsAeT 3HaK, a BTOPOi x — 3
He MeHseT.

Wrak, npyM ABMIKEHHH I10 YHCJIOBOH OCH cIpaBa HaJje-
BO OT OZHOIO MHTEPBAJA K COCEJJHEMY 3HaKH IPOH3BE-
penus (x — 1)(x - 3) uepeayiores.

Taxkum obpasom, 3afayy 0 3HaKe KBaJpaTHOTO TpeX-
uyneHa x2—4x+8 MOMHO PeIIUTEL CIAEAYIONAM CIO-
cobom.

OrmeyaemM Ha 4YMCJOBOH OCHM KODHH YpaBHEHHHA
x%?—4x+3=0 — TouKH x,= 1, x, = 3. Onu paséusaior
YUCJIOBYIO OCh (puc. 53) HA TPH MHTepBaJia. 3aMEeTHBE,

' 4ro npH x >3 3HaueHMA TpexuieHa x°-—4x+ 3 moso-
. JKHTeNIbHBI, PACCTABJAEM €ro 3HAKW HA OCTAJIbHBIX

HHTEepBajaxX B NOpsJIKe YepenoBaHusa (puc. 54).

Hs pucysaka 54 BugHO, 4T0 x> - 4x+3>0 npu x<1wu

x>3,ax2-4x+83<0npul<x<3. <

e v T Y - Yy
3

P
— T
X

1
Puc. 54
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Paccmorperrsri cmoco6 Ha3HEIBAIOT Mermodom unmep-
6a106. ITOT METOJ, HCIOJIb3YETCH [IDHM PeLIeHHH KBaj-
PATHEIX U HEKOTODEIX JPYIHX HepaBeHCTB.
Hanpumep, pemas 3afgady 1, MBI IpAaKTHYECKH peIlH-
JId MEeTOJO0M MHTEepBAaJOB HEpPaBEHCTBA

x2—4x+3>0 u x2-4x+3<0.

3amaua 2 PemuTe HepaBeHCTBO x° — x < 0.
P PasnoxuM MHOTOUYJIEH X° — X HA MHOMHTENH:
W¥-—x=x(x®-D=x(x-1)(x+1).
CiegoBaTenbHO, HEPABEHCTBO MOYKHO 3AIHCATH TAK:
(x+Dx(x-1)<0.
OrmeTuM ma yucaoBod ocH Tourd —1, 0 u 1. 3T TOU-
KH pas0HBalOT YHCJIOBYIO OCh HA YeThIpe HHTEpPBaja
(puc. H55):
x<-1, —-1<x<0, O<x<1l mw x>1.
ITpu x > 1 Bce MHOMUTeNW OpOU3BEJeHUA
(x+1)x(x-1)

NONOMUTEALHBI, W moatoMy (x+1)x(x-1)>0 =Ha
uHTepBate x> 1. YuuThiBasd CMeHYy 3HaKa [IPOM3Be-
IeHHs OPH Oepexoje K cocef[HeMY WMHTepBaly, Hal-
IeM [AJd KaXIOoro MHTepBaJa 3HAK NPOH3BeJeHHA
(x+1)x(x—1) (puc. 56).

Takum obpasom, peleHHsSMH HepPABEHCTBA ABIAIOTCAH
BCE 3HAUEHUA X H3 uHTepBamoB x<-1lm 0<x<l1.

OtBeT x<-1,0<x<1. <
3agavya 3 Pemurh HepaBeHCTBO (x> — 9)(x + 3)(x - 2) > 0.
P [anHoe HEPABEHCTBO MOMCHO 3alMCAThH B BHJE
(x+3)2(x-2)(x-3)>0. (1)

Takx kax (x+3)2>0 npu Beex x# -3, TO IPH X # —3

MHOXKECTBa pellleHHH HepapeHcTBa (1) ¥ HepaBeHCTBa
(x—2)(x-3)>0 (2)

COBIAJAOT.

3HaYeHHe X =-3 He sABJAeTCA PelleHHeM HepaBeH-

crea (1), Tak Kar mpu X = —3 JeBasd JacTh HepaBeHCTBA

pasua 0.
Y Y Y - Y+ Y - Y 4
t + + - }- + t -
-1 0 1 -1 0 1
Puc. 55 Pue. 56
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Al + - - - +

—0 - ——m : t : —
-3 2 3 -3 -1 1 4
Pue. 57 Puc. 58
Pemias HepaBeHcTBO (2) MeTOJOM MHTEpPBaJIOB
(puc. 57), nonyuaem x <2, x> 3.
YuuThIBafg, YTO X = —3 He ABJAETCHA DPEllleHHeM HCXO-
HOTO HEpPaBeHCTBA, OKOHUATENLHO NOJyUaeM:
OTteer x<=3, -83<x<2, x>8. <
2
3amaga 4 PemuTs HepapeHCTBO %_4_-__2x_—3 = 0.
x“-3x-4
> PasnosKuB YMCAMTeSb M 3HAMeHaTeNb ApPo6M HAa MHO-
FKHUTEIH, MOJYYHM:
(x+3)x-1)y o (3)
(x+1)(x—-4)
OTMeTHM Ha YMCJI0BOM ocH Touku —3; —1; 1; 4, B KoToO-
PBIX UHCAWTENb UM 3HAMeHATeNnb Apobu obparmaercs
B HYJIb. JTH TOYKM pa3bHUBaIOT YMCJOBYIO IPAMYIO Ha
nATh, uHTepsanos (puc. 58). Ilpu x > 4 Bce MEHOXHATETH
YHCJHUTENA M 3HAMeHaTess ApPoOH MOJOMHTEIbHEI,
H nmoaToMy Apobbp mogaoxkuTenbHa. IIpn mepexoge ot
OQHOI0 MHTEPBaJa K cJaeayoIlneMy apobs MeHsAeT
3HaK, MO3TOMY MOYKHO PACCTABHTh 3HaKH Apobu Tak,
KAK 9TO MOKA3aHO HA pucyHKe 58. 3HaueHuUA x=-3 U
x =1 ynoBaerBopsawT HepaBeHCTBY (3), a npu x=-1n
x =4 gpods He uMeeT cMmbiciaa. Taxum obpaszom, uexos-
HOe HEePABEHCTBO MMEeT CJeAyIollHe pelleHHA:
OTtser x<-8, -1<x<1, x>4. <
YnpaxHeHHA
674 (Yerno.) IlokazaTh, 4To 3HAUEHHEe X = D ABIAETCA PEeIIeHHEM He-
paBeHCTBAa:
1) (x-1)(x-2)>0; 2) (x+2)(x+5)>0;
3) (x-T)Nx-10)>0; 4) (x+1)(x-4)>0.
PemuTs METOAOM HHTEpPBAlIoB HepaseHCTBO (675—682).
675 1) (x+2)(x-T)>0; 2) (x+5)(x-8)<0;
3) (x—2)(x+%]<0; 1) (x+5)[x—3%]>0.
676 1) x2+5x>0; 2) x2-9x>0; 3) 2x2—x<0;
4) x*+3x<0; 5) x*+x-12<0; 6) x2-2x-3>0.
677 1) x*-16x<0; 2) 4x% - x>0;
3) (x2-1)(x+3)<0; 4) (x%—-4)(x-5)>0.
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678 1) (x—-5)*(x*-25)>0; 2) (x+T7)%(x*-49)<0;

3) (x-3)(x%-9)<0; 4) (x—-4)(x*-16)>0;
5) (x—8)(x-1)(x2-1)>0; 6) (x—5)(x+2)(xz—4)§0.
879 1) Z=250; 2) =4 c0; 3) L3-%5; 4 BT,
x+5 x+3 3+ x x-T
5) (2x+ 1) x+ 2)(0; 6) (.r—3)(2x+4)20_
x-3 x+1
2_2 2
680 1) 2 —2**3 . g) (*+4) 5,
(x—-2)° 2x2-8x+1
2 2 _
3) Z"%50; g 23X -1 o,
x2-4 x—2x2
5) (x2-5x+6)(x2-1)>0; 6) (x+2)(x*+x-12)>0.
681 1) (x2-Tx+12)(x%-x+2)<0;
2) (x?-3x—-4)(x2-2x-15)<0;
2_ _ 2 _
3) xr—x 12)0; 1) x°-4x 12(0;
x-1 x—2
2 - 2 _ —
5) x“+ 3x 10<0; 6) x*-3x 420.
2+ x-2 2+ x-6
2
682 1) *_+35_3 . 2) = pa=x  S-x,
x-2 x x-2 x>+8x x+3 x
2 _ _ 2
3)x Tx 8{0; 4]:a:+.7:c+10>‘,3;
x% - 64 x%-4
512 ~3x-2 2-
5) 2X “°X7%50; 6) — 1% .o,
1- 2% 2x%+5x-12

Ucenenopapgue
KBAAPATHYHOH (PyHKIHK

HanomuuM, wuTo KBajgpaTudHas QYHKIIHS — 3TO
byHKIMA, 3agaHHas Qopmyaoit y=ax®+bx+c, rae
a, b, ¢ — s3ajaHHBIe JEeHCTBHTEILHLIC YHCIA, NPHYEM
a#0, x — nelicTBHTe/IbHAA NepeMeHHadA. ITY (PVHK-
U0 MOXHO TAKyKe 3aJaTh cieAymwlleil ¢Gopmyo:

2
) b2 - 4ae

(1)

4a

b
=a| x+—
Y { 2a
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I'pathurom aroit pyHKUMHK aBaserTcA napaboaa ¢ Bep-

muHOI B Touke (X,; Y,), T'Ae
:
b b - 4ac

Xp=— — = X = —— 2

0 22’ yo=1y(x,) ia (2)

Buipaskenue b? - 4ac HA3HIBAIOT AUCKPUMHHAHTOM H
oboanauaroT 6ykBoit D, T. e.

D =b?-4ac. (3)
IToaromy dopmyinsl (1) u (2) MOXKHO 3anuUcaTEL TAK!:
2
b D
= 20 =22 4
Yy a(:c + Y ] ia (4)
b D
= o = o —, 5
Xo 2a’ Yo 1a (5)

W3 ¢popmynsl (4) BHAHO, UTO 3HAK KBaZpaTHYHOH
(GYyHKIHH 3aBHCHT OT 3HAKOB uucesJ a u D.

Teopema 1. Ecnu D <0, To npu Bcex geHcTBATENb-
HBIX 3HAYEHHAX X 3HAK KBaJpaTHYHOM GYEKIHU
y=ax?+bx + ¢ coBmazaeT co 3HAKOM UHMCaA d.

Bocnonesyemes caepyiomiei Gopmyaoi:

y=ax’+bx+c=a (x+i] +=D | (6)

Beipaskenue B KBaJpaTHBIX CKOOKaxX ABIAETCHA MOJO-
KUTENLHBIM TIPH BCeX JAeHCcTBUTENbHBIX 3HAUEHHS X,
2
b
TAaK Kak [x+—2— 20, -D>0, a?>0. IHoatomy npu
a
D <0 3mak KBajpaTHYHOH (OyHKUUH y=axi+bx+c
COBIIAJAET CO 3HAKOM HYHCJIA @ IPH BCEX 3HAYEHH-
AX X.

B atom cayuae npu a >0, D <0 BepmmuHa napabosl
nexuT BeIue ocu Ox, Tak Kak ee opAMHaTa

Yp= —ﬁ >0 (puc. 59), BerBu napabosibl HApPABJEHBI

BBEpPX M BeA mapabosia Takike JeHT Beiue ocu Ox.
Ha pucysxax 59—64 xoopauHAaThl BepIIUHEI napado-
Al Xg=m, yo=1.

B cayuae a<0, D<0 pepmuna napaboibl JemHUT
Huxe ocHn Ox, BeTBH napaGoibl HalpaBiIeHBI BHU3 M
Besl mapabona dexxur mmke ocu Ox (puc. 60). Cnpa-
BeJIJIMBBI U 0OpAaTHBIE YTBep:XKAeHNA: BeAa mapabona (6)
JnexHuT Beime ocu Ox Toasko npu a >0, D <0 u Haxe
ocu Ox Toasko npu a <0, D<0.
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Yy A
A vA
A(m; )| 0 Tx /
/f
A(m; D /
0 x A(m; 0)| 0 x
Puc. 59 Puc. 60 Puc.61
3apnaua 1 [Ipm xakux sHavyeHHWAX p BcA nDapaboaa y=px"’+

+ px + 1 xemxur Boiute ocu Ox?

p [aunas mapaGona nexkuAT Bhimie ocu Ox, ecau p>0n
D= p?-4p<0. ONuckpumunanr D = p(p —4) MeHbIIe
HYJfl TOJBKO IPH p <4, Tak Kar p>0.
Oreer O<p<d. <

Teopema 2. Ecim D=0, To OpH Becex AeHCTBHTENb-
HEIX 3HAYEHUAX X, KPOMe X =—o, 3HAK KBA/PATITI-
a

HOM QyHKUuM y=ax?+bx+c¢ coBmamaer co 3HAKOM
YpcHa aj Ipu X = s 3HAYEHHe KBAIPATHYHOU QyHK-
a

UK PABHO HYJIO.

@ Ecau D=0, To dopmyna (6) npuarmMaeT BHI
2

y:a(ﬁziJ i (7

a

Ecan x:—%, 0 y>0 opn a>0 u y<0 npu a<0;

ecin X = —%, Toy=0. O
vh B arom ciyuae mpu a >0, D=0 BepmmuHa
A(m; 0) napaGoJibl JexcuT Ha ocd Ox, BerBH napafosbl
0 * »¢ HampaBJIeHH BRepX M BcfA mapaboia, Kpome

ee BepILIMHBI, JeKUT Bhllne ocu Ox (puc. 61).
B cayuae a <0, D =0 Bepmnaa napabost

TaKkKe Jie:KHT Ha ocH Ox, BeTBH mapabGosr
/ HanmpasJeHbl BHU3 M BcA napabona, Kpome
ee BepIIHHEL, Je:KuT auike ocu Ox (puc. 62).
/ CopaBeasuBbl M 00paTHBIe YTBEpPHIEHHA:

BCA napafona, KpoMe ee BepPIIMHEI, JIeXHT
Beime ocH Ox Toabko nmpu a>0, D=0 u
Puc. 62 auxe ocu Ox rosaesko npu a<0,D =0,
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3amaua 2

ITokasaTs, uTo npu p = +4 napabona y=-2x*+ px -2
JexxuT HHMe ocu Ox, KpoMe ee BepIIMHBI, JerKallei
Ha ocu Ox.

Tak kax -2<0, To mo TeopemMe 2 AUCKPHMHHAHT

D = p* - 16 gomxeH 6BITH paBeH HyJII0. B caMoM jele,
npu p=+4 guckpumunanT D =(£4)2-16=0. <]

Teopema 3. Ecam D >0, To 3HaK KBagpaTH4YHOH
dyaruMY y=ax?+bx +c coBmazaeT co 3HAKOM YUC-
Jla @ JJIA BCeX X, JNeKallluX BHe oTpe3ka [x;; x,],
T. e, OIPH X< X; H OPH X> X, Tie X< X, — HyJIH
dyvEKOMHE; 3HAK KBaApATHIHON MYHKIUH IMPOTHBOIO-
JIOXKeH 3HaKy 4HCJa d NpH X; < X < X,.

Ly

X1

® Taxk kak D>0, To XBagpaTHOe ypaBHeHHe ax®+

+bx + ¢ =0 umeer gBa AeHCTBUTENBHEIX KODHA X| M Xy,
rIe x, < X, 03TOMY

y=ax®+bx+c=a(x— x)(x— x,)-

Ecan x < x; Wiy x > x,, 10 (x — x,)(x — x,) >0 u 3HaK
GVHKIHHE COBIMajaeT €0 B3HAKOM 4YHCJa d; eCJH
X, <x<xy, T0 (x—x)(x~x;)<0 u 3HAK QyHKIUA
IIPOTHBOIIOJOMKEH 3HAKY yHcaa a. O

B stom cayuae ecau a >0, D >0, To BepmnHa napabo-
Bl JIeKHT Huke ocu Ox, Tak Kak ee OpAMHATA

D
Yo= = <0, BerBu mapabobl HanpasJleHbl BBepX, Ia-

paboJia JexuT Huxe ocn Ox NPH X, < X < X,, mepece-

KaeT ock Ox B TOUKAX X, U X, U JEXHUT Belme ocH Ox
npH X < X; ¥ OpH x> X, (puc. 63).

Ecan a<0, D>0, to BepmuHa napaboabl JIeXHT
BeIIe ocu Ox (y, < 0), ee BeTBM HANpPaBJIeHL BHH3, IIa-
pabosa JexuT BhImie ocn Ox HpH x, < X < X,, Iepece-

Puc.63

A(m; 1)

LY |
A(m; 1)
X2 X1 Xz
A, % G/A, Ac \4; x
Puc. 64
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damaua 3

3amaga 4

OtBer

3amaua 5

kaer ock OX B TOYKAX X, X, ¥ JEXUT HHKe ocu Ox
OpH X < X, U IpH X > X, (puc. 64).

IIpy KakuX 3HAYEeHHAX p QYHKUuA y=4x2+ px+1
NPHHUMAET KAK [IOJOMUTEJbHbIE, TAK M OTDHIATENb-
Hble 3HAYEHUA?

Ilo Teopeme 3 ycmoBusi 3aa4d O3HAYAOT, UYTO
D=p?-16>0, otkyna -4< p<4. <l

HajiTi ycioBuA, DM KOTOPHIX KBaJAPATHOE YDABHEHHE
ax?®+bx +c =0 uMeer gBa KOPHA, GOJbIINE €IHHUIEL.
M3 dopmynbl KopHeil KBaJpaTHOr0 ypaBHEHUA

_—bi,/b2—4ac _—b+D

X =
o 2a 2a
caenyer, 4TO KOPHH JeHcTBUTENbHBI, ecau D = 0.
Paccmorpum umena x;,— 1 1 x, - 1. OHH MOAOKUTENB-
Hbl TOJBLKO TOTZAa, KOTAAa MX CYMMa M IpOH3BeJeHHUE
MOJIOMHUTEJILHEI, T. €.

(x;-1)+(x;-1)>0, (x,-1}x,-1)>0,
oTKYRa X, + x,>2, x,x,—(x,+ x,) + 1> 0. Ucnoxsays

Teopemy Buera, mosyuaem -2 > 2, £+ L +1>0.
a a a

Ho ecnu x,-1>0,x,-1>0, 1m0 2,>1, x,> 1.
b2-4ac>0, 2>-2, S+bi150. «
a a a

HaiiTu yenoBusi, 1pyd KOTOPBIX KBAJPATHBINA TPeXuleH
x’—(a+b)x+(a-b)®> aBnAercAa MOJHBIM KBaJApaTOM.

ITo opmyse (7) U3 HOKasaTeJbCTBA TEOPEMEI 2 Tpex-
unen Ax? + Bx + C ABNAeTCA NOJTHEIM KBAJAPATOM, €CITH
nuckpumuuanT D =B?-4AC=0 u A>0. B gassom
canyyae A=1>0, D=(a+b)>-4(a-b)>=0, orxyga
a®+2ab +b? - 4a® + 8ab - 4b* =0,
3a2-10ab+3b* =0, (8)
3a%-9ab-ab+3b%2=0,
3a(a—-3b)-b(a—-38b)=0, (a—3b)(3a-b)=0.
970 03HauaeT, 4To MAH a = 3b, uau b =3a. <

Haiinenssie ycioBus M0O:KHO ObLJIO TAKIKe HNOIYYHUTH
U3 paBeHcTBa (8), paccMaTpuBas ero Kak KBajpaTHoe
ypaBHeHHe OTHOCHTENLHO a:

106+ 10062 - 365 105+ 8
1,27 6 - 6
a,=3b, a2=%b.

a

b
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683

684

685

686

YupaxHeHM A

IokasaTs, yTo KBagpaTudHas dyHrnusa y(x)=ax?+bx +c, rae
a #0, nMeeT HelicTBHTeNbHEBIE HYIH X, H X, TaKWe, 9T0 X;< M,
x, < M, rge M — 3ajaHHOe YHCJIO, TOJBKO TOTJAa, KOTJA BEITION-
HAIOTCA YCJIOBHA

i

b2 -4ac>0, -
2a

<M, ay(M)=0.

HoxrasaTs, uro KBagpaTwuHas Gyaxknoua y(x)=ax?+bx+c, roe
a#0, wMeer pelicTBHTeNRHBIE HYIH X; H X, TaKHe, HYTO
K<x;<M,K<x,<M,rne Ku M — 3anaHHble YUCJIA, TOJIBKO
TOTAd, KOTJAa BEINOJHAKTCHA YCIOBUSA

b

b*—4ac>0, K <—-
2a

<M, ay(M)>=0, ay(K)=>0.

HaiiTu Bece aeficTBHTeNbHEIE 3HAYeHUA b, IPHM KOTOPEIX KOPHH X
H X, YPABHEHHHA x2+ 2bx + 4b =0 feficTBUTENILHEIE W TAKHe, YTO
x> -1, x, > 1.

HaiiTi Bce meficTBHTENbHEIE 3HAYEHHA D, IPH KOTODHIX KODHHU
ypaBHeHHA x2—bx + 2 =0 gelicTBHTeJbHbIE M NPHHALJIEKAT HH-
repsany (0; 3).

¥ rnpa:KHeHHA
i raase VI

688

689

PemuTrs HepareHCcTBO (687—691).

1) (x-5,7)(x~17,2)>0; 2) (x - 8)(x —4)>0;

3) (x-2,5)(3- x)<0; 4) (x-3)(4-x)<0;

5) x2> x; 6) x2>36; 7) 4> x?; 8) lg_bz x2.
1) -9x24+1<0; 2) —4x%24120;

3) —5x2- x>0; 4) —3x2+ x <0;

5) —2x2+4x+30<0; 6) -2x2+9x-4>0;

7) 4x%+3x—-1<0; 8) 2x2+3x-2<0.

1) 6x2+x-1>0; 2) 5x2-9x+4>0;

3) ¥2-2x+120; 4) x2+10x+25>0;

5) —x%2+6x-9<0; 6) 4x2-12x-9<0.
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690

691

692

693

694

695

696

1) x2-3x+8>0;
3) 2x2-3x+520;
5) —x2+2x+4<0;

1) (x-2)(x2-9)>0;

2) x*-5x+10<0;
4) 3x®>-4x+5<0;
6) -4x2+7x-5>0.

2) (x2-1)(x+4)<0;

1) x2-3x-4<0;
8) —x*+3x-5>0;

) (x+3Xx-5) . 4) — =T >,
x+1 (4-x)2x+1)
2 4 2 _a._

5) 4x“-4x 3?0; 6) 2x°-3x 2<0'
x+ 3 x—1

Ilporeps cebn!

Pemrute HepaseHCTBO:

' 2) 3x*-4x+82>0;
4) x*+20x+100<0.

PeIIATE MeTOOM HHTEDRAJIOR HEPABEHCTBO
e 2(x-1)x+2)>0.

Pemute mepaBenctBo (692—696).

1) x2>2-x;
3) x+8<3x%-9;
5) 10x-12 < 2x?;

2) x2-5<4x;
4) x? <10 -3x;
6) 3-Tx<6x%.

1) x2+4<x; 2) x2+3>2x; 3) —x2+3x<4;
4) —x2-5x>8; 5) 3x2-5>2x; 6) 2x2+1<3x;
x? Tx x* 2x_3x-10
—+2<=; 8) —-= .
; 10 - 10 ) 3 3 ” 4
1

1) §Jt:—g-.'r‘*zl——:c;
3) *(1-x)>1,5—x;

5) x[f—1)<x2+x+ Tl

2) %x(x+1)€(x—1)2;

1 4
) 3x 3 x(x-1)

6) 2x-2,6>x(x—-1).

N e 2 A3_._2
x—JE x+ﬁ 3-x? ﬁ—x
gy 9 . x 1-8x. 4 8 1_ 3
2x+2 x-1 2-2x x»2-1 2 2x-2
8x2_5x - 4x24 x-3
1) 32X -5x-8 . 9) X **7° o,
2x2-5x-3 5x24+09x-2

4.2 k.2
3) 2+Tx—-4x <0 4) 2+9x-5x >0.
3x2+2x-1 3x2-2x-1

191



697

698

699

700

Katep mosxen He Gosiee ueM 3a 4 4 IPOMTH 0O TEUEHHID DEKH
22,5 KM 1 BepHyTbcA 00paTHO. C KaK0OH CKOPOCTBIO OTHOCHTEJb-
HO BOABI JOJI’eH HATH KaTep, ecJM CKOPOCTh TeYEeHHS PEKH paB-
Ha 3 KM/4?

B opHOIt cucTeMe KOOPAHHAT NOCTPOUTHL rpadMKM QYHKIHANR H
BRIACHHTH, NPH KaKHMX X 3HAUYEHHA OAHOH QYHKIHH OoJblie
(MeHbIIIe) 3HAYEHAH APYroH, pe3yJIbTAT IDOBEPHUTH, PEIIUB COOT-
BETCTBYIOLIEE HEPABEHCTBO:

1) y=2x%, y=2-3x;

2) y=x?-2, y=1-2x;

3) y=x?-5x+4, y=T7-3x;

4) y=8x*-2x+5, y=5x+3;

5) y=x?-2x, y=—-x*+x+5;

6) y=2x2-3x+5, y=x2+4x-5.

PemrnTs HepaBeHCTBO:

1_5x2-36 1+ 4x2-5
1) 2228 "W, g TEIX 7O <,
2+ x-2 x2+5x+6
4 2 4 2
222 —2x2-8
3y L% "% cp; 4) T2 7% ..
xt+x2-2 x1-2x2-3

Haiitn HeThIpEe NOCHeJ0BATENBHBIX IEeJIBIX YHACAA TAKHE, YTO KyO
BTOPOTO M3 HHX Ooibiiue OpoHU3BeeHHA Tpex OCTaJbHBIX.



: YnpakHeHHA I TOBTOPEHUHA
Kypca ajare0psl
VIII kaxacca

701 Bhl‘lHCJIHTb:

1) 27. 8 .72, g) 38.91.65,
32 162 69’ 147 152 264°

3) [§+ 7] (323 29 } 4) [§+§)-[23§—31§];
8 12 58 58 4 9 56 56

5) 34,17:1,7 +[2§ +0,15] :;;-- 23%;

5.15
6) 5,86 — 3 T 28 4-
4 3 4 ,1 1.1 .5 .1
S.88_4% .41 5--5-4+52-8=
7 iR gy 1 4 85
113-2i ’ 101;1l
3 1 13726

702 PemuTs YypaBHEHHE:
1) (x-9)2-x)=0; 2) (x+4)(3-x)=0;

3) 2x%-x=0; 4) 3x2+5x=0;
5) 1-4x2=0; 6) 9x%-4=0;
2
7) 5x x-—-O; 8) 3x +x:0.
x 1 X
703 JloxasaThb, YTO €CIH X > 5 u y>4, To:
1) 4x+3y>14; 2) 2xy—-3>1;
3) x%y>1; 4) x*+ y?>16.
704 (YcrHo.) HaiiTh Haubonblnee meioe 4YHCIO, YAOBJIETBOPANIIEe
HEPABEHCTBY:

1) n<-T; 2) n<-3,6; 3) n<4,8; 4) n <-5,6.
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705

708

707

708

709

710

711

712

(¥Ycrao.) HailTH HanMeHsIIEe LeJ 0B YMCIO, YAOBIASTRODHIOIEE

EHEpPABEHCTBY:

1) n>-12; 2) n»=5,2;
Pewnrh HepaBEHCTEO:

1) z+4>3—2x;

3 2004+ x)-2822.8+3x;

-z
5
) 2

3) n

+X571,
4

»8,1; 4) n>-8,L.

2) 5(y+2)>8—-(2-3y)
4) T{x+H)+10>17;

6 X-2-%.5
6 3

Raxue LeJIbiE GHAMEHHMA MOGMET NPDHHHUMETD X, CCAM;

1) 0<x<T,2;
3) 4<§x<5;

PemaTs cacremy ypapaeHuii:

1 .
2) 5§<x<0,
4) 11<3x<13?

1) (0,3x-0,5y=1, 2) [2(x+y)=(x—3+5,
0.5x+0.2y=58; B{x+y)=(x—1)+8;
x_ ¥ _y¥_1 . F_
3]‘5—2+1. 4) |x 57" 5) '3 6,
X, 49 _o 1,..1,-9; 2x_ ¥ _
{E”E‘z’ chiat- i 3 3
6) §+§=5. 7) [4x-9y=-24, 8) [5x+4y=13,
2x—-y=2; 3x+5y=13.
E_.y.:l'
2 3 7

PemmmThk cHCTeMY HepDaBEHCTB!
1) [6x-226x-1,
4-3x>2x-6;

2)

3) {12x—3{x+2)>7x—5. 4)

13x+6<(x—-5)+2+3;

T(x+1)-2x>9—4x,

3(5-2x)-1>4— 5x;

4x -5 < 3x—-8
7 4

6—1:_1{14:-3.
& 2

Haiiti neanle 4YHCAA, ABAAKIIHECA PelieHHAMEA CHCTEME Hepa-

BEHCTB:
1) 21—5_2€3—x
1 3

ax+1 - 4-x

5 P
Pemurs ypasHeHHE:
1) [x-2|=34;
4) [E-2xt=1T;
PelluTh HepaBeHCTEO:
1) |x-2|<54;
4) |8x + 2| > 55

, 2)

2) [3- x|=5,1;
8) [8x+2|=5;

5) |22+ 8|<5;

194

2) [x-2|%54;

101—1_2—5;’{5—3;:
3 4 [
2Qx+ 1> 3+7x 5+4x

2 4 5

3) |2x+1]|=5;
6) |7x-3]=3.

3) [2-x|<5H4;
6) |3x -2,8|>3.



713

714

715

716

717

718

719

720

721

722

723

724

725

Haiite morpelrHocTs DpAGIHIKEHHA!
1} gmcna 0,2781 gucaom 9,278;
2) uncna —2,154 sacnoM —2,15;

7 1
3) 4Yucyna - — YHCAOM —=;
) 18 3’

4) gncia 1—31 yuegom 0,272,

Jokrazars, uro uneno 3,5 ecrn npubnMiKeEHoe snadende YHUCAA
3,6478 ¢ Tounocteio g0 0,05.

Haiit oTHOCATENABHYI) HOTDEINHOCTh NpUOIEKeHAA YHCAA %
yucaom 0,777.

IlpexcraBATE fecKOREURYI0 HEPHOAMYECKYIO JECATHYHYIO Apo0b
B BERfAe oOBIKHOBEHHO:

1) 0,(7) 2) L(3) 3) 2.(31); 4) 0,(52); 5} 1,1(3); 6) 2,3(7).
CpaBHUTL YMCHA:

1) V23 u 5; 2) 3,1 u 4/10;

3) /0,0361 u 0,19; 4) J7.3u2,7.

l'lpu KAKHX 3HaYeHHAX @ BEPDHO DAEEHCLTEBO:

1) Ja+1=2; 2) J3-Za=5;
3) 2"%.‘1—2:1; 4) %J‘Ia—4=0?
BrrugcanTs:

1) (YZ-20V2+2); 2 (35 + 1)1 -3VE).

Pa3NoKETE HA MAQXKHTENH mo obpasny
a®-7=(a—JT)a +J7):

1) a2-13; 2) 15-b%;  3) x2-80; 4) %-xz,

BremacanaTe:
1) 410 -/160; 2) \E‘E 3) V3-J11-V33;

a) J7-J21-J3; 5) (3412 +243)2  6) (242 - 34/32)2.

Haifitu 061eM OPpAMOYTONEHONO mapANINISAENNNEAn, €CAH BLICOTA,
era 12,5 em, mupnra Jg cM, aaMBa 10 em.

TMlnomaas opHore Keaapsara pasaoa 7,68 m%, mromaxs Apyrore
300 nm®. Bo ¢KONBKO Da3 CTODOHA NEPBOr0 KRAIDATA GoJbIIe
CTOPOHH BTOpOro Keajgparta?

BeiHecT MHOMHUTENAb M3-TIOA 3HAKA KODHA:
1) ,Ilﬁryz,l‘,me x20, y<0; 2) J4bx*y®, tae x <0, y <0,
¥rnpocTETE:

1) V3-5J108 +%Jﬁ: 2) —%Jﬁu,}o.os-zﬁ.
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726

727

728

731

732

784

Beruucnurs:

1) %‘F?HJ_ ’5_+3412 y:25:
- _ V304 41331

2) 5+2+6 -/5-2J6 S TRt

VIDorTUTE BHPAKEHHES!

1) 2418 + 3.8 +3./32 - J50;

2) 3@—JE+3Jﬁ+JE—Js—:
3) 5Ja —8Vda +2/9a. e 2 > 0;

4) Jx—3+%m--2?x-l9‘x rae x>0.

YOpocTATb BHpaKeEne:

x x ). (x+9) . 1 -1
Y e R e ) Kt

Y-X y+x 2 x?

a_b). ab . 1_1),e-8
3 (; ;] a-b b (a+b)[a b]. a?p?
Peuwrnte ypapaenwe (720—731).
D 3Mx+1Kx+2)-(8x-4)x+2)=36;
2) 2(3x-1X2x+5)-6(2x -1} x+2)=48;

gy Sy_4_16y+1, 4y 19+3x_1-9x_,
2 7 8 b
T+H{(x=8) _ .. 2x-(3-x) _qo3
5) P =11; 6) —, — =35-
1 x2=7; 2 x2=11: 3) x2+8x=0;
4) x*+5x=0; 5) x®=8x; 6) x2=12x.
1) 1,5x-4x2=6,3x - x2; 2) 11y—-15=(y+5Xy-3x
3) 3x(r+2)=2x(x—2); 4) %(3_1'24-1)-%:“:1;23;
- - 2 _ 2 _ 2
5) y¥-5 15 y’zy‘ 4; 6) 22’-1_1+1,5x
4 5 3 4 5

IIpamMoyroabHUK, OAHA CTODONA ROTOporo A 2 ¢M Gosasire Apy-
roi, AMeeT INIOMAAL, PABEYIC HJOILANHA KEAJDATA CO CTOPOHOI,
Ha 4 cM MeNbMel NepEMeTpd NpAMOYIrWILEMKaA, Hadit ¢ropo-
HH IpAMOYTOJIBHHKA.

IIpAMOYroAbHAK, OJHA CTOpOHA KOTOpPOro HA 8 CM MeHBIIE® CTO-
POHH KBajparTa, a Apyraa Beoe Soasioe CTOPOHH Kpafpara,
HMeeT IAOINAAEL, PABHYIO ILIGIIATH ToTe KBaagpaTa. Halith cTo-
POHE IIPAMOYTONEHAKA.

Pemmurt ypaBrerHe (734—737).

1) x2+6x+5=0; 2) x2+3,5x-2=0;
3 x*-1,8x-3,6=0; 4) 2x8+8x-2=0;
5) 4x2 - x-14=0; 6) x2-x+3,5=0.
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735 1) 2x%+x-3=0; 2) 20+Bx~-x2=0;
3) 2x2-9x=235; 4) (x-8Xx-8)=2x-1T;

5) 2(:! -2)(x+2)-(x+1’5)2+4[x_5%J;
6) (x-3)x-2)=Tx-1,

lea,1..98 Lo 52 x4+l o
736 1) i +2x+16 0; 2) = .1c+9 0;
2 Bxf-11 7T4-2x7%
3) X _2x_x*5, 4 + =10.
) 5 3 6 ) 8 12
737 1) x213x+70=0; 2) 2 -12x+11=0;
3) x24+20x+100=0; 4) x2+18x—208 =0;

8) x(x-15)=3(108 - 5x);
6) (x—3)2+(x2+4)2 ~(x-52=1Tx+24;
7 512+9_4x —9=3; 8) x(x~3)
6 5
738 Haiita KoxbdHUMERTH p ¥ ¢, €CIM HaBecTHO, 9TO waciaa 10 1
-15 ABRSIOTCH KOPHAMM YpapEeHusa x%+ px+¢g=0.

739 3anmcaTes KBAZPATHOE YDABHOHHE, KOPHH KOTODPOTO OTJIHYANHACEH
Hn1 o1 KU[)HEﬁ AAHHOI'D YypPABHEHHA TOJBKO 3HAKAMH.

~11=—-x.

1) x2-8x+15=0; 2) x2+bx+e=0.
_ Pewnrs ypasueane (740—743).
740 1) 4x? 17x 2 +4=0; 2) 4x1-37224+9=0;
3) »-Tx2412=0; 4) x4 -11x2418=0.
741 1) '+ x2-2=0; 2) x'-x2-12=0;
3) r+3x2+2=0 4) x*+bBx2+6=0.
742 1) 3 -4+ 2, 9 L -g+_2 .
r+2 x-1 x+1 3x-1
3)1+5x=6x+2; 4)2+x=12—x;
x+1l (x+ 1) x+2 (x+2)
3x 1 4 2x 1 [
5 + = 3 - = .
) r+2 r-2 _yq 6) -3 x+2 +2_9
743 1 x . 3 - 3 : 2 3 + 3 =1-—x;
) -3 x®_bx+6 2-x ) -3 x2P®_7x+12 x—4
33+ -2, 4) 54 —2_=17,
r=1 r+2 x- + 3
744 PasnoxAT: KA MHOKHTENIH KBaAPATHHIE Tpexwmemn:
1) ¥r2-12x+35; 2y ¥2-Hx—136;
3) 2x2+2-3; 4) 2x?—3x-5;
5 -bx?+11x-2; 6) -4x2-10x+6;
0 —%x2+8x+27; 8) é—x3+x~10.
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745

746

747

748

9

750

751

TH3

CoxpaTuTts Apols:

n 02—4. 9 a+2 . a2+7¢1+12_
6+2' a’-7a-18’ a®+6a+8
2a%®-5a-3 —2a®+ 3a+2 —5a%+13a+6
402 -6a-4 2a2+5a+2 5a2-8a -4

PaanomxuTe HA MHOMKHTEIR:

1) al-41+862—a?; 2) m*n-n+mn®*-m;

D mE+rmi-mt-_mi; 4) x' - 2% - x + 22;

5% 1622 +Bxy - 3y%; 6)* 4+a% - Ha?;

Ty* b4 - 13b2 + 36; 8)* 3x%-6xm -9m?2.

Jlnsg npuroroenenua 6ponsH Hepetca 17 wacrelt memn, 2 yacTu
LUMHKA ¥ OZHA YaCTh 0J10Ba. CKONLKC HYXKHO B3ATE KAMIOTO Me-
Tajna oTAECAbHG, 4ToOH monyunTts 400 xr Gponam?

Hacnexrop pubEanzopa, RCCASAYSE CBON yYaACTOK, IPONJLLI Ha
KATEpe 0 TeYeHH DeKd 34 4 9 paccTORHHe, B 3 pasa foibLmee,
ueM 38 2 4 IPOTHE TedeHHA peKH. KaKoe paccTosHHe mpeoxonest
FHCIEKTOp, eci¥ CKOPOCTE TeueHHMA peKH 3 KM/ a?

Epuraza QOPMOBUIMKCE AOJXKKHa 0LlNa B OOpeiesieHHBIH CPOK
maroToBsuT: 48 npece-dopM aaa ornnerl zeraneii. [Ipepnoscen-
Ban OpHragoll HOBAA TeXHOJOTHA (OPMOBKH HO3BOJMIA HM3r0-
TOBNATE HE 4 npecc-hopMu Goanille B MecAll, TOITOMY BCE 3aJa-
HHUE QHHN BRINOJHHIN 3a Mecsn, Ao cpoRa. CROARKO mpecc-hopM
BHIOycKana OpHraga sa mecs:ai?

C oaroro yuacTra cobpaau 450 T kaprodend, a ¢ Zpyroro, nio-
manb KOTOporo HA 5 ra Mennire, 400 r. OnpezeauTs ypomaii-
HOCTh KAPTOdEeNa ¢ KARAOr0 YIACTEA, ECIH HA BTOPOM YyUACTHKE
oHa Obing HA 2 T BREIle, “EM Ha OEPROM.

YdacaATe Ik HEKOTOPOH oOLIKHOBeHHONM ApoiH Ha 11 fonbme aEa-
MeHaTeAA. EcaH K uncanreno Apobu npubaBUTDh 5, 4 X 3EaMena-
Tani 12, ro noayuures gpndn, wrpoe MeHBIOAA Hexopmand. Hail-
TH 3Ty Apobb.

Jepyua xonbalinaMy M03#HO YODATE YPOKaAN ¢ HEKOTOPOTO mOAa
3a 12 gueit. Ecnu 6nl yiopry OponasoAnNy Ha KadioM KomGai-
He OTHAEAbHO, TU Nepsumy uurpebosances Oel HA 10 aseii Gouab-
me, 4yeM BTOPOMY. 34 cHONEKO muell HA KaXAOM 13 KoMbaiinosn
OTZeNbHO MOKHO BRINOAHMTE 53Ty paboTy?

JiBe Gpuragbl MOHTAXKHHKOE 3aTPATUAH Ha cOOpPKY arperara
6 4 40 MuE. CKoAbKo Bpemennm morpefyercr Ha clopky Taxoro
Jke ArPETATA Kaxkgoll Gparaje oTAENbHO, €CIH 0QH0H A3 HAX HO-
Tpefiyerca na 2ty pabory Ha 3 a Goasiwue, uem Apyroii?

Katep npomwen 12 KM npoTRe TeUueRWS DEKH H 5 KM MO TeYsAHIO
DEKH 38 TO K€ BpeMdA, KOTOpoe €My DOEAAoSHIocs AnNA npoxom-
aeamsg 18 kM no osepy. Kaxora cofcTReEHAS CKOPOCTE KaTepa,
eCHAHE H3BECTHO, MTO CKODOCTE TEUeHHA DERM 3 kM/%7
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755 Iloctpouth rpadhMKM HYHKIMNA MU HANTH KOODAMHATEl TOUEK HX

nmepece4YeHHA ’
1) y=2x u y=3; 2) y=x-1mu y=0;
3) y=3x n y=-2x+1; 4) y=2x-1mn y=—x+3.

756 [ama dymxkousa y=2,5x — 5. Haitrn:
1) sHayeHHe X, MPH KOTOPOM 3HAUYeHUE (DYHKIIUM PABHO HYJIO;
2) KoopauMHATHI TOYEK HNepecevyeHUA rpaduka QYHKIHH C OCAMHU
KOOPAHUHAT.

757 [ana ¢pyHknouda y=-3x+1.
1) Borumennre: y(0), y(1), y(-1), y(-4).
2) Ha#itw 3HaueHHa X, npu kKortopmix y(x)=1, y(x)=-1,
y(x)=-3.
3) Haiitu snauenus x, npu KotopsiX y(x)>0,y(x) <0,y(x)=0.

758 Haiiti KOOPAMHATHI BePIUMHBLI NapaboJbl ¥ TOYKHW NepecedeHus
napabonbl ¢ 0CAMH KOOPAMHAT:

1) y=(x-4)>*+4; 2) y=(x+4)*-4;
3) y=x2+x; 4) y=x2—x;

5) y=x*-4x+3; 6) y=x>+6x+8;
T y=2x2-3x-2; 8) y=3+5x+2x>.

759 Tlocrpouth rpadur QYHKIUM:

1) y=x2+6x+9; 2) y=x2—%;

3) y=x*-12x+4; 4) y=x*+3x-1;
5) y=x*+x; 6) y=x*-x;

7) y=(x-2)(x+5); 8) y=[x+%](:c+4).

760 (YcrrOo.) Mcnoas3ys rpaduk GyHKnuu y =ax®+ bx + ¢ (puc. 65),
YCTAHOBHUTHL €e CBOMCTBA.

A, vA

=Y

. -0,5\ [0 2
—3/ 0 \1 x
..]_'5-.

a) g)

Puc. 65
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761

782

763

764

765

766

767

768

769

770

771

Ilocrpourh rpagnx DYHKIHKM H YCTAHOBMTE €€ CBOACTEA:

1) y=-2x>-Bx-8; 2) y=8xt+12x+16;
3) y=2x2-12x+19; 4) y=3+2x-x%
5) y=-dx®—4x; 8) y=12x - 4229,

Ha oar0OW HOOPOAWHATHOH OIOCKOCTH IIOCTPDORTR rpafAkw
dyHKOHA:
1) y=%x2 4 y=—%x‘; 2) y=8x2 n y=3x2-2;

3) y=—Lz% u y=—%(x+3).“; 4) y=2x u y=2(x-5)2+8.

3
Pemurs BepaseHcTro (783—767).
1) (x—5)(x+3)>0; 2) (x+15)(x +4)<0;
B (x—THx+11)<0; 4) (x- 12 x—-13)= 0.
1) x2+8x>0; 2) at— b <y
3 22-16<0; 4) x2=-3>0.
1 22-Bx+7>0; 2) 22+ 3x-54<0;
3) %x2+0,5x—1>0; 4) 5x2+9,5x-1<0;
5) —x*-8x+4>0; 6) Bx2+1Tx-2<0.
1) x2-6x+9>0; 2) x?+24x+144<0;
3) %x""—4x+8<0; 4) %x*+4x+12>0;
5) 4x2 -4 +1>0; 8) 5x2+2x+%<0.
1 x2-10x+30<0; 2y —x24+x-1<0;
3) x»®+4x+5<0; 4) 2x°-4x+13>0;
5) 4x2-9x+7 <0; 6) ~11+8x—-2x2<0.
PemnTs HepABEHCTBO MeTOLOM HHTepBaios (768—770).
1) (x+3)(x-4)>0; 2) [x—%)(x+0,7)40;
3 (x-2,3)(x+3,T)<0; 4) (x+2)x-1)=0.
D (x+20x-1)=0; 2) (x+2)(x—-1)2<0;
3) (x+2)x-1)>>0; 4) (2-x)x+3x2) =0,
1) 3=%5p; 2) 28+ = ..

2+ x x-2

3) w4o; 4) __2x .0

x (3+ x2X1-x)

Jenas yrpeHnion sapagKy, MaJib4HK exepEeBHC npoferan or
Aoma no neca 600 M. fo neca on Gerxanl ogHY TPETEH OYTH €O CKO-
POCTBIO 2 ‘M’/c, 4 OCTABIIEECHA DPACCTOAHHEe — CO CEODOCTBID
3 m/c. Bosepaimasch K JOMY, IE€PBYIO TPeTEh IIYTH OH npoberas
€O CKOPOCTRIO 3 M/C, 4 OCTABIIEECH PACCTOAHHE — CO CKOPOCTRIO
2 m/c. Ha xaxoil mpofer MansyYMK TPATHJ EPeMeHH Gombme: oT
JAOMa A0 Jeca MJIA OT Jeca 10 AoMa?
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Ha pyarnre sa genn nobuapx 2000 T pyam, comep:rameit i—g we-
meaa or obmeil Macchl pyArl. Ha coceaneM pyammee mobuurm sa

nepeyie nonosuay sHa 1200 v pyaer, copepmamei % IHEIE3a,

a 3a BTopyo noaosuny gHa 1000 v pyawl, copepskaeit g Helesa.

Ha xaxom pyaHHKe 100bIJH 2a AeHb GONBINE YHCTOrO Keneza?

Ha CHOPTHBHHIX COPEBHOBAHRAX CeMHKJACCHEK mpobexalr gwc-
TaRNNK 60 M 3a 9 ¢, a JecATHKIACCEHK — AHCTAROAIC 100 M 3a
14,8 ¢c. CaaTad, 970 YUCHHKH 0eXalH ¢ OOCTOAHHLIMH CRODO-
CTAMH, BEIACHHTb, KTO Geman GuicTpee.

Joxasars, aTo:

D ecas (y—32>(3+y)ly-3), o y< 3

2) ecax (3a +b)2 <(3a - b)Y, 10 ab <0,

+
Hoxaaars, w=T0 ecnn x<a+b, y-:.a c, z<:b+c, TO

2 2 2

x+y+zzat+b+te.

BricoTa IpAMOyroJbHOMO Napaajesendnena Gosxsioe 15 ¢, MH-
pu#a fonrme 2 cM, a gnuHe Goarme 0,83 M. Hokasars, uro ero
ofbem Gomeme 0,9 am°,

MacmTaf busndueckoit KapTe Poccuu B yuebHEKe reorpadmu
1:20000000. Ha xapre paccroasme: 1) or Mocksm ao Opna
boarie 2 cM; 2) ot Mocksru Ao Pasagy meRbme 2 cM. KakoBl
9T PACCTOAHMA B UNeACTBHTEABHOCTH?

I'pys maccoii He Gonee 1,6 Kr NogHsAH He BhcoTy 8-r0 srama
(ae Gonpmiyro 25 M). Kaxkywo npH 3TOM copepuminan paGory?
I[ouaaa'rb, ITO HA HArp2BanHe He MCcHEE 2 KI' BOALI B JATVHHOM
cTaraHe Maccoit e Menkie 1 kr ot 20 no 70 °C norpefiyerces me
MeHee 438 xlix TenAoTel. V[eabHaA TeNNOEMKOCTH BOXBI
4,19 s /(kr - °C), aaryeu 0,38 xx/(xr - °C).

Jlokazars, 9T0o Np¥ AKORX 3 W O BRINMOAHAETCH HEPABEHCTBO
aZ+4b*-2a-126+1020.

Pemrrs cHCTEMY HEpABEHLTB!

1) [6x—-42x-3, 2) [3x<5-6x,
—2x+11>x+1, Bx+1<4x-1,
12-3xr>4-56x: T-2x>2x+9:

3 (8x-2>2(x-3)+5x,
2x2 4 (54 x> 3(x =5 x+5);

4) [8x(2+x)(x-2)<(2x-8)(4x?+6x+9) - 5x,

(ix+2)(2—ix)—(B—i-x][ix+2]>—3;
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5) 2[x~%)(x+3}>2x(x+3},
x+3 N 3 +4;
3 2

6) [3I+;J(2—x)+ S (x+1)>3(3- x)(3+ 1) -1,
12 (22430 +(3+2x)2x -9 <-22 (9 + )+ 3.

QAHA CTOPOHA HPAMOYTONEHHKA GOJNbIIe IpyTroi Ha 3 cM. Kakol
MOMeT DLITL JAHHA MeHEIIeH CTOPOHE! OPAMOYTONLHEHEKA, €CJH
neprMerp ero boasme 14 cM, Ho Menpmie 18 cm?

Ja 1 u ynuTRa OpPOHON3ZNA MeHBUIE D M, a 33 cHeAyIOUIHe
45 MHH, ABHFAACE C TOH Ee CKOPOCTRI0, He MeHee 3 M. Karoma
CHOPOCTH YIHTKH?

Ecnw usckl 8 Bapurage (mepehiil yacoroi IMoAc) HOKAIRIBAIOT BDe-
MA Mexay 10 u 11 vacaMu, To KAKOE BpeMdA NOKa3HEIBAIT B STOT
MoOMeHT yacst 80 Baagusocrone {(gesarTslii yacoBol nosc)?
PeminTh HEPABEHCTEBD.

1) |2x423]|<7; 2y |5-3x|>4.

YIDOCTATL BEIPAXCHHE:

1) aJ4_—2a (+ a+v25a, e a>0;
2) Ja*h® —6ab-/Jab? + 0,40 Jatb, rmea >0, b2 0.

BriuHenHTE:

1) {J3+JE + J3—JE)2;
2) (\/13+5J4,_2 + J13-5J4,_2T;
) JW " J 23;—222

21,52 - 14,52 J132 122

Yﬂpoc-r}rrb BHPAKEHHAE:

Tl

1) i
(J Ja+1l +a-1
.va+ 1,

{ o+l da- Ja+1]'Ja.—1’
3)( e T ) (W_l}
(52

)a WETE
-Ja 1+J§] a+1
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YOpocTATE BHpasKeHHe:

1 a+d [_a B2 .
e+2b | a-2b g2-4p

b be . 4

2) Tz .z |2 7}
b—e¢ b*—¢ b ~2bc+ ¢

) ¥ ( 2a0 b )
a2 -2gb | a®-4b%2 a+2b)

" 2¢b __b ), _t*
a?-962 a-3b) a®+ 3ab

JokasaTe, 9To Dpu ADGOM y DOMOMHTEALHO JHATEHHE BEIDA-
MEHMA!

) (y-3M)Ny-1D+5  2)(g-HHy-6)+3.

Ha#TH MHOMecTBO 3HaYeHHH kR, NpPH HKHOTOPRIX ypaBHEHHE
4y? - 8y + k =0 Be uMeeT AEHCTBHTENLHERMX KopHE,

NIpr kaxkx suavennay ¥ umeno —2 AraseTcH XOpHeM YDABHEe-
Ara{k-2)x?-Tx-2k%=0?

Pemiuts ypaBnerue:

1) 3x2+8x+5=0; 2) 5x*+4x-12=0;

[ x 5 5 3x-3 2x%+8
) 4x2-1 2x-1 2x+1 4) x—1+2x+2 x2-1
) 30 _ 18  _7+18x, 6 2 __1  2x-1

= : = .
£2-1 x+x+1 29-1 x2_x+1 x+1 x%4+1

VopoeTHTh BRIpamede:

1 2rz+r_[ 8x 9 ; o )_ 10_,
2x-9 lax2 1 2+ 11245 5+ 02— 2x° x-5

) 2y+13:[ 2y .8 3 J
2y-5 2,24 3y-20 2-16 242-13y+ 20

Uz nynnta A DLUIXOAHT DEemICXOZ €O CKOPOCTRIC 4 KM/4, Yepcs
45 MMH HD IYHKT& A B TOM JXe HANDABJEHH# BRIEZHAET BEJIOCH-
negucT co cKoporThio 8 KM/u. Ha KakoM paccTOAHHMH OT OYHK-
Ta A BENOCUIIEAHCT AOTOHAT Nermexoga?

C TYPHCTCKOH (a3l BEINAA IMPYIONZ JAMXKHHKOB, Yepez 20 MEB
Beaer R Hedl pumre)] oNMozgapuldil ALDKEHNK, KOTOPHE NOCT6
40 Muu xoapbm gorean rpymny. C kaxkoll CKODOCTHIO ABHLAICH
OImO3AABIUKH NENIKHWEK, eCHH erg CKOpPOCTE OhlIA Gonbime CROpPO-
CTH rpynuel Ha 5 Km/4?

Ha nyuuTe A B nynsT B BreakuaeT IPysosuil a5ToMoGunn ¢o CKo-
pocteio 50 km/a. Yepes 24 MuH BCNEA 23a HHM BBRIEZXKAST AHTO-
fvc co ckopocTen 60 KM/4u. KakoBo paccToAHNE MEKAY NYHKTA-
mMu A ® B, ecnm rpyaosod aBToMo0MaL @ arrofyc npubblaum B
OVHKT B OAHOBpEeMeHHO?
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CKopocTb MOTODHOI NOJKHM N0 Te4eHHK peKH paBma 23 KM/4,
a nporye redenms 17 km/4. Hafttu ¢xopoers revenms i cober-
BEHHYK) CKOPOUTDL JJOAKM.
Vuernr 2a 38 Gaoxdora v 2 terpaau ynaarun 40 p., npyroii yue-
HUR 33 2 TaRuX e Omoxnora u 4 TeTpaau ynaaTaa 32 p.
CEoAbKO cTONA GJOKHOT H CKOMBKO CTOHNA TeTPalb?
Ona oTnpaEkM rpy3a GHJIC [MOZAHO HECKOALKO BATOHOB., Ecnn
rpysuThb 0o 13,5 T B BArOH, TO 4 T rpy3a 0CTAHYTCH HEHOTPYHteH-
HBEIME; eCnu ke rpysaTe o 16,5 T 8 Baros, To Ans nonHo# 3a-
rpy3rH He xpaTHT B 7 rpysa. Cxoaexo 6LIiNo mMomaHo BRArOHOB M
eKOJIbKO BBUIO TOHH rpy3a?
B TexHMKYNe ANA NPOBEOEHNA BCTYIHTENLHOTO AK3AMEHA OLLIO
saroToBaeHoe 750 mucros 6yMarun. Ho Tax kak MOCTYNAKIKX
OKazalockE HA 45 yegoBek Gonblle, HeM NPEeANOJATANIOCH, TO,
xoTa u gobasunu eme 30 aucros, HaMALIL NONAYyuYMA Ha OAMH
aucT Medbme. CKONBRO JHCTOR OBLI0 3aTOTOBASHO HA KAMJIONO
NMOCTYNAKINENO TePBOHAYANBHOT
Hpu uenuarralnkn fBYX ABMraTefed 6L110 YCTAHOBMEHO, YTC PAC-
Xxox GeHiwHAa npu padoTe NeDPBOre ABHUIaTendA COCTarua 450 r,
a npw pabote sToporo — 288 r, npuvem BTOpPOIl ABMraTeas pabo-
TAN HA 3 u MeHRITI2 U PACXONDEANT BeRAMFA B 4ac HA 6 T MeRRIlUS,
CkonsK0 rpaMMoR GeH3NHA DACXOAYET B YAC KA AR JBUraTean?
Hugyccrana zagaua «Crag ofesbans:

Ha pse naprum pa3buBIIHCE,

3a6aBaANHCh 00e3bANEI,

‘-Iac'rb BOCEMAA HX B KBAADATE

B poule Beceslo pe3RHIAChH.

Kpuxom pajocTi ABEHAAIATE

Boaayx ceemuil ornairamm.

BnecTe CHONMBKO, Thl MHE CKAMXCITE,

OfGeasnn Tam Gerno B cTae?

PemraTh HepapeHCTBO:
1) (x+2)2<(2x-8)2—8(x—5);

2) 2+x—x€21_5—(4—x)2;

9 3
- _ — 6
gy (2x-3Xx+2) (x-7) (x-6F
12 3 4
4) 6x+ 33507 |8 2¢ (xr3Nx+T)

L 2

TLiouiaps Tpanenun Gonsitie 19,22 cx?, Cpeansaa NUHHASA e BABOE
foapule BeicoThl. HaliTH cpefHIOow AHHHIO # BLICOTY TpDaMemHH.
C camosera, HaXOfAIIErocsA Ha Brcore, Oogbiedt 320 M, reoso-
raM Guin cOpOLWEH rpys. 3a Kakoe BpeMA IPy3d ZOMETHT A0 3eM-
nu? ¥exkopeHUe CBOBOAHOTO NAfeARA NPUHATL paBHbM 10 M/c®.
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Cropora mapannenorpaMmma Ha 2 c¢M OoJibllle BEICOTHI, ONYIIEH-
HOH Ha 3Ty cropoHy. HailTM gnumHy 9TO#l CTODOHBI, €CHH ILJIO-
maasL mapamiensorpaMma Gomeme 15 em?.

PemuThr MeTo0M MHTEPBAJIOB HepaBeHCTBO:
1) (x+2)(x+5)(x—-1)(x+4)>0;

2) (x+1)(3x2+2)(x-2)(x+T7)<0;

3) 3x—1+x—3;2: 4) 1—3x+1+3x} 12 )
3x+1 x+3 1+83x 3x-1 1-9x2

Haittu xoa@HIMEHTH p ®W ¢ KBaJPATHOrO TpexuieHa
x%+ px +q, ecnu 3TOT Tpexunex npH x =0 NpHHEUMaeT 3HAYECHHE,
paBHoe —14, a npu x = -2 npuauMaer sHauyenme —20.

Haiitu p u q, ecan napabona y= x? + px +q:

1) nepecerkaer ock abciucc B TOYKAX X = —% M x=

wlna

2) kacaercs ocu aberuce B Touke x = —7;
3) nepecekaeT och abCIMCC B TOUKE X = 2 M OCh OPJHHAT B TOYKE
y=-1.

SanucaTe ypaBHeHHe napabobl, ecjlu H3BECTHO, YTO OHa Iepece-
KaeT och abcnuce B TOYKe 5, a ee BeDPIIWHON ABISETCH TOYKA

23;101)
4 8
Bep:ca.no oTpamaTesid TejJecKomna y“
(pedarexTopa) UMEET B OCEBOM ceve-

HUH BHA napaboasl (puc. 66). Ha-
MHCATE YPABHEeHUE 3T0i mapabonsl.

h
Haiitn xoadhduuueHTs KBajgpa-
THYHOH (DYHKUIMH y=ax’+bx+c, \
ecsnH ee rpadHK: 0 —r

1) npoxogut uepes Toukn A (—1; 0),
B(3; 0) u C(0; —6);

2) npoxoxut yepes Touku K (—-2; 0),
L(1; 0) uw M (0; 2).

JokaszaTs, UTo AJs MIOOEIX HeOTPHIATENBLHEIX uuces a u b cupa-
BEJJIMBO HEPABEHCTBO:

1) a® +b? <(a+b)?; 2) a® +b% <(a+0b)%;

3) a®+b® = a?b + ab?; 4) (a +b)® <4(a®+b3).

Puc. 66

JlokasaTh, 4TO A JIOOBIX [MOJOMHTENbHBIX YHCeN a, b, ¢ cupa-
BeJIJTUBO HepaBeHCTBO:

1) 2424853, 2) %1 8¢, 805 4 4bve;

b ¢ a a b ¢

3 3 3

a’+ b+ ¢ a+b+c a b c 3
3 : 4 + + 2=,
)a2+b2+cz 3 )b+c c+a a+b 2
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ITocTtpouts rpaduk GYHRINM:

D) y=Vx?; 2 y=|x-1[;  3) y=yx*-6x+9;
4) y:,}x2+4x+4; 5) y:,}(:&cml)2 +J(I+1)2;
6) y=x®-4x+4+|x+2|.

HaiiTu neiicTBUTEeNbHEIE KODHU YPABHEHHA:

1) x2-|x|-2=0; 2) x*-4x|+3=0;
3) |x®-x|=2; 4) |2*+x|=1;
5) | x2 - 2|=2; 6) | x2 - 26|=10.

IoxasaTh, 9TO KBajpaTHOe ypaBHeHue ax® + bx + ¢ = 0 mmeer gBa
MeWCTBUTENbHLIX KOPHA PA3HEIX 3HAKOB mpu aiobom b, ecnn
ac<0.
Kopuu x, u x, kBaapaTHOro ypaseenua x*—2rx — 7r?=0 ypos-
JETBOPAIOT YCIOBHIO X7 + x%=18. Haiitu r.
Ilycts x, ¥ x, — KOpHHA ypaBHeHHA x°—5x+3=0. CocraBuTh
KBaJpaTHOe ypaBHeHHE ¢ KOPHAMM x;‘ U X}, He pelllafg TaHHOe.
He BpIUMCIAA KOPHEHM X; M X, KBAJPATHOr0 YPaBHeHHHA
2x2+7x—8=0, gaiiru:
1) Lyl g9 Ly ®2. g xjx,+ 2325 4) x] +x35.

*1 X3 X2 %
HaiiTi BCe TakwWe 3HAYEHWA I, IPU KOTOPBIX KBajJparHoe ypas-
Henue x2+(r—1)x-2(r -1)=0 umeer geiicTEUTENbHEIE KODHH
X, ¥ X,, YAOBJETBOPAIOIIME YCIOBHIO | X, — Xy| = 3.
HoxaszaTh, uTo ecnu Kod3d(PUUMEHTH KBAIPATHLIX YDaBHEHHH

22+ px+q,=0 u x2+ p,x+q,=0

CBA3aHEI PABEHCTBOM p, p, = 2(q, + ¢,), TO IO KpaiHell Mepe OXHO
W3 3THX VDaBHEHHMH MMeeT JIefiICTBUTEIbHbBIE KODHH.
KBagpaTtv4Has QyHKOUA y=Xx°+ px+q¢ NpuHEMaer npm x =1
HauMeHbllee 3HaueHHe, paBHoe —4. Haittu y(0).
Keagpatuunas dyHknua y=—x?+ bx +¢ npurumaer npu x=1
HauboJellee 3HaYeHHe, paBHoe —4. Haittu y(-1).
Haiitw xoadgpunmuentsr a, b, ¢ KBagpaTHYHON GQYHKIHUM
y=ax?+bx +c, ecnu ona npu x = 1 npunumaer Haubosbiree 3Ha-
yeHue, paBHoe 3, a y(0)=0.

Teso GpomIeHO BEPTHKAAbLHO BBEPX ¢ Ha4YajlbHOH CKOPOCTBIO
vo,=6 M/c. OnpenenuTh, Yepes CKOJBKO CeKyHJ Mocjie Hadaja
JBHJKEHHA Tello AocTuraer HauOOJbINEl BBICOTEI, €ClIH BRICOTY

MO3KHO HAWTH 1o hopmytie b =vyt - -21—th (vexopeHHe cBOOOLHO-

TO MafeHusA cauTaTh paBHeIM 10 M/c?).
Pa3zmouTe MHOroujJeH HA MHOMHUTEIH:
1) a*-2a%2-3; 2) a*-5a?+4.
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CoxpaTutsh 1pobs:

1 a2+ab—6b2; M;
a®- ab-2b* 4a® + 4ab - 3b°

g) Bal+218® 8a®—276*
2a®+ ab- 3b* 242 ab— 3b2

HaiiT CKOPOCTHs M AJIWHY HOe37a, 3HafA, YTO OH IPOXOJHT MHMO
HeNo/BUKHOro Habmofarens 2a 7 ¢ ¥ 3aTpauuBaer 25 ¢ Ha To, ITO-
GBI TPOMTH € TOM e CKOPOCTHI0 MHMO IJIAT(OPME! ANHHO 378 M.
ITaccamxup MeTPoO crycKaeTcd BHU3 M0 ABMIKYINEMYCH 3CKalIaTo-
py 3a 24 c¢. Ecan naccaskup uzer ¢ Toil jKe CKOPOCTLIO, HO 10 He-
MOABHIKHOMY 3CKAJAaTOpy, TO OH ciyckaercda 3a 42 c. 3a ckouas-
KO CeKYHJ[ OH CIHYCTHUTCSH, CTOA HA CTYIHEeHbKe ABHUIKYINErocsd
ackanaropa?

JBa apToM0OMIA, JBATAACE IO KOJBIEBOI JOpore ¢ MOCTOAHHEI-
MH CKOPOCTAMH B OZHOM HallpaBJI€eHHH, OKA3bIBAKTCH PAAOM Ue-
pea3 kaxaslie 56 MuH. IIpn ABHIKEHHH ¢ TEMHU JKe CKOPOCTAMH B
MPOTHBOIOJIOXHBIX HAlpaBJIeHHAX aBTOMOOHMIH BCTpedaloTcs
yepes Kaxkjble 8 MuH. 3a KaKoe BpeMs IpoeJieT BCIO KOJbIEBYIO
Tpaccy KaKJblii aBTOMOOHIL?

IBa cmoprcmeHa 0eraloT mo OAHOW 3AMKHYTOH AOPOZKKE; CKO-
pPOCTh KAasKJI0TO INOCTOSAHHA, W Ha npober Bceil NOPOKKH OAMH
TPaTUT Ha 5 ¢ MeHbIIe Apyroro. Ecau oHu HayHyT npober ¢ o6-
[lero cTapTa OJHOBPEMEHHO M B OJHOM HAIPARJIEHWH, TO OKa-
KyTea pagom deped 30 ¢. Yeped KaKoe BpeMA OHHM BCTPeTATCH,
ecsn noberyr ogHOBpeMeHHO ¢ o6LmIeH JIMHHUKM CTAPTA B MPOTHEO-
TIOJIO}KHBIX HaNpaBIeHUAX?

Ilemexos ¥ BeJOCHNEAMCT OTHPABJAITCA W3 NYHKTa A B
oyHEKT B ognospemenno. IIpubrie B nyHkT B, BejocunegucT mo-
BopaunBaeT 06paTHO M BCTpedaeT nemexoja yepes 20 MuH nocie
Hauana ApuyeHHA. He ocTaHABIHWBAsCH, BEJIOCHIEANUCT A0E33KAa-
eT 10 MyHKTa A, lopopauyuBaeTr 00paTHO M JOTOHAET Meliexojaa
yepes 10 MuH mocJie NepBoi BeTpedn. 3a KAKOEe BPeMsA MNEelIeXon
npoiiger nytk or A go B?

W3 nyarTa A B IYHKT B BbleXajl MOTOLUKJIUCT, U OIHOBPEMEHHO
HABCTPEUY €My M3 NYHKTA B B IYHKT A BbleXaJl BEJOCHIIEJHCT.
MoTonuKaucT NpubsLT B TYEKT B uepes 2 4 mocje BCTPeYH ¢ Be-
JIOCHIIEAHUCTOM, & BeJOCHIeAUCT NPUOLLT B NyHKT A 4epes 4,5 4
TocJie BCTPeYH ¢ MOTOIMKJIHCTOM. CKOJIBKO 4acoB GELIN B MIYTH
MOTOIIHKJIMCT ¥ BeJIOCHIeJHCT?

BorumcauThs Ha MHKPOKaJIBKYAATOPE ¢ TOYHOCTBRIO Ao 0,1:

1) 48.3+M; 2) 573-%;
8,367 7651
3) 5,31-(3,57" 4,28 - 7,04); 4) 1’34_[3:)??: +37’6].
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838

839

840

841
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BBIUHCIUTE HA MUKPOKAJbKYJIATOpPE NPUOIHIKEHHO C TOUHOCTRIO
mo 0,01:

1) 34,32-23,12+17,8%; 2) 7,622+ 3,562 -6,982;

3) 1 + 1 + 1 4) 1 1 + 1

0,54 0,32 0,87 0,17_0,38 0,87"

BeluncauTs Ha MUKPOKANLKYJIATOPE NPUOIHIKEHHO ¢ TOYHOCTELIO
no 0,01:

1) 27,3-1,28 +(43,4—-39,8) - 2,34;

2) (257-189):2,31-(354-487):3,14.

BriumcauTek Ha MHMKpPOKaJbKyJIATOpe ¢ ToudHocThio zo 0,1
(839—842).

1) Y10 +4/3; 2) V130 - V8;

3) 31,4+ 820 - V104; 4) 87,3 - 563+ /231.
1) y2+/3+45; 2) V30—+2++3;

3) VV3+3++3; 4) {243 +445.

1) 128 251 gy 426 _ 43 .
Jii 13 R E

3) /14,2 +89,3%; 4) /30,224,732,

| -, g 9915
R V85 3

C momoIbs0 MHKPOKAJIbKYJATOPA HAWTH KODHH YDABHEHHH:
1) x®-62x-7503=0; 2) x?+181x+5412=0;
3) x2-9,7x+21,42=0; 4) x*+1,5x-62,85=0.

C noMoIso MEUKPOKAJILKYJATOPA PEIIHTh YpaBHeHHe:
1) x*-14,9x%+ 50,8369 =0:
2) x*-8,01x2+12,96 =0.

Banmauva Ilmparopa Camocckoro (ox. 580—500 rr.
10 H. 3., ApeBHerpedYecKMil MaTeMaTuK U hunaocod).

Cymma aoboro 4mcia nocjefoBaTe/IbHBIX HEYETHBIX YHCEN, Ha-
YHHAasA C eJUHHIBI, €CTh TOYHBIH KBAIpAT.

SBagaua Apxumepga (ok. 287—212 rr. 1o H. 3., APEBHETpe-
YeCKUH MATEMATHK, (DU3UK U MeXaHUK).
IokasaTh paBEHCTBO

12+22+32+...+n2=%n(n+1)(2n+1].
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848

849

850

851
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853

3agaum JIuodarsra (BepoATHo, III B., fHEeBHerpeuecKHi
MaTeMaTHK).

Karer npaMoyronssOro TpeyrojisHuKa paBeH kyby gumciaa, Apy-
rofi KaTeT PABeH DA3HOCTH MexKJAY KyOOM 4YHCJa M cCaMHM YHC-
JIOM, & THOOTeHy3a paBHA cyMMe Ky0a 4Mcja B CaMOT0o 4HCJAa.
HaiiTu ato uncyo.

Tpebyerca umcso 100 pasgenuTsh gBa pasa Tak, 4ToOsI O0JbLIAA
ero 4acThb OT NepBoro geneHuA Gblra BABoe Goslee MeHbINEH yac-
TH OT BTOPOTO AeNeHus U uTo6el 6ONBINAsS YACTE OT BTOpPOro Jie-
neHHA Obina BTpoe Gonee MeHblIEH YacTH OT NMEepPBOro JeJieHHH.

UEpuiickaa sagada.
Ioxasars, uto 10 + V24 + /40 + 60 = V2 + V3 + 5.

Banaua Omapa Xaliama (1048 — oxk. 1131, cpegneasuar-
CKWH moar, ¢punocod, aCTPOHOM U MATEMATHK).
PemiuTs ypaBHeHHe

i+2--:!'-=1
x? x

| -

Bagaua ax-Kapagsxu (ym. B 1016, upanckuil maTemMaTHK,
aBTOD TPYAOB Mo apudmeTuke u anredpe).

Haiita gucno, KOTOpoe OT YMHOMKEHHA Ha 3 + ﬁ maer 1.

Bagaya JI. Oiaepa (1707—1783, mareMaTHK, MeXaHHK,
(brsuk u acrpoHomMm, akageMuk Ilerepbyprekoit akageMuan HAYK).
IIBe kKpecThbfiHKM TpHHecHau Ha peiHOK 100 siun, oxma Goasblire,
HeXeNu jJpyras; o0e BBIPYYHMJIH OJMHAKOBEIE cyMMbl. IlepBas
ckasana Bropoii: «Byae y meHs Teom siina, s BrIpyumsa Obl
15 kpefinepoB». Bropasa orBeruna: «A Oyas TBOHM sS#ina y MeHd,

A BRIpYYMJA OBl 3a HHX 6—§- Kpeiinepa». CKoONBKO AU OHILIO
Y Kammoi?

Bagaua 9. Beay (1730—1783, dpannyscKkuii MaTeMaTHK).
HeKTo KyIua JOWAaAb U COYCTA HEKOTOpPOe BpeMsA Ipojat ee 3a
24 nuctona. Ilpu aToif mpoja’ke OH MOTEPAJ CTOJIBKO MPOIEH-
TOB, CKOJBKO CTOMJIa eMy Jnomajb. CnpamuBaerca: 3a KaKyio
CyMMYy OH ee Kynua?



854

856
857
858
859

860
861

862

863

864

865

3amaam
IJIE BHEKJIACCHOM
padoTsI

HoxazaTh, YTO eC/IM U3 TPEX3HAYHOr0O YHCJA BEIMECTh TPEX3HAY-
HOE YHCJIO, 3alIMCAHHOe TeMM Ke IudpaMu, 4To MU TEepBoe, HO B
obpaTHOM NopsAKe, TO MOAYJIb ITOJYJYeHHOH pasHOcTH Oyner je-
aureca Ha 9 m 11,

Ecnu Mesxay mudpamMu ABY3HAYHOrO UMCIA X BIMCATHL 3TO JKe
4HCI0, TO IOJYYEHHOE YeThlpexsHauHoe yucyo Oyzer B 66 pas
Oonbll€e NepBOHAYAJBHOTO jABy3HauHoro. HaiTH x.

Ilokazars, uro cymma 333%% + 555%33 nenures na 37.
IlokazaTk, uto cymma 1114+ 1212 + 1313 penmres ma 10.

Kaxkoit nudpoii okanyusaercs creneds 1999199992

CKOIBKMMH HYyJAAMHM OKaHUMBAETCA UMCJI0, NOAYUEHHOe MPH Iie-
pPeMHOKEeHUH BCeX HATypajbHLIX uucen or 1 go 100?
IokasaTs, uTo cymma 10'° +10'7 — 74 genmres uHa 9.

HokazaTh, uto anayenue Beipaxkesns n® + 11n genurcsa ua 6 npu
JaboM HaTypaJbHOM 7.

IHoxasarb, yTo 3HAYeHHe BhipaykeHua n°+3n2+ 5n + 3 genurea
Ha 3 npu a10060M HATYpPaTbHOM 1.

IokaszaTs, 9To npy A1000M ILeJIOM 72 3HAUEHHe BHIpaXKeHud n’ —n
naenutca Ha 30.

HNokasaTe, 4To mpH Jio0oM IeJIOM 1 3HAYeHHEe BEIDAKEHHA
n’—5n%+4n genures ma 120.

HaiiTn nAaTHsHaAYHOE YHCIO0, €CHTH HM3BECTHO, UYTO IPH VMHOMKe-
HHH 2TOro 4HcJia Ha 9 HOJ’IyllaETCH NATH3HAYHOE YHCJIO, 3alH-
caHHOe TeMH ke nudpamMu, HO B ODPATHOM MOpAAKE.
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868

869

879

JokaszaTs, YTO PasHOCTb MEXXAY TPEX3HAYHBEIM YHCJIOM M YHC-
JIOM, 3aIMCAHHBIM TEMH e nudpamu, HO B o6paTHOM NOpAAKe,
He MOXKeT PABHATLCH KBAADATY HATYPANLHOTO YMCIA.

JokaaaTh, YTO €CJAM X M y — LeJible UMcia TaKhe, YTO YHCJIO
3x +8y nenurca Ha 17, To cymma 35x + 65y raxyke menuTcs
Ha 17.

JIlokasaTk, 4TO CyMMa KBAAPATOB JBYX HEUETHHIX YHCE] He MO-
ser ObITH KBaJpPATOM HATYDPAJIBLHOTO YMCIA.

JlokasaTh, UYTO cyMMa KBajpaToB INATH mOCHeN0BaTelbHBIX Ha-
TypajJbHBIX 4YHCE] He #HABJAeTCH KBaJApPaTOM HATYpPajbHOrO
YyHcaa.

JokasaTh, YTO HM NPH KAKOM I€JIOM 71 3HAYEHHE BhIPAYKEHHH
n?+5n + 16 uwe nenurca Ha 169.

JokasaThb, 4TO €CJIM CyMMa KBaJpPaToB JABYX HATYPAJbHBIX YHCE]
AeMUTCA HA 3, TO M Ka)joe U3 3THUX Yuces JeJIUTCH HA 3.

Ioxazars, YTO HH OJHO M3 uHcen BuAa n’ -8, rge n — HATy-
pajJbHOE YHCJI0, He AeJuTcs Ha 7.

,Iloxasa'rh, 4YTO eCJIH p — OpoCTOe YHCIOo, Donbiee Tpex, TO 3Ha-
ueHHe BhlpakeHHs p°— 1 gemmrces Ha 24.

Haiitm Bce mpocTele umcia n Takue, 9to n?+8 — mpocroe
YHCIO.

JlokaszaTs, YTO €CIH p — MPOCTOE YHUCIO H p 2 5, TO OCTATOK OT
nenenns p° ua 12 pasen 1.

IokasaTh, 4YTO €clIM N — HATYpAJbHOE YHceJ0o H n>1, To
n*+4 — cocraBHOE uHMCIIO.

HaiiTy penble YHClIa X M Y, VAOBJIETBOPAKIIME YPaBHEHHIO
x+y=xy.

JlokasaTh PaBeHCTBO:
2 5 3

R A P
8

9 4 S
JT+43 J3-ym1 Ju-Jr

1 1 1
3 + oot =499 —1;
T Y O N SN
1 1 " 1 __ 3 .
a(a+1) (a+1)a+2) (a+2)a+ 3) a[a+3)’
5 n(n+1)(n+2)n+3)+1=(n%+3n +1)=2.

Hokaszarsk, yro 1980-1981-1982 - 1983 + 1 aBnsAeTcA KBaJApPaToM
HEKOTOPOro HATYDPAJIbLHOrO 4Mcia ¥, U HafTH x.
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IlokasaTb paBEHCTBO:
1) at(c-b)+b*(a—c)+c®(b-a)

aZ(c-b)+ b2(0—6)+ r.'2(b—a)
2) a(b?-c?)+b(c?-a?)+c(a®-b%)=(a-b)b-c)c—a);
3) (a+b+c)P—-a®-b*-c®=38(a+b)b+c)c+a);
4) a® +b3+c¢®—3abc =(a +b +c)a?+b%+c?-ab-be —ca);
5) (a+b+e)—(a+b-c))—(b+c—-a)’—(c+a->b)*=24abc;
6) (b-c)P+(c—a)*+(a-b)P=3(a-b)a-c)c-Db).
JloxasaTs, uTo B3 paBeHCTBA

1,1, 1_ 1

—t=t—-=—
a b ¢ a+b+rc

=a+b+e;

clenyeT paBeHCTBO

4,11
a b A B+t

JoxkasaTh, UTO BeIpaxkeHUe
a?(c-b)+bv2@-c)+c?(b—a)
He paBHO HYJIO, ecJik a, b, ¢ — MomapHO He paBHBIE MEXIY CO
0o# umcena.
a’ - be b2 - ae
= s TO
a(l—->be) Bb(1-ac)
1.1,1

at+bt+tc==+-+-=.
a b ¢

HoxasaTe, 4yTo ecniu a #b u

Ilyets x + y =a, xy = b. Jlokasarb, 4TO:
1) 2¥*+y*=a*-3ab;
2) x'+y'=a'-4a?b +2b%;
3) x5+ y®=a’-5ab + 5ab?;
4) x8+yS=ab—6a'b +9a?b? - 2b°.
VIpOCTUTE BEIpAMKEHHE:
1) 4 + 2 + 1 + 1
1+x7 1422 1+x 1-=x

a® - be . b?% - ac ct—ab
(a+b)a+c) (b+cla+b) (a+c)b+ce)

3) Jx+2wj 1+Jx—2\ix—1,ec.rml€x<2;
\im+x+v'm X

2mn
, BCIIH X =

,rmem >0, 0<n <1,

\j +x—-VJm- n?+1
Pemuts ypasHeHHe:
1) x2-2|x-1|=2; 2) (x+1)|x-2]|=2
3) |[x-1]-3|=2; 4) |x2-9|+/x2-4|=5;
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5) x2+8x+—92 _-1;
2-8x-x?
ﬁ) : 1 + 18 _ 18

xz+6x+" 2+6x+10 x2+6x+9

) x? + —5x——+8 0; 8) x(x*-1)(x+2)+1=0.

PemnTth cucTemMy VpaBHEHHH:
1) [x*+xy=10, 2)
y?+ xy=15;

(x-1)(y-1)=6,

(x+2)y+2)=30;

3) ([x+y+axy=11, 4) :c+y +x+y=18,
2+ y?+ xy=19; 22—y’ +x-y=6;

5 [L+1-3 {

x
+

Il

o 6) =17(x + y)?,
xy= 2(x+ y)

_5,
=3

w:N|,_.

1
x2

y? - x2=16; y?-2xy+15=0.

Haiitu geiicTBUTENbHBIE pEJ.T.IE‘HPIH CHCTEeMbI YpaBHEHHI:

7) {2_1; —4xy+8x% =17, 8) [x2-xy+y®=21,

) [xy(x+y)=6, (x—y)x—y?) =T,
x“+y3=9; (x+y)(x2+y2) 175
3) [x*+4y=y*+16x, 4) *+y +x2y+xy’=5,
1+y2=5(1+x%); xly?+ x2yt = 20;
5) [2(x+y)=5xy, 6) [x%-y*=19(x-y),
8(x%+ y®)=65; B+yP=T(x+y);
7 {(I*ry)(xz—yz):g, 8) xy+24__y_
(x - y)x*+y*) =5; J
xy—6=?.

HaiiTu BCe 3HAYEHHMS r, OPH KOTOPLIX ypaBHeHHe x>+ rx+
+2r - 3=0 umeer:
1) paBHBIE KOpPHH;
2) meCcTBUTENBHEIE KOPDHH, MOJAVJIM KOTOPBIX PABHBI, 4 3HAKH
MPOTHBOIIOJOMHBI.

JlokasaTh, UTO €CJIM X, U X, — KOPHHA KBAAPATHOTO YDAaBHEHHS
x2—rx-r=0, rge r >0, To BEINOJHAETCA HEPABEHCTBO

3
1

IoxkaszaTts, uTo ecau (a +b)°>c? u (a - b)? <c?, To KBagpaTHOe
ypaBHeHHE

b 3
3+ x3+(x,%,)>0.
a?x?*+(b*+a*-c*)x+b*=0

He WMeeT JeCTBHTEeNEHEIX KODHEeH.
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IoxasaTh, 4TO ecau ypasHeHue x°+ px+q =0 umeer HelcTEH-
TeJbHEIE KOPHH, TO YypaBHeHHE
2

rz+(r+l]px+q[r-lJ =0
r r

TaKXe AMeeT JelCTBUTe/IbHbIe KOPDHUA NPH Jwbom r #0.

IloxasaTs, UTO eclM KBaJpaTHOe ypaBHeHme x2+ px +¢ =0, rze
P H g — LeJble YKC/la, HMeeT palMoHalbHEE€ KOPHHA, TO 3TH KOD-
HH — IleJble 4YHCJIA.

KakuM ycIoBMAM YVIOBIETBOPAIOT YKMchaa a u b, eciin GukBagpar-
Hoe ypaBHeHHe x' —(a +b) x? + ab =0 uMeeT YeTIpe pasIHYHBIX
JeHCTBUTENLHBIX KOPHA?

Ilorkazatsb, uTo ecau r <0, To KBagpaTHOe ypaBHeHHe
22-2(r-1x+2r+1=0
nMeer jeiicTBuTenbHble KOpHH. IIpyn Kaxux snaveHusax r(r <0)

oba KOpPHA 3TOro ypaBHeHHA o'rpuua're.ubﬂm?

HaiiTu BCe 3HAYEHUA I, JJIA KOTOPBIX IPH BCeX NeHCTBHTEIbHBIX
3HAUEHUAX X BBHINOJIHAETCH HEPABEHCTBO

(r’-1)x2+2(r-1)x+1>0.

JokasaTb, 4TO NpPH BCeX AeHCTBUTEJbLHBIX 3HAYEHHAX X CIpa-
BeJ/INBO HEPaBEHCTBO!

lgugg_
3 xt+x+1

HaiiTu Bce 3HaYeHUus a, IIpM KOTOPHIX YDABHEHUA
2+ax+1=0 n 22+ x+a=0

HMeIT XOTH OBl ofuH OOLIMH AeHCTBUTENbHBIH KOPEHb.

IIycTh a, b, ¢ — pasnuyHbIe yucsaa, npudeM ¢ # 0. [loxkasats, 4TO

ecnu ypasHeHus x°+ax +bec=0 u x%+bx +ca =0 umMeoT poBHO

onuH 0o0mwWii KOpeHb, TO APYrue KOPHHU 3THX YpDaBHEeHHUH ABJA-

JOTCA KODHAME ypaBHeHHA x° +cx +ab=0.

HaijiTh BCce 3Ha4YeHHA r, IPH KOTOPHIX KOPHH ypaBHeHHd
(r-4)x*-2(r-3)x+r=0

MOJIOKHUTENIbHEI.

Jloxas3aTk, 94TO KOPDHH ypaBHeHUs x°+ px +q =0 neilicTBHTEIb-

Hble M OTPHIaTeJbHBbIE TOJBLKO TOrja, Korga p>—4q =0, p>0,

g>0.

HaiiTu Bce 3HAYEHWUA r, HPU KOTOPHIX KOPHU YDaABHeHHHA

2rx? —(r +1)x+1=0 geiicrBuTesbHL 1 00a MO0 MOAYJIIO MEHbIIE
eMHHAIEI.
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HapecTHO, UTO KODHE KBaJApPATHOTO ypasHeHuda x* + px +¢ =0 mo
mMoayJo Gosblle eTHHWIBI U MMEIOT pasHble 3HaKW. JloKasaTs,
gyro p+q+1<0, - p+1<0.
W3recTHO, UTO KBAJIPATHBIA Tpexuned ax? + bx + ¢ He UMeeT Jeii-
CTBHATENbHBIX KOpHeii. OnpefelHTh 3HAK YMCJA C, €CJIH:
1) a+b+c¢>0; 2)a-b+e<0.
IlyeTh x; M X, — KOPHM KBaJIDATHOTO YPABHEHHA ax?+bx+c=0
H OYCTh 8, = xl’" + x', rie m — HaTypajbHOe uHcio, m = 2. Jlo-
KasaThk, 4TO

as, +bs, ,+ecs, ,=0.

HDK&SHTB. 4YTO BbIpaKeHue

2 2
3(“—+b—]—8[5+2]+10
b2 a b a

NPHHMMAET HeOTPUIATEbHEEe 3HAYEHHUSA NIPH JHO0bIX 3HAYEHHAX
a u b, He paBHBIX HYJIO.

Moka3saTb, YTO NPH JNOOLIX AEHCTBATENLHLIX 3HAYEHHAX X H Y
crnpaBeJIMBO HepPaBEHCTBO

x?+5y*—4xy+2x-6y+3>0.
HaiiTi Bce 3HAYEHWA d, MPH KOTOPLIX BEPIIMHEI ABYX mapaboi
y=x2-2(a+1)x+1u y=ax?—- x+a nexar 1o pazHele CTOPOHEI

OT OPAMOH Yy = %

HaiiTi Bce 3HaueHHA @, IPH KOTOPBIX BEPUIMHEI ABYX mapabos
y=4x>+8ax—-a u y=4ax®>—-8x +a — 2 nexar 1o OIHY CTOPOHY
OT HOpAMOH Y = —H.

PasnoxuThs Ha MHOKHTENN:

1) x3-6x%-x+30;

2) x'-x*-Tx*+x+6;

3) (x2+x+1)(x%*+x+2)-12;

4) (x24+4x+8)*+3x(x®+4x+8)+2x>.

PasioUTh MHOTOUNEH X° + x + 1 Ha ABA MHOXMKHUTENS € LEJBIMH

koadbduIHeHTaMH.
Cokparutb Apo0b:

Bt —x2-1 B+ xt-4x-4
1) A, 2. . 2) T3 el o )
x>+ x"+x+1 x*-3x-2
3) x4—2a.l'3+x—2 : 1 x-2x3+2x%-2x+1
x3-3x%+3x-2 P-4xr2+5x-2
P +5x2+Tx+ 3 x1-16
: H 6) .
2x3+5x2+4x+1 x*—4x%+ 8x% - 162+ 16
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HOocrpours rpadur dyarunm:

1} y=|x*-2x[; 2) y=|x*+zx;
3) y=|x%-5x+6|; 4) y=|x*-x-2[;
5) y=x"~]x|; 8) y=x*-2|z|-3;
T y=|x"-3x|-4}; 8) y=|x*-6|x|+5{.
PemmT: BepaBeHCTRO:
5- 4x 19 - 33x .
2 3.1:2-3:'—4{4’ 2 7x2-11x+4>3'
3) x"—xz—l2>0: 4 x4—8x2—9<0;
PN | -1
5) |x2-5x|>6; 8) |2x + 8|>|4x - 8};
T |x2+4x+3]>]|x+3]; 8) [xf—x+1|<|22-3x+4]|.

HoxaszaTh, 41O AR MAOOBIX YMCea ¢ ¥ D COPaBeANKBO HEpa-
REHETBO®

1) a2 +b222(a+b-1); 2) 2a?+5b2 = 2ab;
3) a?+b22abvra+b-1; 4) a®+ab+b% > 0;
5) at+bt 2 a®b + ab?; 6) (a2 +52)at+b%) > (ad +b%).

JoKa3aTh, UTo AAA AKOBIX NOJOKKTENbHBIX YHCEN & H b cupa-
BEAIHEBO HEDABEHCTRO:

1) a+%+b+%>2\/a_b+i;

Jab
1.1 1 1 1
2 ~+2+l2 =+ =+ —;
a b Ja Jb Jab
1,1 a b
3) Z+S—+—
)a b p2 2

4 a+b < a + b .
itat+d lt+a 1+b

Jokasars, 910 AnA AwlbIXx 9ucen a, b, r BERNONEASTCA HEpa-
BEHCTBO:

1) a2+ +c? 2 ab+bec +ac;

2) ,/a2+b2+c2 <la|+Hb|Hel:

3) (@a+b+c)? €3(al +b2 40y

4) (ab+bc +ac)t = 3abe(a+b +¢).



Kpatkoe conepsxanue
Kypca ajare0Opsl
VII kaxacca

1

Aaredpandeckue BolpaiceHHa

Yucnosoe Beipaxxenune obpasyercda W3 YHCeJ ¢ NOMOIILI 3HAKOB
neiicTBHE ¥ CKOOOK.

Hanpumep, 1,2-(-3) - 9:(0,5+ 1,5) — uncaoBoe BeIpa:KeHHe.

Tlopamox BHIMOJHEHHS XEHCTBHIL

lleiicTBUA NepBO#l CTYIIEHHM — CJIOMKEeHUEe M BhIYHUTAHHe.

HeiicTBUA BTOPOH CTYNEHH — YMHOMKeHHE W JleJleHHe,

HeficTBUA TpeThel CTYIEHH — BO3BEJEHHE B CTEMeHb.

1) Eciau BeIpakeHHE HE COAEPIKHUT CK0OOK, TO CHAaYasa BBINOJHAIT
JeHCcTBUA TpeTheil CTYyMeHM, 3aTeM AeHCTBUA BTOPOH CTYIEeHH M, HAKO-
Hel, JeHACTBHSA NMepBOil CTYNMeHH; NMPH 9TOM AedcTBUA OAHOI U TOH Xe
CTyIEeHH BRINOJHAKT B TOM NOpAAKE, B KOTOPDOM OHH 3alHCAHBI.

2) Ecnm BEIpa)KeHHe COAEPIKHUT CKOOKHM, TO cHayajga BEINOIHANT
BCe JeHMCTBHA HajJ YHMCJIaMH, 3aKJYeHHbBIMH B cKOoOKax, a 3aTeM Bce
ocTanbHEIE NEeMCTBHS; OIPH 3TOM BBINOJHEHMEe AeHCTBHI HAJ YACIAMH B
ckoOKax M BHe CKOOOK NMpPOM3BOAMTCH B NOPHAJKE, YKA3aHHOM B . 1).

3) Ecam BriumcasieTcsa 3HaYeHHe JpoOHOro BeIpakeHHs, TO cHauasa
BRITIQJHAKTCA JeHCTBHA B YHCAUTeNe 1pofu U B 3HAMeHAaTese, a 3aTeM
TNEepBHIH Pe3yJbTAT AEJIHUTCS HA BTOPOM.

4) Ecnu BEIpa)KeHHe COAepUT CKOOKH, 3aKJI0YeHHbIe BHYTDH ADY-
rux cKoDOK, TO cCHAaYajia BBINIOJHAIOTCA AECTBHA BO BHYTPEeHHHX CKOOKax.

AnreGpanueckoe BhIpaskeHHe obpasyercsa u3 umucenl u OBYKB ¢ mo-
MOILIbI0 3HAKOB AeHCTBHH M CKODOK.

IIpumMepsl anrefpanyecKUX BHIPAMKEHHI:

2
2(m+n); Sa+2ab-1; (a-b)?; —Y.

217



Yucinosoe 3HaueHHe anrebpaMyecKoro BbIpamKeHMs — YHUCIIO, IIO-
JIy9eHHOE B Pe3yJIbTaTe BEITHCIEHUI I0CIe 3aMeHbI B 3TOM BHIPAYKEHNH
OVKB YHCIAMH.

Hanpumep, yncjoBoe 3HaYeHHe BhIpakeHud 3a + 2ab—1lupua=2u
b =3 pasHO

3:2+2:-2-3-1=17.

Anrefpanyeckas cymMmMa — 3alHCb, COCTOANIAA M3 HECKOJBKHX
anre6panvyecKWX BEIPDAJKEHHWH, COeJAMHEHHBIX 3HAKAMH «+» HIH «—».

IlpaBnna packpeITHA CKOOOK.

1) Ecnm k anreGpaudyeckoMy BeIpa)keHuI0 npubasnsiercs anrebpau-
YecKad CYMMa, 3aKJ4YeHHasdA B cKOOKH, TO CKOOKHM W 3HaAK «+» mepen
cKOOKaMU MOJKHO OINYCTHTh, COXPAHME 3HAK KaXJOro CIaraeMoro 3Tou
anredOpanyecKol CYyMMBI.

Hanpuwmep,

14 +(7-23+21)=14+7-23+21,
at+(b-c-d)=a+b-c-d.

2) Ecnu us anrefpanuecKoro BhIpajKeHHsA BhIUMTaeTcH airebpamye-
CKasg CyMMa, 3aKJIIUeHHadA B CKOOKM, TO CKOOKHM M 3HAK «—» Mepen
cKoOKaMM MOYKHO ONYCTHTh, M3MEHHB BHAK Ka)KJOro CJaraeMoro sToi
anrebpandecKoil CYMMEI HA IPOTHBOMOJIOMHBIHA.

Hanpuwmep,

14-(7-23+21)=14-7+23-21,
a-(b-c-d)=a-b+c+d.

2. YpapHeHne NepROH CTENCHH ¢ OJHMM HEHAIBECTHBIM

YparEeHEHe — pPaBeHCTBO, COJAEPIKAINEe HeH3BECTHOE YHCJ0, 000-
3HayeHHOe OYKBOIi.
Ilpumep ypaBHeHHs:

2x+3=3x+2,

rje x — HeHM3BeCTHOE 4YMCJIO, KOTOpOe HYIKHO HalTH.

Kopess ypaBHeHHA — 3HAYEHHE HEM3BECTHOrO, IIPH KOTOPOM ypaB-
HeHHe obpamjaeTrcd B BePHOe PABEHCTBO.

Hanpumep, unciao 3 ABasAeTcA KOPHeM ypaBHeHuda x + 1=7 — x, tak
rak 3+1=T7-3.

Peminte ypaBHeHMe — 3TO 3HAYMUT HAMTH BCe ero KOPHU HJIMA yCTa-
HOBHTHL, UTO HX HeT.

JluHeliHOe ypaBHeHHWe — ypaBHeHue Bujaa ax=>b, rie a u b — 3a-
JaHHBIEe YHCIa, X — HEeHM3BecTHoe.

OcHOBHBIE CBOMCTBA yPABHEHHHA.

1. Jlrboit uneH ypaBHeHUs MOKHO IE€PEHECTH M3 OJHOH 4YACTH B
APYTYI0, A3MEHHWEB er0o 3HAK HA MPOTHBOMOJIOMKHBIH.

2. Obe yacTu ypaBHEHHUS MOKHO YMHOMKHTD WM PA3JEJHUTh HA OLHO
M TO Ke YHCJIO, He PABHOE HYJIIO.
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3. OaHovIaeHsl ¥ MHOTOWJICNLI

Crenesb 94Hucja a ¢ HATYpPaJAbHBIM IIOKaA3ATEIEM N, 60MBIIHM eNHHH-

usl, — NPOU3BeJleHHe N MHOXKHUTeJel, pABHEIX @, T. €.
a"=a-a...a.
_—
n paa
Hamnpuwmep,

28=2-2:2, mP=m-m-m-m-m.

B 3amucH cTeneHH a” 4HMCJI0 @ — OCHOBAHHWE CTeNeHH, N — MOKAa3a-
TeJlb CTelleHH.

Hampumep, B 3anuch cTemenn 2° umcio 2 — OCHOBaHME CTENeHH,
YHMCA0 3 — OOKAasaTeNb CTeleHH.

Ilepsan cTeneHsr wMcaa — camo uucno: a'=a. Hanpumep, 3!=3,

1
1)_1

[13) 13°

KBagpar uMcia — CTelneHb 3TOT0 uMcia ¢ nmokasaTtenem 2. Hampu-
mep, 52 — kBajpar 4uciaa 5.

Kyd umcna — cTeneHs aTOro umcJsa ¢ nokasarenem 3. Hampmumep,
4% — ky6 uucna 4.

OcHOBHEIE CBOHCTBA CTEIEeHH.

1) Ilpn yMHOKEHHMH CTeleHei ¢ PABHLIMM OCHOBAHHAMM OCHOBaHHE
ocTaeTcd NPEXKHHAM, a [OKA3ATeNH CTelneHell CKIaAbIBAIOTCA:

at-am=qg"*tm™,
2) llpm peneruu creneHeil ¢ paBHBIMM OCHOBAaHMSIMH OCHOBAHHE
OCTAeTCH IPEeXXHUM, a4 IOKASATEJH CTelneHell BHIYMTAIOTCA:
an .am - aﬂ - m
3) Ilpu Bo3Be#leHMH CTENIEHHM B CTEIIEHb OCHOBAHHE OCTAETCH IPEek-
HHM, 8 IOKa3aTelH MePeMHOMKAITCA:
(a*)"=a", ‘
4) Ilpu BO3BeJleHHH B CTeNeHb [POM3BEJeHHA B 3Ty CTeleHb BO3BO-
JUTCA Ka)KABIH MHOMKHMTEJb:
(a-b)"=a™ -b".
5) Ilpum BO3BeJeHHH B CTemeHb APOOGH B 3Ty CTeNeHb BO3BOAATCH
YHCJIUTENb: ¥ 3HAMEHATeJb:

CranpapreBIi BHA uHcaa, Goasmero 10, — zamuck uMcaa B BHAe
a*10", rpe 1<a <10 u n — HaTypalbHOE YUHCIIO.

Hanpumep,
358 =3,58-10%; 4084,5=4,0845-103,
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OJ:III(I‘IJIOH — MNPpOHU3IBCACHHE YHCHOBEIX H 5}’REEHHHX MHOMXHUTEJeHA.
IIpHMepn OAHOYNEHOB:

3ab, —2abled, @, a, 0,6 xyby?, -4,
Hanpumep, 4MCA0BEIMHE MHOMHTEIAME OAROYNCHA
3a%(0.4)-b-(-5)c?
apaswoTes: 3; 0,4: -5, a 6ykBennsiMa — a®, b, 5.

OnEoYNeH CTAHAADPTHOTO BMAA — ONHOUJNEH, KOTODBIi comep:KmT
TOABKO OXHA YUCJIOBONH MHMKUTENE, CTOALLME HA TEPBOM MecTe, ¥ CTe-
LEHH ¢ PUs.IMUHBIMA OYKHEEHHLIMH OUHOBAHMHMMN.

YroBel 3AOHCATE OAHOUNEH B CTAHAAPTHOM EBHAE, HYHO HEPEMHO-
HHTh BCE €r¢ YHCIOBKE MAMHHTENE B Pe3yALTAT NOCTABKTE HE OEpPEQe
MecTo, 34TeM NpOH3BENcHHA cTeleHell ¢ OAUHAKOBRIMH OVKBEHHBIMU
OCHOBAHHMAMH 3allHCETE B BMJe CTeleHel,

Koadubauuent ogmounesa — nucna0oBoil MHOMKETENE OQHOLACHA, 28-

OHACAHHOTO B CTRHOADTHOM BHJE.
3

Hanprmep, xoadduumerT ogaoanens Iabcz pases %, KoadbILH-
enT ogHounena —7a’b pamen —7, rooddUUHeAT ofHOTIcH2 albe pa-
BeH 1, KooddHOMeHT ogHouNeHa —ab? papenm —1.

MaorouieH — anrefparyeckas CYMMA HeCKOJNLKUX OAHOWIGHOR.

Tpumeps: MHOToumeHoB: 4ab®ec® — ogmoanen; 2ab - 3be — ABy-
ancu; 4dab + 3ac — be — Tpexuaen.

Yrennl MHOFOYNEHOB — OLHOWJIEHBI, U3 KOTODBIX COCTOUT MHOTO-
uned. Hampumep, unemam# MaOorouxenda 2ob%— 8ae + Tbe — dbe Avna-
orca onHounennl 2ab*, —3a’e, The, —4be.

Moaobnme wlenn — CGJHOYAEHBl, KOTUPHE UOCIE UpuseleHHA K
CTAEIADTHOMY BHIY OTJIMUAKTCA TONLKD KoadbhHOMeHTAMH, HAH ORM-
HAKOBble opHowIeHw. Hanpmmep B MEorouneHe 2ab - 3bg +c2b +¢2b
mofofHLIME YileHaMH SBNAOTeR 2ab u 3ba, c2b m c?h,

IpusenesHe NOADOHBIX TJEHOR — YPOMEHHe MHOrOY/AeHa, [OpH
KOTOpOM a.lmeﬁpanqecrtas CYMMa H(}}IO&HHX OABROYJICHOP 3ANCHASTCA
ONHMM OIHOYIEHOM,

Hanpuwmep,

2ab —4be + ac + 3ab + be = 5ab - 3be +ac.

CranzapTHRH BEMA MBOrO9J€Ea — 3ANKCE MHOTOUAEHA, B KOTO-
poii Bce YJIcHH 3aOMCAHE! B CTAHJADTHOM BUJIE M CDeAHM HMX HeT NO-
HODHBIX.

JevTenyn MALZ OSHOUIEHAMH H MHOTOUWIEHAMA,

1) Yrobr1 sanmicaTe anrefpasuecKyid CYMMY HECKOJNBKHY MHOrO-
YNeHDOE B BMJAE MHOrOWIeH& CTAHAAPTHOTO BHJA, HYKHO PACKDHTH
cKOOKH M IpABecTH MOAOOHEIE YJIEHDI.

Hanpumep,

(2a2b - 3be) + (a?h + 5be) — (3ab — be) =
=2a®b — 3bc + a*b + 5bc — 3a’b + be = 3be.
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2) YTob6Bpl YMHOMKHUTH MHOIOYJIEH HA OJHOYJIEH, HYKHO KayKIbIi
4JIeH MHOro4WieHa YMHOXHUTh Ha 3TOT OJHOYJEH W MOJIy4eHHBIE NPOU3-
BeZIeHHS CI0XKHTh.

Hanpumep,

(2ab - 3bc)(4ac) = (2ab)(4ac) + (-3bc)(4ac) = 8a?be — 12abc?.

3) UYrobbl YMHOMKUTE MHOTOUJIEH HA MHOTOYJIEH, HYXHO YMHOMKUTEH
KaM /bl 4JeH OAHOI0 MHOrOY/JeHa Ha Kay bl 4JeH APyroro MHOIO-
YJjeHA M HONydYeHHBIe NMPOHU3BEJeHHS CIOMUTH.

Hanpumep,

(ba — 2b)(3a + 4b) =(5a)(3a) + (ba)(4b) + (—-2b)(3a) +
+(—2b)(4b) = 15a + 14ab — 8b°.

4) Yrobsl pasgesMTh MHOTOWIEH HA OJHOUJIEH, HY¥XKHO KAMIAbIH
WIeH MHOIo4YJeHa pasfieIiTh Ha 3TOT OAHOYJIEH M HNOJy4YeHHbIe pPe3ylib-
TATBL CJIOMHUTD.

Hanpuwmep,

(4a®b? — 12a2b3) : (2ab) =
= (4a3b?) :(2ab) + (-12a2b3) : (2ab) = 2a*b — 6ab?.

4. Pas;lmm*mm MHOTOYJIAEHOEB Ha MHOERHTe IH
([)Opl\ly.llbl COKPAIleHHOT0 YMHOMKeHHSA
(a+b)2=a?+2ab+b2, a®+b3=(a+b)(a®-ab+b?),
(a-b)=a?-2ab+b%, a*-b*=(a-b)a®+ab+b?),
a’-b%=(a+b)(a-b).
P&SJIO)KEHHE MHOIo4JieHa Ha MHOMHUTEJIH — I[pegcTaBlIeHHue MHOI'o-
p

4JjieHa B BHe IPOH3BeJeHHA NBYX HMJH HEeCKOJbBKHX MHOIOYJIEHOB. Ha-

npumep,
3ax + 6ay=3a(x+2y).

IIpu pasnokeHMH MHOro4JeHa Ha MHOMKHTENH HCIONB3YIOTCHA Clie-
AYIOIIHe Crocobbl.
1) Brinecenue 006mero MHOKHTeNAs 3a ckobky. Hanpumep,

3ax +6ay=3a(x+2y).

2) Cnoco6 rpynnmposxun. Hanpuwmep,
a®-2a’-2a+4=(a®-2a%)-(2a-4)=
=a%(a-2)-2(a-2)=(a-2)a%-2).

3) Ilpumenmenne ¢opMyn cokpameHHOro ymuoxkenusa. Hanpumep,
9 2 _ i 2 _ _ l l
x*-T5V [3x 2V 3x+4y 3
27x3+8y% = (3x +2y%)(9x* - 6 xy® + 4y*),
22-14z+49=(z-T)>.

221



5. AuareOpanveckue npodH

AnreGpangeckas Apo6s — Apobs, YMCANTENb U 3HAMEHATENh KOTO-
poit — anrebpanueckue BbIpaXkeHHHA. ,

IIpumeprn anrebpanyeckux gpobeii: a+b , Ex—_2y

c a+1

Ilpepnonaraercs, 4yTo OyKBHI, ynoTpefiigeMble B 3alHcH ajarebpau-
qecKOi Apobu, MOTyT NPUHUMATHL TOJLKO TAKHe 3HAYEHHs, IPH KOTO-
PBIX 3HAMEHAaTeJb 3TOM APoOM He paBeH HYJIIO.

OcHoBHOE CBOMCTBO APOOH: DU YMHOMEHHH YHCIHUTEs ¥ 3HAMEeHa-
Tens ApoOM HA OJHO W TO Xe ajJredpanyecKoe BhIpAajXeHHWe MoJydaeTcs
paBHas e Apodb.

Hanpumep,

a-b_(a-bla-b)_(a-b)
a+b (a+bla-b) a®-b2

Hcnoap3ys ocHOBHOE CBOMCTBO ApofM, MOMKHO COKpamaTh ajirebpau-
YeCKYIo Apob6E Ha OGIIMII MHOMKUTENbL YMCIUTEJNHA U 3HAMEHATEeINS.
Hanpumep,
-1 (x-1)x+1) _ x+1

B-1 (x-1Xx2+x+1) 22+x+1

CiroxeHnne u BRIYHTaHMe axrefGpawmuecKMX Apobeii mpoBogATcA MO
TeM JXe NpaBHIaM, KOTOPbleé NPHMEHAIOTCA AJIfA YMCJIOBBIX Apobeii.

Ina HaxoxaeHUs anrefpamuyeckoil CyMMBl ABYX HJIH HECKOJbKHX
npobeit st Apobu TPHUBOAAT K 06IIeMy 3HAMEHATENI0 M HMCIOJb3YIOT
MPaBUJIO CJIOKEHUs Jpobeil ¢ OAMHAKOBBIMM 3HAMEHATEIAMM.

Hanpumep, obmuii suameHaTens gpobeit +b " % paBen a’b?, no-
a a
aToM
. 1 + 1 _ b a _b+a

a?b  ab® a?b?  a?b?  a?b?’
YMHOMKeHHe W [ejieHHe anrefpawueckux Apobeir mpoBogATCA IO

TeéM e npaBHJIaM, KOTODbEIE NPDHMEHAIOTCA AJA YHCJOBBIX npoﬁeﬁ. Ha-
npumep,

3b 4a 3b-4a 6
Loyt x+y (FP-yF)dax_2(x-y)
2xy " 4x 2xy(x+ y) - y ’

6. Jluneiinag pyERIMS 1 ee rpaduk

IIpavMoyronbuas cucTeMa KOOPDAHHAT HA IJIOCKOCTH — JBe B3AHMHO
MepreH UK YJIApHEIE PAMbIe ¢ BRIODAHHBIMU HANIPABJIEHUAMH U €JUHU-
ned OJIMHBI.

ITH NpAMEBIe HA3LIBAIOTCA OCAMHM KOODAHMHAT: nNpaMas, H3obparkae-
Masg FOPH30HTANBHO, — OCbI0 abcumce, a npamas, usobparkaemasa Bep-
THKANBHO, — OCHI0 OPIAWHAT.
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Hauano xkoopauHar obGosHauaercs O6yxsoit O, ocs abemmee — Ox,
ock opgunat — Oy.

KoopauaaTHan niuockoeTh — IJIOCKOCTh, HA KOTOPOU BeIGpaHa cHC-
TeMa KOODAHHAT.

Dynxuua. Ecan KakAoMy 3HAUEHHI0 X M3 HEKOTOPOTO MHOMKECTBA
YHCEeI IOCTABIEHO B COOTBETCTBHE [0 HEKOTOPOMY NpPABHMIY YHCJIO Y, TO
rOBODAT, YTO HA 3TOM MHOJKECTBE ompejejeHa QyHKIIHUA.

Ilpu aTom x HA3HLIBAIOT HE3ABHCHMOI TepeMeHHOM, a y(x) — 3aBHCH-
MOH IIepeMeHHOH, WIH QYHKIHe.

JIupeiinaa dyExknua — QyHKIUs Buga y=kx+b, rae k u b — 3a-
OaHHBIE YHCIA.

Tpadur dyErmum y(x) — MHOMKECTBO BCeX ToUeK KOODAHHATHOMN
IUIOCKOCTH ¢ KoopAuHATaMu (x; y(x)).

Hanpuwmep, rpadux ¢pyeknuu y(x)=2x +1 — MHOMKECTBO BCEX TO-
YeK TJ0CKOCTH ¢ KoopAawHATamMu (Xx; 2x + 1).

I'paduk auneiinoi dysxkuun y = kx + b — npamasa. Ilpu b =0 pyskK-
MA TPUHUMAaET BUA: Y = kx, ee rpathuk mPOXOAUT depe3 HAUANO KOOD-
AWHAT.

IIpamvasa nponopuuoHaNbHAN 3aBMCHMOCTE: ¥y = kx, e k>0,x>0,
k — Ko3(p(pHIHEeHT NpONoPIHOHAIBHOCTH.

Hanpumep, B hopMyJie § = vt NyTh § OPAMO NPOMOPIHOHAJNEH BpeMe-
HH ¢ IPU DOCTOAHHOH CKOPOCTH U.

O6paTHAA NPONOPIHOHANbHAA 3aBHCHMOCTD: Y = %, roe k>0,x>0,
k — xoahdunmedT o6paTHON NPONOPIAOHAIBHOCTH.
Hampumep, B dopmyse V =™ o6bem rasa V o6paTHO mpOmOpIHMOHA-
P

JIEH IJIOTHOCTH P NpH OCTOAHHON Macce m.

7. CHeTeMBI ZIBYX YPABHEHHI ¢ ABYMS HOH3BECTHLIMM

O6muii BHA CHCTeMBI JIMHEHHBIX YpPaBHeHHH ¢ IByMA HEH3BeCT-
HBINH:
a,x+by=c,,
{azx + by =c,,

rxe a,, by, ¢, ay, by, ¢, — 3ajaHHBIE YHCHA, X, § — HEH3BeCTHhIE
ypca.

Pemenne cucTeMbl — Iapa 4YMceJ X, Y, KOTOpPble OPH HOACTAHOB-
Ke B 9Ty CHCTeMy 00paIaloT KakJjoe ee ypaBHeHHe B BepHOe DaBeH-
CTBO.

Hanpumep, pelleHHeM CHCTEMBbI

4dx-y=2,
{5x +y="T

ABJIseTcA napa uucen x=1, y=2.
Pemurs cuCTEMY — 3TO 3HAYUT HAWTH BCe ee pelIeHHUdA WJH YCTaHO-
BHUTB, YTO UX HeT.
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IIpu pelleHHMHM CHCTEM YpaBHEHHMH HOPHUMEHAITCH CJEAYIOIIHE CIIO-
cobuI.

1) Cnocof mogCcTaHOBKH.

W3 kaxkoro-EM0y/As YPaBHEeHWs OJHO M3 HEM3BECTHBIX BRIPAKAIOT Ye-
pe3 Apyroe M mNOACTABJAKT B Apyroe ypaBHeHHe CHCTEMBI.

2) Cnoco6 aareOpam4ecKoro CJIOKeHHA.

VYpaBHABR MoAyau KooddHIIHEeHTOB NpH OJHOM H3 HEeHM3BECTHBIX,
MOYJIEHHBIM CJI0XKeHNeM HJIM BEIYMTAHUEM YPABHEHU CHCTEMBI HCKJIIO-
YaT 3TO HEM3BECTHOE.

3) TI'padmueckwuii cmocob.

B oaHO# cHCcTEME KOOPAUHAT CTPOAT rpa)MKHM YypaBHEHUN CHCTEeMBI;
[0 B3aHMHOMY PACHOJIOXKEHHWIO IPAMLIX ONpPefesisioT YUCIO pPelleHnH
CHCTEMEI; HAXOAAT KOOPAMHATEHI OOLIHX TOYeK rpaduKoB (eciu OoHH
HMeIoTCH).

8. KomOunaropuxa

IIpasuao npousBegeHusa. Ecau cylmiecTByeT n BapHaHTOB BeiGopa
MepBOro 3JAeMeHTa W JIA KaXKJ0ro U3 HUX ecTh /M BAPHAHTOB BeIDOpa
BTODOIo 3JeMEeHTa, TO BCero CYIIECTBYET 7 * /N PA3JIW4YHBEIX Iap C BEI-
6paEHBIMHM [EPBbLIM M BTOPLIM DJIEMEHTAMH.

Hanpumep, ¢ moMomblo OVKB @, b B ¢ MOMHO COCTABHTEL 3 3 =9
PASNMYHBIX ABYXOYKBEHHBIX KOJOB, B KOTOPBIX OYKBHI MOI'YT IIOBTO-
pATECA, U 3 - 2 = 6 pasauuUHEIX ABYXOYVKBEHHBLIX KOJ0B, B KOTODBIX
6yKBBI JOJMYKHBI OBITh PASIUYHBIMU.



Kparkoe coaep:ixanue
Kypca ajaredpsl
VIII kaacca

1. HlepasencTBa

HepasenerBo a > b ozmauaer, 9TO PA3HOCTh @ —b MONOXUTENbHA,
T.e.a—b>0.

HepasenctBo a < b ozmauaer, 4TO pasHOCTh @ —b oTpHIaTelNbHA,
T.e.a-b<0.

Jnsa mobeix ABYX YHcen @ U b TONBKO ONHO M3 CIEAYIOIIHUX TPeX Co-
OTHOIIEHWI ABJAeTCA BepHBEIM: a >b, a=b, a<b.

CpaBHHTH uncaa a 1 b — 3HAYKHT BHIACHHUTH, KAKOH W3 3HAKOB
>, =, < HY3KHO TOCTABUThL MEKJV 3THMH YHCIAMH, YTOOBl NOAYYHTH
BEPHOE COOTHOIIEHHE.

OcHOBHBIE CROMCTBA YHCJIOBEIX HePAREHCTE:

1. Ecima>b, 0 b <a.

2. Ecnua>bub>c,T0a>c.

3. Eciu npubaBHTE K 00eMM Y4acTAM HEPABEHCTBA MJIH BEIYECThH M3
HUX OJHO H TO XK€ 4YHCJO0, TO 3HAK HEPABEHCTBA HE H3MEHHTCA: €CJIH
a>b,Troa+c>b+cua-c>b-e¢ ana moboro uucna c.

Jl1o6oe ciraraemMoe MOYKHO IlepeHECTH U3 OJHOI YacTH HepaBeHCTBA B
ApYryio, H3MEHHB 3HAK 9TOrO CJAaraeMoro Ha IPOTHBOMOJOXXHEIMA.

4. Ecnu o0e yacTH HepaBEHCTBA YMHOXKHUTEL WJIH Pa3JleJIATL HA OJHO
¥ TO JKe MOJIOKHUTeNbHOe YHCJI0, TO 3HAK HEepaBeHCTBa He M3MEHWTCH.
Ecan obe uacTH HepaBeHCTBA YMHOMHUTbH WJIH DPA3JeJIMTh HA OIHO U TO
JKe OTPHIaTeJbHOE YKCJI0, TO 3HAK HepaBeHCTBA M3MEHHMTCH Ha IPOTH-
BONOJIOMHEIN.

Ecnu a>b, To

a_b a b
ac>be mw =>= opu ¢>0, ac<bec m = <= npu ¢ <0.
[ [ [ [
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5. Caoxenne mepaBeHcTB. HepaBeHCTBA OIMHAKOBOTO ZHAKA MOMC-
HO CHAASKIBATH, NPH 3TOM OOAYY9aeTCA HePABEHCTBO TOTO e 3HAKA!
ectma>buner>d, Toa+c>b+d.

6. YMINIRBHI!E HEPABREHOTR. HEDRBEHCTBB OAMHAKOROTO JAHAKA,
¥ KOTOPHX /IeBhI€ M [IPaBHE YACTH NOAQKHTEAbHbI, MOYKHQ OepPEeMHO-
JKATH, IPH 3TOM NOJAYYRETCs HEPABCHCTBO TOTO e SHaKa: eciH a4 > b,
c>duaa, b, ¢, d — NONDRATEILELIE YHCNA, TO a¢ > bd.

7. Boamesenue HepARencTEA E crenenb. HepapeHeTro, ¥ KOTODOTO
JieBble H IPABLIe 9ACTH DOJIOMKHTEIBHEI, MOEKHO BO3BOIUTL B HATYPAAb-
HYID ¢TENEeHE, IPH STOM HOJYYAETCA HePABEHCTBO TOTC YKe 3HAKA: eclH
a>b>0,Toa” >d" npu awbom HATYPANBHOM .

Crporsc HepaBeHETEAa — HCPABCICTDRE CO GHakaME > (GonLme)
< (MeHABIIe).

Hanpumep, 5>3, x<1.

HecTporHe HepaseH{TBA — HeDABeHCTBa CO 3HAKaMH 2 {Doabme
HMIM pABHO) M % (MEHBLIE MM PABHO).

Hanpumep, a? + b2 > 2ab.

HecTporoe HepaBeHCTBO @ = b osmawaer, uro ¢ > b uan a=2>5.

CroficTBa HeCTPOIMX HEPABEHCTB TAEKME jJKe, KAK M CBOMCTBA CTPO-
rux HepaBeHcTB. IIpu 3ToM B cBoficTBAX CTPOrAX HEpaBeHCTB IMPOTHBO-
MONOAHRIMHA CUHTAITCHA 3JHAKK >~ H <, 8 B cnoi’!c'rsax HeCTPOrAX Hepa-
BEHCTE — JHAKHM & H %.

HepareECTBO ¢ OJHHM HeH3BECTHLRIM — 3T0 HEéDABEHCTED, COAEpIKa-
m1ee HeM3BeCTHOE 4HeI0, 0bo3HaueHEOE DYKRBOIL,

HpHMepr HEPABEHCTEB € OAHHM HEHSBECTHBIM:

3x+4<5x-2; 1, 1¢3=2,
3 4

PemenHe HepaBencTBa ¢ OAHHM HeHIBECTHHIM — 2HAUEeHHe HeH3Ee-
CTHOTO, OpM KOTOPOM AAHHOE HepaBeHCTBO OpAINAETCA B BEPHOE 4HC-
JOEQE HEPABEHCTEBOD.

Hanpamep, 9uca0 3 ABNAeTCA pelleEVeM HepaBeHeTsa r+1>2 — x,
Tak kak 3+1>2 - 3 — pepHOE HepaBeHCTBO.

Pemuts HePABEHCTRO — 3TO 3HAYHT HANTH BLe £L0 pemeHHs HIH
¥CTAHOBHTDL, 4TO HX HeT.

CracTama HePARSHCTR ¢ OIFWM HEMARECTHRIM — BTD ARA WM He-
CKOJIBKO HEepaBeHCTB, COAeXALIMX OJHD M TO KB HEN3BeCcTHOEe THCAO
H pacCMATPUBAEMBIX COBMECTHO.

Hpumepbl CHCTEM HEDABPHCTE C OJHMM HEH3IBECTHEIM:

2(x-1)>3, x+2 € 5x,
Sx+4>1-x; 3(x-1)>4,
' x—4<7.

Pemrenne CHCTEMHE HeDABEHCTE — TO 3BEAYCHME HEM3ABECTHOTO, ODH
KOTOPOM BCE HEPEBeHCTBA CHCTeMsl DOpAmaloTcs B BepHHE YACAQBLIE
HEpPAReHCTHA.
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Hanpuwmep, uucio 2 aBiageTca pellleHNEeM CHCTeMEI

3x-4<2x,
x+2>3,

Tak Kak 3-2-4<2-2, 2+2 >3 — BepHbIe HepaBeHCTBA.

PemnuTh cHCTEMY HEpDAaBeHCTE — 3T0O 3HAYHT HAHTH BCe ee PelleHHdA
HMJIH YCTAHOBHUTB, YTO HX HET.

Yucaopsie IPOMEXYTEH — OTPE3KH, WHTEPBAJEl U MOJYWHTEPBAJLI.

OTtpesok [a; b] — MHOXecTBO 4HCeJl X, yAOBIETBOPAIIIUX HepaBeH-
cTeam a S x < b, re a <b.

Hanpumep, orpesok [2; 5] — 3T0O MHOXKECTBO YHCeJl, VIOBJETBODS-
IHX HepaBeHCTBaM 2 < x < .

Hurtepran (a; b) — MHOMKeCTBO YMCeNn X, YAOBJIETBOPAKINUX Hepa-
BEHCTBaM a < x <b, rge a <b.

Hanpumep, uatrepsan (—2; 3) — 970 MHOMKECTBO YHCeN X, YIOBJIET-
BOPAKIINX HepaBeHCTBaM —2 < x < 3.

HuTepBasaMy HABEIBAIOT H MHOYKECTBA YHUCEJ X, YAOBJIETBOPAIINX
HepaBeHCTBAM BHJA X >4 WIH X <d.

Hoayunrepsaa [a; b) — MHOMeCTBO 4ucCeJ X, YAOBIETBOPAILHX
HEePaBeHCTBAM a < x <b; nonyunrepsat (a; b] — MHOMeCTBO yuceln x,
VAOBIETBOPAOIIHAX HepaBeHcTBaM a < x <b, rge a <b.

Hanpumep, [3; 8) — MHOKeCTBO YHCeN X, TAKHX, 9TO 3 < x<8;
(—4; 2] — MHOMXecTBO YHCeN X, TAKUX, 4TO -4 < x < 2.

Moayns uucaa a (oGosHauaercs |a|) onpegensercsa dopmynoi

a, ecin a=0,
lﬂ|= -a, ecia a<0
. x

Teomerpuueckn |a| — pacerosrue ot Toukn 0 mo Touxku, Haobpaa-
HIIei 4ucao da.

IOna moboro uMcNa a BRINOJHSAETCA HepaBeHCTBO |a|> 0, mpmuem
|a|=0 ronbko npu a=0.

Hepasencrsy | x| < a, rae a > 0, yIOBIETBOPAIOT YHCJIA X U3 OTPE3KA
[-a; a], T. e. Takue yucya X, UTO —a < X S a.

HepaserctBy | x| < a, rae a > 0, yIOBIeTBOPAIOT YACIA X U3 HHTEPBA-
aa (—a; a), T. e. TaKUe UMCIA X, UTO —@ < X < 4.

HepasenctBy | x| 2 a, rae a > 0, yI0BIeTBOPAIOT BCe UMCIa X <—a U
yycJaa x 2 a.

Hepagenctsy | x|>a, rae a >0, yIOBIeTBODAKT Bce YHCAA X < —a U
yHMcaa X >d.

2. lpubauxenssie BENHCISHHA

AoOcomoTHas NOrpemHOCTh NPHOJM:KeHHA — MOAYJIb Pa3HOCTH
MeXJy TOYHBIM 3HAYEHHEM BeJIMUHUHBI M ee NPUOIMKeHHEIM 3HaYe-
HueM. Ecin @ — npubnu:KeHHOe 3HAYEHHe, 4 X — TOYHOe, TO abcoJoT-
Had IOrPerHOCTb paBHa | x —a.

danucs x = a + h o3Eavaer, 4To abGCOMIOTHAS MOIPEIIHOCTL NPUGIIN-
JKeHUA HE IIPEBOCXOAMT h, T. €. |x—a|<h, wm a-h<x<a+h.
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IIpu aToM roBOPAT, UTO X PABHO & C TOYHOCTHIO A0 A, Hanpimep, aa-
nuees T = 3,14 + 0,01 osHauaer, 9To |1 - 3,14| < 0,01, 1. . UMCNO K pABHO
3,14 ¢ TogmocTro A0 0,01.

CranraprEumi BHI YHCIA — 3TO 3anHck ero B Buie ¢- 10", rae
1<a <10, n — uenoce uncno. Hanpumep,

348 =3.48-10%, 0,027=2,7-102,

Ilpu oXKpyraeHNN YMCHA ¢ HeJOCTATKOM € TOUHOCTEIO A0 10~ * coxpa-
HAKTCA 1 OepBHX 3HAKOB NOCHe 3ANATOH, & NoCHeLYIOllHe orGpacs-
BRIOTCH.

Hanpumep, IpH OKPYIJA€HUH uncya 17,2397 ¢ HELOCTATKOM AO THI-
CATHEIX, T. . 80 10°%, nonyaaem 17,289, xo corrix — 17,28, no neca-
Tax — 17,2.

IIpm oxpyrieHHn 9UCAa ¢ H3OBITKOM ¢ TOUHOCTHI Zo 10" n-if 3HaK
TocJie 3anATON YBeTHYNBASTCA HA eINHHIY, a BCe IIocAeIyIOImRe oTrhpa-
CBIBAKTCA.

Hanpumep, npt awpyraerwn ancaa 2,5148 ¢ nabuireom go THeAY-
BEX moaydsem 2,515, qo cormx — 2,52, ao gecarmix — 2,6.

IlorpemHOCTE OKDYTJEHHA B 000EX CAYVUARX He mpepocxomut 1077

OxpyriieiMe ¢ HAHMEHBIIEH TMOrpewIHOCTRIO; €CAM Nepeas orbpa-
crnirgeMan IHPPa AAHHOTO UHCIA MeHLOIEe D, TO OKPYTASKT ¢ HeJo-
CTATKOM, a ¢CHH 3Ta OHdpa GoAblle MIM PABHA 5, TO OKPYTJISAIOT ¢ H3-
Obirkom. Hanpumep, Ipu okpyriaedny uncia 8,351 Ao coThix noxyuaem
3,35, a Ipy OKDYIJeHHH A0 fAecaTeix — 8,4,

Jalrce X = @ OBHAYAET, YTO YHCID & ABIACTCA HpHﬁJIHJI{GHHbIM JHA-

uyeAmeM uucaa x. Hanpumep, V2= 1,41.

OTmoeuTeNsHAN MOCPEMIHOCTE  YACTHOE OT JedeHHA abComoTHONR
NOrpelHoCTH Ha MOAYAbL NpUBAMeAHOrD 3davesuda. Ecan ¥ — TouHoe
3HaYeHUe, 4 — OpUOAMIHEeHHEOE, TO CTHOCUTENBHAA OrPeUIHOCTE DABHA

|x—al
la| ~

OTHOCUTEALEYI0 IIOrPELIHOCTE OOBIYHO BBIDAMKAIOT B MPOLEHTAX.

Hanpeamep, 8cJIH TOYROe 3HAYeHHe BeNruMHLL paBEo 1,95, a nprdan-
SKeHHOE paBHO £, TO OTHOCHTEJILHAA NOTPeIHOCTD NPNGAKEAHKA PABHA

‘i'_;:iﬁ_' - % ~0,025, win 2,5%.

3. Keazpartusre KopHH

KpajpaTHblii KOpEeRb M3 UHCA & — TaKoe YHCN0, KBAADAT KOTODOro
paeen a.

Hanpamep, 6 — xpagpaTHEN#A xopeHb U3 yncaa 306; 1tucmo —6 raxxe
KRAJIDATAWE KopeHb U3 umena 36,

H3zpjeueHHe KBAAPDATHOrD KODHA — JeHCTBHE HAXOMASHHMA KBal-
paraoro kopea. Maeneur KBaADATHBEIN KOPEHbL MOMHO TOJEKO A3 HEOT-
pHLATENLHOIO YHCHA.
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ApniMeTHUecKHil KBRAPATERLA KOpeHb M3 uMcaa a (obosHauaeTed
Ja) — mecTpHmaTenbHOe YMCTO, KBAIDAT KOTODOTO DABRH 4.

HampuMep, +16 =4, /144 =12,
Bripa>kenHe JE HMEeT CMBICH TOABKO AnAa ¢ 20, opn aroM
Ja>0, (Va)y=a.
ToexIecTEO — DABEHCTEO, CODABEANIHBOE NDU JOOLHIX 3HAYCHHAX

BIOAAOIAX B HETrO OYKB.

Parenctso Ya? =|a| ap1Aerca TOMALCTBON, TRK KAK BHIIONHAETCA
opu J10boM a.

Hanpumep, 1/(25)’ ={25|=25, 1‘(—15)"' =|-15|=15.
Ecawa>b>0,TO JE>J_.

Hanpumep, J17 > JE, Tak Kak 17 >13>0.
CroiicTBa KBaJpPATHNX KOPHEH:

1) JE='J;'-JE.ECJIH a=0, >0,
Hanpumep, +144- 196 = /144-+/196 =12 -14 = 168,

2) Fzﬁ,ecnnaéo. b>0.
b Jb

Hanpumep, E = % = % .

3) Boinecente MHOMUMERR U-NOG dHAKA KODHA!
Ja?b =a+b, ecnu a0, b3>0.

4) Bruecenue MHOMCUMERA nod IHAK KOPHAS
aﬁ=m, ecan a=0, b=0.

Cpenmee apudMeTHUeCKOE ABYX YKCEX @ B b — umcno & ;' )

Cpem;ee reoMaTpHYeCcKOe NBYX MNONOMHTENREARIX Y9ACeN I W h—
uneno Jab.

Cpepnee apugMeTHUecKOe ABYX MOJOMKHATEABHEX YUCEN He MeHEIIe
CPEAREN) TEOMETDHUECKOrO 3TUX MHCE:

a+b Jab, ccnua>0, b>0.

PamHoHAIEHOE THCAD — YUCAO BHAA =, TAe M — Ieioe, i — Ha-
n

TYPAIBLHOE THCHAO.
PanponansHOE YMCIG MOIKHO NPeACTABUTH B BMJAE KoHeuHod meca-
TUYHOH ApobH #AM GeckoHeYHOH NepHOANYECKOH ALCATHYHON ApOGH.

Hanpumep, % =04; - % = -0,333... = -0,(3).

HppaunoHaibHoe YHCA0 — OeCKOHEeYHAA HENepUOZUYecKAd Aecd-
THYHAA APOOh.
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Hanpumep, 0,1001000100001....

HppaunoHalbHEIMHM YHCJaMH ABJIAKOTCH TAKKE YHUCIa JE, \/5, \/3, .

PanyoHanbHEIe W HppanouoHalbHBEIE YHcJa 00pasylOT MHOMKECTBO
JeHCTBHTEeNBLHBIX YHCEN.

Ra}K,ﬂ;OB praIiHOHaJI]:HOE YHACJIO MOXHO HPHGJIH}EEHHD 3aMEeHHTb
KOHEYHOH JecATHYHOH Apobbio, T. €. PAIlMOHAJIBHBIM YHCJIOM.

Hanpumep, 9nclIO T MOKHO NPUOIMKeHHO 3aMeHHUTE YHCIOM 3,14;
V2 npubnnmenno pasen 1,41.

Ha npakTHKe NpH BEIUHCIEHAAX ¢ HPPAIMOHANLEEEIMYA UHCIAMH BEI-
MOJHAKTCA AeHCTBHS HAJ WX PANHMOHANLHLIMH IPHOIHMIKEHUIMH.

Hamnpumep, Tak Kak ﬁz 1.4, ng 1,7, To JE+ 1/5 = 3,1.

Jna mpubIHKeHHOT0 HAXOKACHUA KBaJAPATHLIX KOPHEH HCIIOJNB3Y-
T TABAUIIEI MW BHIYACIHATEILHBIE MAITHHEL.

4, KBazpaTHble ypaBHeHHH
KeanpaTHoe ypaBHenHe — ypaBHEHME BHAA
ax®+bx+ec=0,

rge a, b u ¢ — zamaHHBIE YuCcIa, NpuueM 4 # 0, x — Hewu3BecTHOE.

KoadpunueETnl KBaAPaTHOrO YPaBHEHHHA HA3hIBAIOT TaK: @ — Iep-
BRI HJIH cTapIuii koapduinuerrt, b — rropoit KoshdunmesTt, ¢ — cro-
OOMHBIH YJIeH.

IIpumeps! kBagpaTHBIX ypapHeHuit: 2x2 —x—-1=0, 3x2+7=0.

Henonnoe KBagpaTHOe YypaBHeHHMe — KBaJIDATHOE YDaBHEHHE
ax?+bx+c¢ =0,y KOTOPOro Xors 6B OAHH H3 KOahIUIHEHTOB b MK ¢
pPaBeH HYJIO.

ITpumeps! HeNMONHBIX KBaJpaTHLIX ypaBHeHMi: x2=0, 5x%+4=0,
8x2+x=0.

YpasHuenne Buaa x2=d, rae d >0, uMeeT ABa AeifiCTBHTEILHEEIX KOD-
HA x,_zzt\/g. Eciu d =0, 7o ypaBHeHHe x2=0 uMeeT OJWH KODPEHb

x =0 (nBa paBHBIX KODHH).
Ecan d <0, To ypaBHeHHe x2=d HMeeT ABa KOMILJIEKCHEIX KODHSH
x, y=*,/|d| i (i — rakoe umeno, uro i? =-1).

KpagpaTHOoe ypaBHeHMe ax2+bx+c=0, rge a, b u ¢ — geiicTBy-
TeJbHEIE YHCJA, HMeeT KOPHH X;, X, (leficTBUTeNbHbBIe HIIH KOMILIEKC-
HBIE), KOTOPEIE HaxogATcsa mo dopmyme

_—bi,sz—4ac

5% g B e——————
1,2
2a

Hanpumep:
1) ypasHenue 3x%+5x -2 =0 uMeeT 7Ba AeHCTBUTEeNLHBIX KODHA:

5t+/25+24 -5+7

1
X 5= - == ;T € X =3, X,=—2;




2) ypasrerue x% - 6x + 25 =0 uMeeT ABa KOMIUIEKCHRIX KODHA:

_6+7/36-100 o ..

X
1.2 2

IlpuBegenHOe KBRAApaTHOE YPABHEHMEe — YpARHEHHE
x*+ px+g=0.
DopMyaa KOpHeH NPERCACHHONO KBRAAPATHOrO YpABHEHMA:

3
p,_|p
YL2=-giy ¢

Hanpumep, Kopuu ypaBrerns x%-6x —7 =0 raxoBs:
171'2231'.&!94'7 :314, T. &. 1,'127, x2=_,_1_

Teopema Buera. CyMMa RopHell NDMBEAEHEOrD KBAAPATHOTO YDPE&B-
NEeHNA PABNA BTOPOMY KOSOMGHIHEATY, BSATOMY ¢ NPOTHBONOJOMNCHLEIM
SHAKOM, & HX NpOH3BeJeHNe DABHO cBOGOHOMY YIEeHY: eCliH X, U X, —
KOPHH ypasHerud X2+ px +g =0, 10

LY x=-p X Xp=4.

Teopema, obpaTRan reopeme Buera, Ecam uuenn p, ¢, x,, x, Ta-
KOBEI, 9TO X+ X,=-p, X, X,=¢, T0 X, H X, — KOPHH YDABHEHHA
x3+px+g=0.

Kpaaparasii Tpexunen — muorouier ax? + bx + ¢, roe a = 0.

Paanomenne KBAIPATHOrO TPEXWIOHA HA MHOMHTENH — NpaiCTaB-
JleHHe ero B BHJE

ax?+bxte=a(x— x)x - x,),
TAe X,, X, — KOPHM KBaAPATHOTO YPaBHEeHESA ax?+ bx +¢ =0.

Hanpnmep, 2x2+3x—2=2(x—%](x+2).

KomnnexcHoe YHeno — BmpaXXeHHe BUJa @ + bi, rge a m b — pefter-
BHTENBHRIe THCAR, i2=-1; 4 — peificTBHTEIbHAH YACTh, b — MHHMAH
HacTh KOMIIEKCHOTO YHCua a + bi.

PapencTRO0 OMAONeKCHRIX uncen: @ +bhi=c +di,ecnrma=c.b=d.

ApudMeTHueckHe AeficTBHA HAL KOMILIGKCHBIMH YMCHAME BRIIIQN-
HAKTCA TaK JKe, KAK JeHCTENA HaJ MHOTOWIeHAMY, CYMTad, yToiZ= -1,

ConpameAnnRIe KOMOIEKCHbE YHCNa — YucAa g +bi ma — bi.

3. Ruasparnsnan Qrypcnnag

Keagpateunan $pyExomEA — QYHKOUA Buaa y=ax’ +bx +c¢, roe 4,
b, ¢ — zagaHHie AelicTEnTenruble uHCena, g =0, ¥ — JelcTEUTOALHAS
NepeMeHHan.,

Hyan xeappatuunoii gyHEKIHA — 3HAYEHHA X, HPH KOTODHIX OHAa
obpatlaerca B AYAb.

Hanpamep, dhyuxuusa y= x?— 2x - 8 umeer aynm: x,— -1, x,=3.
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I'padbuxom kBaapaTuyHOM dyHKUMM sBAserTcd Napaboina.

B uacTeoCTH, rpadukoM GyHKOUM y = x° saBIseTcs mapabosa ¢ Bep-
muHoM B Touke (0; 0); ock cumMMerpun napaboibl — O0Ch OPIHHAT.

B ofmem ciayuae BepmiuHOi napaboasl y = ax? + bx + ¢ =

=a(x - .>:0)2 + yo ABaAeTCA TOUKa (X); Yy), TAe xg= ;—b, Yo=y(xg). Ocp
a

cuMMeTpun napaboiasl — npAMas, napajiieJbHAs OCH OPAWHAT M IPO-
XomAnas gepe3 BepiinHy napaboasr (cM. puc. 44).

Iapabony y=ax®+bx+c=a(x- x,)*+ Yo MOMKHO MOJYYHUTE CHABH-
roMm napaGoJsl y =ax® BAOJb KOODAMHATHBLIX oceil.

Cxema moctpoenus: rpaduka KBaapaTHUHON (DyHKIIMH

y=ax?+bx+c:

1. IlocTpouTh BepmHHY napaGonsl (X,; Y,), BBIYHCIHB X,, Y, MO
bopmynam xo= - 2%, yo = Y(Xo)-

2. IIpoBecTy uepes BeplIMHY napabojibl NPAMYI, OADPAJJIENbHYIO
OCH OpPAMHAT, — OChb CAMMETPHH mapabGoJikl.

3. Hai#itu nynu dyHEKIIMH, eCTH OHHA €CTh, U MOCTPOUTE HA ocH abe-
IUCC COOTBETCTBYIOIME TOYKH napaboiibl.

4. ITocrpouTrs fBe Kakue-HUGYAL TOUKK Napaboibl, CHMMeTPHYHBIE
OTHOCHUTEJBEHO €e OCH, Hanpumep To4Yku c¢ abcmuccamm x=0 u
x=2x0=f£ B OpAHHATOM Y =cC.

a

5. IlocTpPOMTH OMOMHUTEILHO emme Be ToukHu napabonasl. IIposectn
yepes MOCTPOEHHBIE TOUKH nmapaboay (puc. 67).

v LY\ Y5

\ / Y, i J
\ /__ 0 i\ e \ /

\U xﬂj x

L) /] / \ Y,

a) 6) 8)
Ly vj

=
H"
==
]
)

Y

z) a) e)
Pue. 67
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Haubonsmee M HaMMeHbIIee IHAYEHHN KBAAPATHIHOH (DYyHKIHH.
Dynkuna y =ax®+bx+c=a(x - x5)* + y, IPUHAMMAaeT HaUMeHBIIee
(ecnn a > 0) nnu Haubonemee (ecu a <) sHauenue, parHOe Y, = Y(x,),

npu x=x0=—2i.
a

6. Kpajaparusie HepaBeHCTBA

KBanpaTHoe HepaBeHCTBO — HePaBeHCTBO, B JIEBOH YacTH KOTOPOrO
CTOMT KBaZPATHBIH TPEeX4JieH, & B MPABOM — HYJb,
ITpuMepE! KBaApPATHBIX HEPaBEHCTB:

x2-x+2>0, 2x2-3x-4<0.

Penienne KBaApaTHOr0 HepaBeHCTBA — 3HAYEHWe HEU3BECTHOrO,
NpA KOTOPOM 3TO HepaBeHCTBO ofpalljaeTcd B BepHOe YHCIOBOe Hepa-
BEHCTBO.

Hanpumep, 3Hauenne x = 1 — pelleHne HepaBeHCTBa x° — x+2 >0,
Tak kKak 1 -1+ 2 >0 — BepHOe HepaBeHCTRO.

PemnTs HepaBeHCTBO — 3TO 3HAUUT HAWTH BCe ero permeHUA MU
YCTAHOBHTBH, ITO HX HET.

Ilnsa pellleHUs KBAJAPATHOTO HEPABEHCTBA ¢ IOMOINBIO rpaduka
KBaJpaTHYHOH (QYHKIMH HYMKHO:

1) ompegenmTe HanpasjieHHe BeTBed napaboJibl MO 3HAKY NEPBOTO
KoatduHerTa;

2) HaAHTH KODHH, €CJIHM OHH €CTb, COOTBETCTBYIOIIEr0 KBaJpaTHOTO
VPABHEHH;

3) maobpasuTh acku3 rpaduKa M ¢ ero NOMOILULI0 ONPEJeJHTh Mpo-
MeIKYTKH, re QYHKIUS NPUHAMAET IOJOKHUTeNIbHEIEe (HeoTpULATE b
Hbl€) WK OTpHIaTe/JbHble (HeNoJoXKHuTeNIbHEIE) 3HAYEHU .

Pemenune sepaBeHCTB METOAOM HHTEPBAJIOB DACCMOTPHEM HAa MpHMe-
Ppe HepaBeHCTBa

(x—x, Nx-x,0x - x3) <0,

rae x,, X,, X; — 3ajaHHble YHCIA, X, < Xy < Xy. TOYKH x;, X,, X3 pasdu-
BalOT BCI0 YHCJOBYK OCh Ha yeThIpe HHTepBana (puc. 68). Ha kamaom
HHTepBaJie COXpaHsAeT 3HAK JieBasd YacTh HEPABEHCTBA M IIPHM Iepexoje
K cOCeJiHEMY HHTEDBAJY 3HAK JIeBOH YACTH MeHSeTCA HA NPOTHBOIO-
noxubli, Tak Kak nmpu x> x3 Jiepas
YacTh HEPABEHCTBA IOJIOMKHUTENbHA, TO - Y + Y - Y
pellieHHAMH HepaBeHCTBa SABJAKTCH +

cleAyiomye 3HaYeHHA X:

xy L X3

xX<x, X,<x<xg3 (puc.68.) Puc. 68



OTBeTHI

5.2)18;4)-2.16.2) x;=0,xy=2;4) x;=-4,x,=-5.17. 2) x; =-1,5, xp = -1;
4) xl=g,x2=—%. 18.2) x,=0, x,=1; 4}x|=0,x2=—%. 19. 2) x, =4, x, = -4;

4) x|=%, xgzé. 20.2) x=1; 4)x=7%. 21. 2) x=-1; 4)x:é.22. 2) x,=0,

xp=2; 4)x;=-3, x,=2; 6) x=8. 23.2)x,=7, xy=-T; 4) x,=0, x2=é.
24. 1) x=10; 2)x= —%; 3) xopreit =Her; 4) kopHeit mer. 26. 1) -1;2) 0.
27. 1) a?; 2) 2. 28. 2) % >0,3; 4) —g >-0,7. 29, 2) b>a; 4) a < b. 31. 2) Ilpn
a=-0,8 menbille, 4eM NpPH a = —g. 34. Ilepswuiii. 36. Yrazaune. [lokasate

pasercteo a+ b —adb-abd=(a-b)?(a+ab+b%). 39.2)a<0; 4)a>0.
40. 2) -9<-3. 41. 2)a+ 3b>-2b. 42, 2)8>6. 43. 2) a-3b < 3a.
44. 2)a-5<b-5. 47.2)19>12; 4)-12>-14. 48. 2)a<-0,25; 4)a<2.

49, 2)0,9>-2; 4)5>3. 50. 2)a<-2; 4)x<—4§. 52. 2) 0,194 <0,195;

4) —g.>—g; 6) %{a—ﬁ.Z)c%(b—5,2]. 55. 1) Jla, npu b<0; 2) aa, npu b>0;

3) na, npu b=0; 4) ga, npu b<0; b) ma, nupu a>2b; 6) ga, npn a=2>~.
58. 1) Her, Bepro ToabKo npu b >0; 2) wer, BepHO ToaskO npH b >0; 3) Her,
BepHO TOAbKO NpH ab >0; 4) Bepro. 60. 2) -6<7T; 4)Ty>1. 61. 2)25<58;
4)12<4x2-1.75.2)n=3;4)n =-6;6)n=-1.76.2)n=6;4)n=-3;6)n=4.
77.2) x=-9.78. 2) h =5; 4) v <60. 79. 2) Bepuo; 4) nesepuo. 80. 2) Bepno;
4) wesepro. 84. 2) 13- x < 2; 4) 2(x—3) < 2; 6) 2x(-4) > x—(-4). 85. 2) -2; —5;
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4)%;0; -1; —2; -5, 86. 2) 5> 0; 4) npy Mwbon y; 6) p=-2.B7. 2} y< 2;4) y < 0.
88, 2)x<-3;4)x>0; 6) x<0.90.2) x<14; 4) y>9; 6) 2<4. 91. 2) 2 3 -§;
4)z>-15; 6) x<-2. 92.2) x<6; 4) x»H; 6} x=-2. 93. 2)x>3 4]x>0
6)x > 2. 94.2)x<— 4) x<-3; 6)x<51 95, 2)y>8 4)y< 6)y>3

96.2)y=4; ) x=0.07.2) x=—1; A} x= —4.98. 2) x>2,5; 4) y > 1. 99. 2) x> ;;

4) x> % 100 2) b < —5%; 4)xr> —lg. 101, 2) x — awoboe wacIo; 4) x — n0boe

yueno; 8) x — moboe wneno. 102, 2) Pemennit net; 4) pemeryf mger. 103. 2) r < 1%:

4yx 26,104, 2)x>2;4)x> 20;6)x>0,6.105.2)x<16;4)x<0.106, 2) x < T;
4) x £ 5.107. 2) x <0,5; 4) x > -0,5. 108. He menuee 37 naardopm. 109, He me-

Hee 43 peraneir. 110. 2) 20 cm. 111, 11, 112, 14, 113. He meree 16 km/u.
114. Boneme 31 wm/u. 115, x> -0,7.116. x < 2.117. Ha 683 cn. 118. 2) 10; 12,

119. 2) 1; 2. 120.2)0; 1; 2; 3; 4)-5; —4; -8; -2; -1; 0; 1; 2; B;
4; 5. 121. 2)1-1; 3): 4) (1; 2); 6) (-4; -2). 122. 2) —3<x€ 1 4 0<x<3;
6) -2 x<2. 123. 6) -1<x<2, (~1;2); ry—4<x<0, (-4;0]. 124, Na.
125. Ba. 127.6) -3 < x <1, rarmAx agadeHuit x He cyllecTByeT; r) -5< x<0;

TAKMX JSHAYeHMH ¥ He cymecrsyer. 128. 1) x <0,6; 2) xé—%; 3) x»-3,5;
Yx>-45129.2)x>0; N x>-2.130. ) x <1, 4) x<0. 131. 2) 3 < x < 6;
4)0(::-:%. 132. 2)-1,5<x<1,5; ) 05<x<75. 133 2)x>4; 4) x> -3.
134. 2y x<-2; 4d)r«<d. 135 2)x-25; 4)2<x«<5 136 2)-HK<xrx-1;
4)04:::{%.137. D-DBecx€2:4)r>0.138.2)2,1<r < 3,5: 4) 4,5< x<8B,5.

139. 2) x>-17. 140. 2) 4 <x<13; 4)-2<x<l. 141.2}1; 2; 4)4; 5.
142. 2) Taxnx anaucAni ¥ Ae cymeeteyer; )0 < v < 2. 143 2} y < -2; 4) x € 6.

144. 2) Boapme 4 M, B0 MeHbine 13 M. 145. 24. 146. 36. 147. He mMennme
8 n, HO He Goasme 24 n. 148. Puca Gonpme 20 kr, Ao He Goaswe 40 xr;
syMena Gomume 20 kr, mo me Soavme 160 xr. 150. 2) xl‘z=:l:1,5; 4) 2,=0,

xz= 6. 151. 2) x=2; 4)1—% 152, 2) x, = ~0,25, x, = -1,25; 4) 1, =1, .rz=%.
153. 2) %, ,=22,1; 4) x,=—5, x;=11; 6) 2,=0, x3=15. 155.2) -2<x<2.
156. 2) |r]|<0,3. 157.2)-22<x<-18; 4)£<x<1%. 158. 2) -3 < x<0;
1< 215 159, 2) x<0,9, x> 8,1; 4)“2:13 x::3%.160. 2)x<—1.x>—%;
4)x <0, x>1,6. 161, 2)-1; 0;: 4)0; 1, 162. 2) -1 Qrélg; 4) x50, x2 3;
6)x< -2 x>5.163. 2}%€x<1%;4)—3%€x€—3.164.2)x‘é2.135.2)[[0-

JOMHTENbHO; 4) oTpuuaTeabno. 186.2)a >0; 4)u<0. 170. 2) x;=0, x3= 1%;

4)x;=—4, x3=0,5. 171.2) x=0,5; 4} x =3, xg3=-2. 172, 2)2+b-a>0;
4)g-3-b<0. 178, 2} y — motioe YACAO; 4) x> 7. 179. 2) x< 2. 180.6) -3 < x < 3,
2| <3 M0 <x=4,|r-2|«21e) 6=-xe-2, |x+ 4]« 2. 181 6) |x|> Zr)|x -2 > 1;
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e)|x+4[>1 182.2) %, =34, xo=-14; 4) x,=1, xg= % 188. 2) £ < - 2.4,
x4 4:4)x <=2, x2}6) x<-0,3, »>20,7. 186, 2}, 4) rarnx 3naucHAH Ae cy-
mecreyer. 187, 2) xzdg; 1) pemennfi mer. 188, 34, 189, 47. 190. T poraneii.

191. 24 Mecta. 193. Bonbinoe ¢ KM/4, HO He Goaeine 2@ KM/4. 194. He MeHee
15 n. 196. 1) x=1,5: 2) x=6,5; 3) x=048 Hr=1; 3)xr=-h; ) x=-8.

199. ) L. o) 1 200.2)0,004;: ¢) _L . 201 2) 0,08 4)0,08 202. 3°.
18" ' 225 350

203. ; 204. Bepno. 205.2,3 < x<2,5.208. 7,42 < x < 7,44, 208.2) 141 < m < 143;

4) B9 <v <905; B) m~nsy<m+n, 209 2)2.6 » 2,8, 4) -6,1 ¥ -5,7.
210. 2) Her; 4} na. 211. 2) da; 4) wer. 212. 2) 5,5; 4) 3,9; ©6) 0,575,
217. Her. 222, 2) 0,7; 4) 3,7. 228, 2) 0,07; 4) 1,67; 6) 5,07. 224. 2) 0,385;
4) 7,643, 225. 1) B nepeom. 226. 50 kmu/u. 228. 2) 0,41; =3,7%; 4) 0,108;
10,8% . 229, 2) =2% . 230. 2) Bropoe. 231. =1%; 0,1%; 0,01% . 232, ITepBuii.
233. 2) 0,000398. 234, Bropoe. 235, =0,22% . 236. Hepsoe. 239. 2) G; 0 —
BEpHBbE Lulpel, T — COMHATEAbBHAA LEOpa; 4), 6), 8) — Boe HuipH BEpHLE,
240, 8) x =2.7+0,1; 4) ¥ =4,3204+0,0001; 6) xr=250+1; 3y r=24 - 1034 102
241. 2) 11,3; 4,5; 4) 65,70; 12,76; 6) 9,4; 1,8. 242, 2} 6,9; 3,7; 4) 15,1; 2,5.
243. 2) 4,5; 2,7; 4)8,2-10°; 8,9 101 244. 2)10,8 - 10%; 4,0 - 10%;
4) 5,34 - 10%; 2,86 - 10%; 6) 177; 65. 245. 2) 0,68; 0,00085; 1) 2,8 - 105
1,6 - 109; 6) 1,886 - 107%; 1,756 - 109, 255, 2) 14,004; 4) 2,615_ 256. 153,68 r.
257, =4,72 M%. 258. 1414,08 mm2. 259. 2) -1,22. 261. 2)6-10°5; 4) 3-10°3.
262. 2)4,3024-10%; 4) 3,6021-10°%; §) 6,8345-10-%; 8) 1,2345678-107.
268, 2) -4,53-107"; 4) -4,50102 10%; 6) —3,5400110°; B) —1,2345678-10".
265, 2) 0,23; 4) 0,0023. 266. 2) 0,702; 4) 0,049, 287.2) 1,4444-108;
4)-2,8881-1073. 268. 2) 40 238; 4) 554 764 530. 269. 2) 1,828624 - 10'%;
4) 29,2521, 270. 2) 3 - 1016; 4) =1,98 - 102, 271. 1) 0,0014 r; 2} 1,4513 1;
3) 05077 r; 4) 0,0710r. 272, 1) 463.7; 2) -69,2. 273 2) 547,56;
4) 25 281; 46) 1,9881 - 104 274 2) 4,7619-102; 4) —7,1428 + 10°%;
6) -1,2315 - 1071; 8) 12,345679. 275. 2) 0261; 4) 702,75; 6) 3,0380 - 10°7;
8) 5,6680342. 276. 2) 0,3075; 4) 25,375447: 6) 1,2458472. 277. 3 667 225 m?.
278. 2} 7,8633047 - 10723, 279. 1) 437,67; 2) 52,13. 280.-1,37; -30,11;
1,77; 12,33. 281. 2) =206; 4) ~—9,625. 282. 2) 0,3997638; 4) 0,2408157.
283, 38,6 cm; =70 cn2. 284, =5,2 m. 285, 2) 25575; 4) 452. 286, 2} 0,98
287, 2) 3,08; 4) 15,7; B) 2,25. 288. 2) 45,4; 4) 3711,8. 289. =29 k_
290, ~0,4 M. 291, =14 A. 292, =1,60 Om. 293. =1,6 A. 294. 2) 55 528 000;
4) -2,1111-103%%. 295, 2) 3,8261-101%; 4) 1,2678 1077, 296. 2) 4765;
4) 53,24427. 297. 2) -3,9. 298. 2) 64,102052. 299. =3,5 10" Om. 300, =87 Hx.
301, =1,5-10% fix. 302. 1,88-10%; 2,04-10; 1,82-10%'; 4,60-10%.
203, 2) -0,5843. 304, 4.2; 2,7; 2,4; 2.2. 305. 3593,1 kxan. 306. 2) 10 am;
4)gmm. 307.9; 8; 10; 0,4; 0,3; 0.5; 1,2; 70; 80. 308. 2) Bepro; 4) sepso.

309. 2) 9; 4) 0,25. 810. 2) 2; 4) 0.4; 8) 0,125. 311. 2) 8; 4) 5: 6) 8. 312. 2) 10;
0; 20. 313.2)a<0; 4)a>-3. 814.2) x=100. 315. 2) /0,04 < f0,09.

317. 2} 0,008; 4) 0,(27); 6) -3,(142857). 318. 2} g; 4) % 319. 2)1,03 < 1,0(3}%
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4) 3,7(2)> 3,72. 322. 2) 3,506; 4) 2,074: 6) 0,224. 323. 3 m 46 cu. 324. 4) 28;
6)12.4. 325.2)47,5; 4)177,5. 326.1) 2,66;: 2) 1,44; 3) 3,27; 4) 3,13.
227. 2) Bepro; 4) pepuo. 328, 2) 2; 4) 2. 320, 2) 16; 4) 121; 6) 125. 330. 2) »5;
4) |63 , 331, 2) 0; 4) 6. 332.2) 2,7 > T; 4) /18,49 =4,3. 334. 2) 12 < /160 < 13;
4)2 <.f8,7<3.838.2) V5 -2;4)4-+/15.336.2) —a— 3;4) 30-a.338. 1) x > 2;
2)x %2, 339. 1) 0,41; 2) 0,24. 340, 2) 1,3; 4) 72, 341. 2) 40; 4) 18, 342. 2) 78; 4) 42.
343. 2) 30; 4) 22; 6) % 344, 2) 80; 4) 25. 345. 2) 392; 4) 108. 346. 2) T; 4) 30.
347, 9) ¥J2:4) a? JR. 348. 2) 5aJ3; 4) 5ale. 349. 2) 3./2; 4) 1-2.5: 6) 843.
350. 2) V27; 4) /3. 85L 2) V242 ; 4) V3. 352 2) 2440 = 410; 4 2435 < 44/20.
353. 2) 4xvx. 354. 2) 1. 355. 2) 8J5; 4) 542. 356. 2) 0,6abvab.
357, D (JB- 4B+ 4); 4) {JE-%)[JM%} 358. 2) Vo -4; 4)0,9~4b.

359. 1) 34,2; 2) 88; 3) 64,8; 4) 75,3; 5) 38,5; 6) 14,5, 362. 2) lg: 4) 2%.

363. 2) 0; 4) - 19 384. 2y 4; 4) 12. 365. 2)714; 1) 33 366. 2) ‘!E; 4) ﬂ-:
45 15 4 3 7

6) V5 -~2;: 8)9+4/5. 367. 2) 0,36; 4) 2,62, 368. B 6 pas. 369. 2) ";2;

4-20 270.2) 2) -1; 6) 1. 371 4) 1; &) —1%. 373.2) Jr + 8.fy. 874. 1) 1,19;
a

2)0,61; 3) 6,43; 4) 9,63; 5) 0,78; 6) 1,31, 377. 2) 0,1; 4) 3%. 378. 2) J0.3;

4) 5. 379. 2) 540; 4) 195. 380. 2) 28; 4) 20. 381. 2) 3; 4) %; 382, 2) 27;

4) 216; 6) 49. 383. 2) 1,5; 4) -4+ 0,16; 6) —2J/2 1043, 384. 2) x(2-J/3);
1 6y Y3 385, 2)x=16; 4)x=4. 386.2)x>3; 1) x72,5.

Yo TR

387. 2) ) T—2a: 6) 8: 5) 2a—7. 388. 39. 380, 2) 2 __. 425, 301.2) - 2.
@+ Jb a

392.2)“11;"{5; 4)15";1’5. 304. 2) 1,46; 4) 3,7. 395.2) 0,174;

4)0,105. 396.2)8,4: 4)12.7; 6)51.2. 399, 2 a)2-5x; 6)x: B)5x-2.
400, Ja+b<Ja+b. 403.2)-x2+9=0; 4)x2=0. 404.2) x2-4x-9=0;
4)6x%+1=0. 405.1)-3: 3; 2)-3; 2; 3)-2; 1; 490; 1; 5)1; 2; 3;
6)-1; 3. 408. 2) x1'2=i%; 4) x, 5= £15; 6) x; ;=413. 409. 2) x, , = #1L;

4) x =0; 6) zeftcTeONTenbHLNIX KoDHel mer. 410. 2} %, =0, x,=-2; 4) x, =0,
xy;=0,6; 6) x=-3, 411. 2) x; , = +5,57; 4) x; 5, =125,08; 6)x; ,=10,14.

412. 9) xl‘?_=i%.414. Dh=d, x=-2:)b=68,x=2:3) b=16, x=4: 4]b=§1.
x= —%. 415. 1) xy=-1, xp=-3; 2y xy=-1, xp=-2, 417. 2} x=0; 4) x; 5 = 13;
6)xy = £3+3;8) Xy p=1320.418. 2) x, =0, x; = -5; 4) x; =0, xy = 0,04; 6) kop-
neft mer. 419. 3) xu:ﬂi; 4) 1, 5= ++5; 6) xu:ﬂ%. 420. 2) x, 4 =+2;
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4)x; o= 11%.421. 2) x,=0, x3=4:4) £,=0, g = —2,5. 422, 2) x, =0, x, = 21_39.

423. 2) %, 5 =28; 4) x; ,=22. 424. O u 2. 426, £2. 426. 50,5 m. 427. 1) x=-3;
2) x—0. 428. 2)m -0; 4) m ~64; 6)m = 6. 429, 2) x,;=2, x, = -6; 4) x,;=8,
x3=2; 6) x5 ——4%23. 430. 2) x]=-§—, x2=—%. 431 1) x =1, ay=4;

2) £,=5,33=-2.432. 1) xy=1,x5=-2,5;2) x,=2, Xy =-g. 433. 2) 0.4; 4) 85.
434. 2y 2,=1. £, =0,5; 4) 2,= ], x;=05; 6) £,=2, xg=.§. 435. 2) ,=4,
xy==0,5; 4) x,=-1, x2=%; 6)*“72‘5; B) 2,=1, x2=-:i;. 436. 2)x=i;

4y r= —61_ 437. 1), 2), 3), 4) aeiteTRUTeNLARIY KopHell Aer. 438, 2) lga; 4) au

coxaore. 439. 2) HelicrentensErx xopuei mer; 4) x - 2,5; 6) xy~4, xg=-1.

440. 2) x,=1, x,=0,2 4) x,=T, x,=-8; ﬁ)x‘,z=7i7ﬁ. 441. 2) x, =7,

%p=—11; 4) 2,=0,8, x,=-3. 442. Da> 1%. 443. 2) g =1. 444. 2) x,=0,5,

x3=—L5; 4) %,;=5, x2=%. 445, 2) x,=-3,1, xp=-L7; 4) x;= -7,
x3=111. 446. x=-mzfm?-c. 2 x;=-4, x5=-6; 4)x, =49, x=1
447. 1) x; =-3,13, x5 =-1,25; 2} x, =4,51, x, =~ 8,57; 8} x; = -22,08, x5 = 3,08;
4) x; = -2,04,x, = 25,04, 450. 2} 2, =7, ¥y =—1; 4) x;=4, x,=—10; 6) 1, =2,
xp=-1. 455. 2) 2" -5x+6=0; 4) x2-8x-18=0, 456. 2) x;=38, xy=4;
= 1, ay= T 6) 2,=3, xy+=—5. 457. 2 (x-1}x+5)% 1) (x+TNx—6);

6)(2x+1)(4x+ 3); B){x+2)1—-4x). 458.2) x+6; 4) L ; 6)———x+3-

x+7 dx+1

459. 2) x; 5 =5£2/4) x; , =27 +/6). 460. 2) xl(x+T)(x—3); 4) x(x-11)x

x(e+2). 461 2 *=9.4) 9% 469 gy - X .4y X1 463 -
x+8 x—5 (I+ 3)2 .t(.t+ 10)

—px—gq=0_464. 4 -8, x;,— -2, x;,—-4. 465. p- -4, x| -1, %, — 3 mrR p=4,

xp—~1, xy=-3. 466. 1) -3 2)171; 3) -319; 4) 5820 467. 1), ~ 5,414,
15 9 45 27
Xg = 0,414; 2) x; = —0,(32, x5 ~2,732; 3) x;=-6,3, xy =4,b;4) xy=—18, x; =37;
5) x; = 1,42; x, =10,58. 488. 2) x; z=*1, x5 =32 4) 1y p=4l, x5 , =27
469. 2) x| y=+1; 4) x; o =tvl_. 470. 2) x=7, x3= 3%; 4} x; =40, xp = —20;
6)x,=86, x5= —%. 471. 2) x| ¢ =110; 4) xopme#t mer; 6) x=-3. 472. 2) Her.
473. D x=0. 474, 1) x,=2, x,=0, x3=3, x,=-1; 2)x,=—4, x,=-6.
475. 1} xy 3 =1L24; 2 xy 53 =10924; )z ,=+41.28; 4)x; ,=+18.
476. 2y I4 u 15, 477. 2) 19 1 21. 478. 10 cm, 4D cm. 479. 140 M, 175 M.
480, 100 xM/u, B0 wm/9, 481, 10 gm/u. 482, 10 xHei, 15 anen. 483, Cropona
gpaapatra papHa 15 cm. 484, 9 cm, 40 cem., 485, 18 km/qa, 15 xm/q.

486, 30 gmedt, 20 geei. 487. 18 xm/a. 488. 50 km/a. 489, 10 gueir, 15 aEel.
490. 8% . 491. 4 xr, 6 xr. 492, 2) (4; 1}; 4) (0,5; 3). 493. 2) (7; -5). {-4; 6);
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4) (—=1; =1}, (7; 23). 494. 2} (4; -8), (17; 103 4) (4; 1), (-1; -4). 495. 2) (1; ),

(7; 1) 4) (—2; -3), (—95; -2}, 486, 2) (4; -1); 4) (3; 1). 497, 2) (2; b), (b; 2),
(—2; -5), (-B; -2); 4) (1; B), (B3 1), (-1; —6), (—5; —1). 498. 5 n 13. 499. 4 = 836.
800. 2) (7: 1), (—1; 7). BOL. 2) (4; 1). (~1; -4); 4) (2; 4). (4: 2); 6) (2; 2).
502. 2) (1; 4), (-4; -1); 4) (1; 8), (5; 1), (—1; -5), (-5; ~1). 503. 2) (9; 4).
a04. 300 M, 200 m, BOS. 64, 508, 1}(2;3), (3; 2y 23(3:;5), (5;3).

507. 20 xw/a, 12 xm/a. 509, 2)%+%s; 4) —?f—ai. 510. 0,5+ Vai =—%+2i,
3-2i =327 -Jai=yo-¥8i, Vo -4 =¥37-V16i. 511. 2) =7, y=4; 9) x =1,
y=6. 512. 2)5-4i; 4)0; 6) —i. 513. 2)1 6i; 4) 6i; 6) 4. 514.2) 15+10£;

4) —11+ 13i. 515. 2) 2— 3i; 4) -7+ 5i; )———i 516. 2)2—1_11 -1 8,
5 13 13

517. 2) -2-2i; 4)2+3i; 6)12+4i. 518. 2)0,8+4,4i; 4)0,7-0,4i;
519. 1)1-i: 2)-1,6+1,8;; 3)2,5-1,5; 4)-2-i. 520. 1) (a+ 2bi Y a -2bi);
2)(Ba+5bi3a—5bi); 3)(242a+ 16 )(2v2a-4bi); 4) (Qa+ /5hi {9a—J5bi).
521. 1) 5+12i; 2) 2-11; 3)i; 4} 1; 5) 246 6) -14. 522. 2) z, ,=iy3;

4) 21_2:+§—\l-{-_—1. 523. 2} 21‘2=2ii: 4) 21.2='2i 35; 6) Zl’2=4t5i.
524. 2) 2, ,=-0,5%1; 4) z|'2=l:%t; 6) 2y p= 331, 525, 2) 2° 42+

+13=0; 4)z2+142+656=0. 528, 2) 2%+ 27+ 13 13 =0; 4)22-2432+45=0.
527. 2) (z-1-3i)(z-1+ Bi)4) (5z+ 5—1)(5z+5+1). 528. 2) 2, , =+3,
25 4=%i:4) 7y 3= 23, 23 4 =2VBi. 520, ) x; 4 =26Y2; 4) x; =0, x,=75.

530. 2) x;=13, x,=-4; 4) x,=8,6, x;=-7. 531 2) xl,z=1igﬁ;

.

4)x; 5= # 632, 2) Opa; 4) opun. 833, 2) (2 -8} x—-2) ) {(x-2)W2x+1).

534, 2) x(x+2); 4)“_*31. 535.2) 1, p =48, x5 4=tV 4)x;,=£V3,
o

1 h_ 2 2 ]

xXxq 4=+ —. 836, ) x; o=2+5;4)y=1537. 1 u 2. 538. “mZmnE -Zw -X,
2=t 12 )y 3" 3 373
539. 12 n, 7 m. 540. 15 cm, 45 e, 541, 20 kM/u. 542, 15 gm/a. 543, 3 gea,

5 aneir. 544. 2) 2, = 3+ 4) 2, o = ~2+0,5(. 545. 2) (; 3), (9; %); 4)(-3; —4),

(-4; -3); 6)(5; 1); B)(2; -1), (1; -2). 546. 2} x,=0, x, = -2. 547, 2y x=0.5;
) x, =T, x3=—13 548 2) x; =0, x5 = -5; 4) X,z =44, 549 2) x,=9, x;=-12;
4) x; =3, x; = 6. 550. 2) Hu ognora; 4) apa. 551. 2) x = -4;4) x = 3552 2) x—d.
883, 2y x; =83, x;=1,4. 554. Ba 36 queit. §55. 1 4y 40 mvar 7 1 9 20 MuA nAwM
24 u 1940 mana. 566. 12 4, 6 u. 55T, 50 xuM/u, 558. 44 rm/u. DHY. 21 pag

mrm 5 paaos. 560. 10 p. u 15 p. 561. 2) 2, ,=1£2i; 4) zm='liT‘E".
562. 2) (2; 3); (—2; —3), (3;2), (-3;-2); 4)(2 4), (4; 2). 563.6 =n 8.
564. 80 mm/T, 40 xm/7. 565, 2) x? —5x+8=0; 1) x?—4x—5 = 0. 566. x, = 0,6,
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567. 2) 91; 4) 7399. 568. a=§, x2=1—19. 569.9=1. 570. p=2 Anu p=-2.

571. 2) x;— 9, x,= —4. 572, 8 wroaLauxos. 573, 22 maxmaTuera. 574. 12 Ro-
mauf, §575. 6 cnapremenop, 576.7 aenorex. 577, 2) 10: 4) 2,75, 679. 2) r; =0,
X3 = 1; 4) meT vakAX ZefiCTBETENLHEMX JHANCHEH X, DDA KOTOPRIX 3HAY¢HHe JaH-
Holf yBruun parao —5. 580. 2) x, = lg, xp=-1;4) 2y=0,x,= % 581.2)-1;0;

4) -0,2; 1. 582, 2) Hyneit Her; 4) x1=§, = %; 6) Eynelf mer; B)x=1.

583.2) p=3, q=-4; 4)p=-2, g=-15. 584.x ,=42. 585.1)(0; 1),
-0,5; 0).2)(” 16) (3; 0); 3)[5;{2 3] (J2: 0} 4)(’ “'3+1][ ~J3:0).

587. B n C. 590, 2)(\(—: 8}, (-J_; 8); 4) (0; 0), (2; 4); 6) (1; 1). 591, 2) Ha.
592, 2) fla; 4)mer. 604, 1} x<-3, x> 3; 2)-5<xxx0; 3 x<-4, x»d;

4) 6<x<b. 598.2)u=i; 4)u=—%‘ 508, 2)-8<x<8 4)-4<x<d,

600.2)-3<x<3; 4)-b<x<bh. 601 2)(-3;-4,5), (2;-2). 602.a=2.
@03, & =-13; aa, rouxa (0,6; —1,8). 604, 2) Tu; 4) rmer, 605, 1) Buspacraowian;
2} vBuipasomasn: 3) soapacraomasn; 4) He SBARSTCA BM ROIPACTIIOMEH, HN yOLI-

sawmeii. 806. 3 m/c?. 809, 2) (3; ~16); 4) (3; 20). 610. 2) (0; -5); 4)[_ L)

16
611. 2y x=-2; 4)x=2; 8) x=g. 612. 2) Her; 4) mer. 613. 2)(1; 0),
(0,5; 0), (0: —1); 4) (0; 0), (%; o]. 814 y=x2_2x+3. 616. 2) k =-10.
618, 1) y=2(x-3)% 2)y=2x2+4; ) y=2(x+2¥-1; ) y=2(x-1,5)%+ 3,5.
620.y-—3x2+3x+2 621. 2}[ ;’ “) 4)(5 21) 622. 2) (1; 0), (-5; 0),
{0; 10% 4) (0; 14). 626. 7,5+ 7,5. 627. 5 u 5. 628, Cropona, napannensHas cTe-

He, pasHa 6 N; apyrme cropouit no 3 m. 6§29, Her, 630. 2) Ilpn x = 1 HanMeRs-
mee 3HaueEne y=-5; 4) 1py x = | HaEMeHRIDee JHAYeHNe y=—-2, 631, 1)a >0,

b>0,c50; 2)a<0,b<0, c<0. 833. 1) Yepez 5§ ¢ ranbonsman BLICOTA paBHA
130 M: 2)(5+ J26)¢c. 634. 2) x;=2, x, =0,5; 4) vy npu xawux peficTRUTENL-
HEIX x. B35, 2) (1: 1), (2: 4} 4) (-5: 18). 638. 2) x < -6, x>6. 637.2){5: O),

(-2: D), (0: 10); 4)(1:0), ( 171 ) (0: —-11). 838.2) (-1: 4); 4)(-5- 1)
6) [—é; -6%). 640. 2} Hapbonumee 3radenne papHo 4; 4) HanMeHbIIEe 3HAYE-

HHE PABHO 3%. 641. 150 7 150 M. 642, 200 m u 400 1. 648. 2) p=1,

g=0.644. 2) p=—4, g=3. 645. [} x,=1, x9=-5; 2) %,=0, =1, xz3=2.
G48. 1y a=1, b=-2, ¢=0;, 2)a=1, b==-2, c=4;, Ba=-2, =8, ¢=-6.
847. k, =6, k=2 650. 2) 8x2_x—1>0; 4)2x2 + r—5<0. 652. 2) 3 cx < 1l;
DHrx<-T, x>-1. 653.2yx<-3, x>3; 4x<0, x>2. 634.2)-2<x<;

Hxr<-3, x>1; 6)x<-1, x>%. 655. 2}x=%; 4yr<-4, x>2. 658.7, 8, 9.
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659. HonoxnTe rHEEe IHEYEHHA HE NPOMeXyTHax x < -3, x»>2; oTpmnoa-
TeAbHME — HAa HHTepeade -3 <x <2, 660. 2) 2 < -1, x24; 4)-T<x<4.

661. 2)x€—§, x>2; 4) x<~0,25, x>1, 862. 2) =7, 4) pemernii Eer;

6) x — nwboe geitcTenTensroe uncno, 663. 2) Penenui wmer; 4) pemennit mer;
6) x — nwboe FelcTBHTEARHOE uHcao. 664, 2) x < —ﬁ, xb J_ 4) x < -2,

£>0; 6)x<—5, x>3; 8 -2<xr<-l 667 2}x<—%. x>§; 4) —1< x <4

8) x — moboe geiicTeATentAoe uHeno; 8) x = -3, 688, 2) ¥ — nwhoe pefcTER-
TensEoe THCA0: 4) x ¥ 41: ) —% < x £0. $69. 2) Pemtenwit mer; 4) 05 <r<3;

6) x — nw6Goe pgeiicreureachHoe wucao. 670. 2) x=1; 4) x — awioe geidcren-
TenpAoe THCA0. BTE, 6<r <2, 678.r<-3,r>1.875.2) S5<x<8;4)x <5,

x>3%. 876. 2) x <0, x>9; 4)-3<x<0; B)x<-1, x> 3. 677.2)—%<x<0,
x>— 4)-2cx<2, x>5 678 2)-T<x<T; 4)-d<x<4, x>4; 6) x=-2,

2€x€5‘ A79. 2) -3<cx<cd; 4) 358 x<T; ) 2<x<-1, x>3.
680. 2y x=<0,5, x>1; 4) xa—g. 0<x<é. x>2-3; 6) dcx=-2, x>3.

681. 2)-3sxs—1; 45x%H; 4px<-2, 2<x<h; G)x<-3, -lsx<2,
x74. 682.2)-J15<x<-8, 0<x<18; B8)-8<x<-1; 4)x<-5,x>2;
5)—1<x%—§;ﬁ)x(—4,—4<x<§,x>4.685.—%(66;0.686.21/5%b<-1§1.
687. 2)x<3, x>4; 4) £<3, x>4; 6) x<-6, x>6; 8) —%éxég—-
688, 2) ~L<xesl; 4) <0, 5l 62 1 rea: B)2<x<l. 689. 2)x<4,
2 2 3 2 5

x>1; 4y x+ -5; ﬁ)xaé-—g». 690. 2) Pemenni#t HeT; 4) pemenni Eer; G) peme-
HE# mer. 691. 2) x<—4, -l<x<l; 4)x<—%.4<x€7; ﬁ]x<-%, l<x<2.
692.2)—14::(5;4)—5€x<2;6)x<—§,x>%.693.Z)x—nmﬁoeneﬁm'lm—
TeApHOEe THCAO; 4) pemesnid Hert; 6) % < x <1 3) x — mofioe JeBCTEBHTERILHEOE
TRcag. 694, 2}xé~21-, x23; 4)x=§: 6) pemennii mer. 694. 2]:c<—vr§,
iz
2

<x<+3; 4 xr<4, -lex<l, x>1. 698. 2) -l<x<- cx<?;

m cﬂ|l—‘

, 2
4
-2<

4) - %qg—g 1 < xr<2.697. He meapme 12 xm/u. 699. 1) x< - x<l,

x#3; 2)-3<zr<-2, -1<z<l; 3)-yZcx<-t, I{x{ﬁ; 4) xr< -2,
—J§<x< 8, x>2. 700.0; 1; 2; 3 nam -1; Oy 1; 2. 701, 2) 2; 4) -

@b

6) 3,485; 8) 4,5. 702, 2) x,=3, x,=-4; 4) x,=0, xg——lg 6) 2y =2
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8) x= —%. 706.2) y> -2; 4) x> 43 6) 2 < 11%. 707.2) -5; —4; —3:; —2; —1; O;

4) 4. 708. 2) (2; 1); 4)(~13,5; -27,5); 6) (6; 6); 8) (1; 2). 709. 2)§<x< 10;
) x>7.9. TI0. 2) ~15; -14: ...; -1; 0. T1L 2) x,=8,1, x5 =—2,1; 1) x, =4,
2p=-3; 6)x,=0, x2=$. 712, 2) < -84, x>T4 4) x€—2%, PESH

6)x<—L,x>2 713.2) 0,004; 1) 1. 715 =0,1%. 716. 2)1L; 5) 3%;
1571 1875 3 93

5

6) zg. 717. 2) 3,1 < 10;4) 7,3 >2,7. 718. 2) a=-11;4) a = 4?. 719, 2) —44.

720, 2)(Jﬁ—b)(Jﬁ+b);4)[§i—2-—x](§_‘/__§+x].721. 2y1; 4y 21; 6) 200.
Ja Va1 5

792, 25 ca®.  723. B 1,6 pasa.  724. 2) -8x32 JBxy. 725. 2)-4,2.2.
726. 2) 8. 727. 2) 1542 —/5; 4) 2xJx. T28. 2) 3—a?; 4) —ab. 729. 2) x—5i;

4) x=-1; 6) x=3i. 730. 2) x; ,=£11: 4) x,=0, x,=-5; 8) ;=0

xg=12. 731. 2) =0, y=9; ) x; =0, x3=9; 6) Xy 2= +1.h. T32, 125

LM,
2125 eM. 733, Bcm; 32cm. T 2) x;=-4, x3=0,5; 4 x,=0,5, x3=-2;
6) x,,;_,:.l:tiéﬂ_ﬁ. 735, 2) %, =10, xp= -2 4) X, o =*2V2: 6) x, ,=64/20.
736. 2)x1=%,x2=%;4)x1‘2-}.5.787. 6) x;=8, xy= % 8)x;=T,xy= Il
738. p=5, q=-150. 739. 2) x*-bx+c=0, 740. 2) x, ;- 13, x3‘4=t%;
4)x, ,=28, x5 ,=tV2. TAL 2) x| , =38, x5 ,=%iV3; 4) 1, ,=+i3,

X3 4= £iv2. T42. 2) x=--§; 4) xl=%,x2=—4; 6) x=%. 743, 2) x=-2;
4) 1, ,=1%i. 744, 2) (x-9Nx+4); 4) (x+1)2x-5); 6) 2{x+ I 1-2x);

1 1 a-—3 3-a
B)(x-5 10). 746. 2 ; 4 ;1 6 . 746, 1 -b b
)5(r J(x+10) )a—Q ’2(;;-2} )a—2 J(a—bXat b)x

x(a2+b02-1); D (m+afmn-1; 3) m2(m-D(m2+1); 4) x(x- 1K= +1);
5) (dxr—yMdx+3y) 6)Y{(a-1fa+ 1M a-2Ma+2); T) (b-2Wb+2Mb—3)x
x(6+3); B)3(x+mUx-3m). 747. 340 kr, 40 xr., 20 xkr. 748, 96 xm.

749. 16 mpecc-dopn. 750. 18 T ¢ ra, 20 1 ¢ ra. 751, ‘4_5. 752. 30 aueii, 20 1Hed.
753. 15 4, 12 u. 754. 27 xu/a. 785, 2)(1; 0); 4) [%; %) 756. 2) (2; 0),
(0; -5). 757. 2) x=0, x=-§-. x=%. 758, 2) (-4; —4), (-2; 0), (-6; 0),

(0; 12); 4) (% —41 ) {0; 0), (1; 0% 6) (-8; -1} (-2 0), (-4 0), (); 8)
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3)(—2; —%]. (-1: 0), (~1,5: O}, (03 3). 763. 2) <15<r<—4;4) x<1Z>13.

764. 2) O<x<y5; 4) x <3, >3, 765, ) V<x<h; 4) -2< x<0,1;

6) x <1 2 x22 766, 2) x=-12;4) x — awboe pelicTBUTERLHOE THCA0; 6) peme-

HHH Ber. 767. 2) x — nwboe zeficTerTensHge uncno; 4) x — mwboe AeficTEH-
TerTpHOE THCI0; B) x — mwboe gedcTBETeNbHOE uHeXo. 768, 2) 0,7<x< %;

4)-2<x<. 789.2)x€—2,x=1;4)x4—%,0'€~x42. 770.3) 05 <x<2;

4} -3 < x < 0,2 > 1. 771. Ot neca no goma. 772, Ha neprom pygaure. 773, Jlees-
TURJXACCHHEK. 777. 2} MeHome 400 km. 778. He Goaee 400 M, T81. 2) Pe-

meHn# HeT; 4)1< x <4; 6) x;4é. 782. Bonbwe 2 cm, HU menemie 3 CM.

783. He wermpme 4 mM/4, 0 MeHbme 5 M/4. 784, Mexay 18 m 19 sacamu.

785. ) x < %, x> 3. 786.2) -4,6ab%Jab. V8T. 2)42; 4)3. 788. 2)2J/a-1;

4)—3.789.2) _27¢ .4 “-791 k> 702, ky=8.ky=—1798. 2) x;=12.
-l(b ) 16

xXag=-2;4) x=3;6) x =2, 794. Z) ¥+ 4.790. b mv. 796, 10 /. TH7. 120 xm.

TO8. 3 xKM/4, 20 KM/ 4. T99. 12 p., 2 p. 800. 12 saronvs, 190 r. 801. & nacTos.

802. 30 r, 24 r. 803. 16 min 48 obesssn. 804. 2) 2% €x<7; 4) xa—162_5,

% » -1 805. Bricora Goanire 3,1 eM, cpegaasa nunns Goneme 6,2 cM. 806, Bors-
me 8c. 807. Boabme 5cm. 808, 2) x<-T, -l<x<2; 4) -1<x< -é,

x:,%. 809. p=5, g=-14. 810.2) p=14, g=49. 8i1. y=2x2+1lx-5.
812, y:%xg. 813. 2)a=-1,b=-1, ¢=2. 815. Yrasagua. 1) Oboanmavaa

r

% =A%, [ B.L-C3a yauTmBad papcncrro ABC = 1, sanmears naEtoe Hepa-
c a

BeHcTBO B Buge A% + B® + O » 3 ABC, xoropoe npeofpazosarts k 3EgY (A + B+ €)X
X{A%+ B? + C® - AB— AC - BC) 20, Hepapercreo A? + B2+ C% > AB+ AC+ BC
OMIY9ASTCA  CIOOJKEHHMEM  HeDABERCTH A2+ B2>248, A? 023340,

BE 4+ C2 =2 BC; 2) cnonters nepanene'm;a 416 cpepuero apudMeTHYecKoTo K Cpe-

HETQ FegMETPHIECKAro: be , ac » e, = + 205 2a, a.b be > 2b; 8) muraceTs 4o
a & b o4 c a

JIeBOT YaCTH HEDABEHCTREA HPABYID H YHCINTENL MONYYeHHOH [pobH 3aIHCATL B
pupe (a+B)(a-b)2 +(b+ el b-c) +(a+cla~c)?; 4) oM. yxasanme x S15(3).

B17.1) x; g =4£2; 2)x; g=21, x5 4, =13; 3 xy=~L x3=2; 4) %y » =i'r2—i’-_§-;
5) £;=0, X3 3=12; ©6) x;,=%4, x5 ,=16. B819. n ,=xl. 820. x*-
— 343r 4+ R1=0. 821. 1) %; 2) _5T16: 3) 339.5; 4) 378%. 822. r,=2, ry=-8.

824. -3. 825, —8. 826. @ =-3, b=6, ¢ = 0. 827. Jepes 0,6 ¢. 828. 1)(u—v8)x
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x (a+/B)a? +1); D (a-1)e+ Dla-2Ma+2). 62012130, 5 v 3D
i

b 2a+3b°

gy 407 ~0ub+9¥” .  duPr6ubt OVt ggg 9y e 147w, 831. 56 c.
a-5b e+ b

832, 14 mun, 18 man 40 c. B33. 6 c. 834. 1 9. 835. 54, 7,54. B836. 1) B4,7;
2)13,4; 3) 43,8; 4) 80.2. 837, 1) 959,72; 2} 22,02; 3) 6.13; 4) 4,4, 838. 1) 43.37;
2) 71,79. 839. 1) 4,9; 2) 2,9: 3) 59,9; 4) 63,3, 840. 1) 2,1; 2) 5,1; 8) 1,9;
4) 3,5, 841.1)-32,5; 2) 165,7; 3) 90,4; 4) 29,8, 842.1)1,1; 2) 0,8.
843.1) x, =61, x,=128; 2)x, =-143, x,~-38; 3)x,=6,3, x,=34;
4) xl = _8'7; x2 “'_""7,2. 844. 1) xl' 2= 12,3, xs‘ = ia,l; 2) x1_2 = t1'5, xa‘ 4= 12'4.

845, Toxasats, wro 1+ 3+5+...4 (2 +1}=(n+1)2. 847. n = 2. 848. 100 =80+ 20,
100=40+60. 849. Vxaszeu ne, Boisecrd obe YACTH pABEHCTBAE B KBAZDAT.

850. x,=2, x;= —%. 851. -3_4—‘{5 852, 40 aan n 60 Aanu. 853. 60 uan 40 anc-

roneti. B55. 18. 858, 0. 859, 24 865. 10 939 R74. 3. 877. x,=7,=0, xp =yu = 2.

870. 3026 341. 885. 1) —8 ; 2)0; 3) 2; 4) 1, 886. 1) x, =2, x,= -1-5;
n

1-x8
2)x,=0, x5=1, x3=lf.2£; 3) x,=—4, =0, x3=2, x,=6; 4) x — moboe
yuesno Takoe, wro 2 < |x[< 3; 5) x;=-4, x2=—£é£, Xy= J32—3' x,=L

8) %= 6, x; = -3-/B.xy= 3+ 8, x,=0: D) = 3'2‘/5' xz=loxg=—0—

8)x = —-2—'/3- 887.1) (2;3), (-2; -3% 2)(3; 4) (4;3)

3Y(2; 3), {3: 2): 4) (-4: -3}, (-4: 2%, (3: -3), (3: 2% 5)(1: 2), (2; 1) 6) (0: D).
5. 13) (5, 13
6:8), (3:6), (—2:1). (1: -2} T¥(-3:-58), (8:8), | -=: - == = |
(6:3), (3 6), (-2:1). (I: -2): T ( )()(3 3](33)
B) (—4; —5), 14: 5), (-3v3; ~3),(3V3; V3). 888. 1)(1; 2), (Z; 1) 2) (4; 3),
(3; 4); 3) (05 2), (0 ~2), (L; —3), (-1; 3); 4) (% 1), (~1; 2); 5) [2; é] [% 2):
8)(0; 0), (VT3 T (—T: = JT(V19; - J19),(-V19: V19). (2 3), (-2: -3); (3: 2),
(-3; -2y 7)(2; 1), -1; -2); 8)(-4; 2), (4, 2). 888. 1), =6, =2;2} r=0),
894. a>0,b>0,a+b. 895. 05<r<0. 896.r>1. B98. a=-2. 900.r<0,

iﬂri4,5.9{ﬂ.r(—%. r#3+2J2. 9041 e>0; 2)c¢0-m.—g<a<—%,

_1+\;5’ *p= 1+
2

—4l<a<.0, a>=1l 909 a<-4, —2-‘:3«:0. 910, 1) (x+=2Xx-3)x-5)%

D x+2Yx+D{x-x=-3% (x-LHx+2WxZ+x45); D(x+2Wx+4)x

x(x2-5x+8). 1L (2®-x2+1)(x%+x+1). 912 1)(x—1)xZ+1); 2)“‘:2-
x

I’

) —
Byael; T FL 5 X8 goxe? gy NT T4
-2 2x+l  x-2 2 2 3

2)-l(x<£, i{xcl; 4px<-3, l<x<d 6)0<x<d; ijég.

8 7T 3
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Orsernl & 3agauuam «IIposeps cebal»

Tmasal. 2.1)x<24; 2)x>-15; 3)x<b. 3. l)4%<x<64l; 2) x> 3;

3) x<-5.
Taasa II. 1.0,(4). 2. 4,4301-10'; 4,83-10°1; -2,5-10"1, 3. 1) ~2664,89;
2) =2,50; 3) =3,00.

Taasa III. 1.7 >v48; 23 <342, 2.68; 6; 5; g 17; 27. 3. -242;

7-2y10; 1. 4. 2aJ2a. 5. x—/3; —1 5‘/_2J_
5
Taara IV. 1.1)x=0; 2) x,=-1,x,=2; 8)x, ,=+1; 4) x =0, xz-l%

= 8) meT kopHeii.

LN ™

5) x,_z=;; 6) x,=17, xp=-1; T) x;=-2, xp=
2. 1) (x-2)(x+3); 2) (x+1)(2x-3). 3. 9 km/u; 12 km/x. 4. (8,5; 0,5).

I'masa V. 1. Pue. 69. 2. x;=0, x,=2. 3. y>0 npn -1<x<1; y<0 upn
x<-1; x>1. 4. Pyaxuua soapacraer npu x > 0; dyaxuna yobiBaer npu x < 0.
5. (3; 0); puc. 70.

T'napa VI. 1. 1) -1 < x <4; 2) x — nwoboe geiicTeuTeNbLHOE UHE0; 3) HET pe-
menni; 4) x=-10. 2. x =1, -2< x<0.

|

o ,

14
- 4

o] 1 3 5 x

—4 o 1 3 x

Puc. 69 Puc. 70

YKasaHHA K DelIeHHI0 3a/ay /Ui BHeKJACCHO# padoTsi

856. Boconsaopareea paserncTsom 111 = 337, orkyna 333 =9-37,555 = 15-37.
857. Uncao 11! oxamuusaerca uudpoit 1. Yucno 12'? oxanuusaerca nud-
poit 6, Tak kax umncao 124 okanunsaercs uudpoii 6 (IpoBepuTh YMHOMEHHEM),
12'2=(12%)3; a npoussesenne umces, okanumpaomuxca uudpoit 6, Taxxe
oxanumnsaetca nudpoit 6. Yucao 13" oxanunpaerca undpoii 3, Tak Kak uncIO
13! oxkamummaerca mudpoit 1 (TPOREPHTH YMHOMKEHHEM), [IOSTOMY GHCIIO
1312=(131)% rakxe oxkamumBaerca uuPpoit 1, a yncao 13'3 =1312-13 — mud-
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poii 3. JaHHoe YUCAO OKABYHEACTCH HYJeM, Tak xaK 1+ 6+ 3 = 10. 858. MesH0E
YRea0 OKAHYEBaETCA Mudpoit 4, Tak Kak 19821982 = (19824)*99 10822 i & aTom
OpOHIGEACHMH ACPECE HHCNO oRamuHBacTes THPPoi 6 (oM. yrasamne w aagate
857), a propoe — nudpoin 4, 8569. [TpoussefeHe FBYX HATYDPAJALHRIX THCEN
OKRHYHBEETCA HYJEM TOABKO B ABYX cayyaax: 1) xorna xoTA Ok OfHO M3 BTHX
YHCEN OKAHYHBRETCS HyneMm; 2) OAHO U3 BTHX 4HCe] DEAHYHBAETCS Mudpoi 5,
a4 Ipyroe — UeTHOE HHCNG. BH’IOHHTB, CHKOABKAMHE HYJAAMA OKAHYRABAETCH IO~
nasegeane vircea or 1 go 10, szatem or 11 a0 20 u 1. 3., cdOpaTAs ocoGoe BEMMA-
HUe HA nponaeeieH#e oT 41 a0 50 u or 91 o 100. 860. HirecTHO, 4TO OpH Aene-
BEHHM cTeneHH 4Yucan 10 ¢ awbHM HATYPAIBHEIM IOKA3ATENEeM HAa 9 OocTaTol
paren 1. Toaramy npn generun uwcra 1025+ 1017 ma 9 ocrarox paeen 2.
861. Ilpn pelnenNH TAKNX 3A[82Y IWIEIHO HCHOJLIOBATE CJAEAYIOOEE CEOHCTBO
JACAANOCTH YHMCeN: ecAM HATYDAABHEE YHCIA 7 B M HeJATCS HA HAaTYypalbHOe
HHCAC K, TO TMCIaA 7 | m i —m (IPpH R > M) TaK¥Ke aexatca Ha vHeno k. Ilpona-
pegenne (n —1)n{n + 1)=n? -, roe saTYPANTBEHOE YHCAO R 3 2, TPEX MOCTEN0BA-
TeNLHLIX HATYPENABHEIX YHCEN AelnTed HA 6, TAK KAK 0QHO A3 ENX ReJMTCH Ha 3
M X0TA OLl OQHO M3 HHX ABAAeTCA YeTHHIM. BHYTEM H3 gaHHOPD wHcaa 2%+ 11
H "HCAON 1'13 -n (0 OIeNer: YHHITOMEOHHA RS) H HpHﬁaB‘HM 3ITO e THCAO
i+ iln-(n®—p)+(n?-n)=12n+ (0% -n). Tax vk 12n genurca g 6 u n’ —n
genatca ga 6, To HX cymMMma, T.e. JaHHEOe UHCAC, TAKXMe Jeawrcd Ha 6.
862, Cu. yKazunune K saanue 8§61, 803, s pusaoie s JUHHU0 SHCIH Ha MHY-
wuresu n¥ —n =(n-1in(rn+1¥n% +1) enegyer, wro aro uncxo gennrcs =a 6
{cM. yrazaane k 3agaye 861). Eeaw au oguo ®3 uncea n—1, n, n + 1 ge geanurca
HA B, TOR =5m -2 amun =5m+ 3, re m — Hnexce YACHo. IIOK&34TE, IT¢ B 000RX
ATHX CAYYAAX YHCIO n? +1 genmren Ba 5. 864. Mokasats, uro ni -5 + 4n =
={n-2Yr-1nin+1Xn +2). 865. 3anuimeM HCHOMOe NATUIHATHOR YHCHD X B
BHAEe CYMMBbl PE3PAAHLIX cxaraeMbx x= 10000a+ 10008+ 100¢c+ 104+, rae
a, b, ¢, 1 — uudprl, npuueM a+0. I[lo YCAOCBHI 38AAYH ETOPOE YHCIHD
y—9x— 10000+ 1000d + 100¢ + 104 + ¢. 3amerum, aro ecan a4 > 1, To qncro 9x
mectTasHaudoe. ClefoBaTeNbHO, & = 1, ZosToMYy { =9 H paseHcTBo y¥=9x Ta-
koso: 90000 + 90006 + 900¢ + 90d + 81 = 90 000+ 10004 + 100¢ + 106 + 1, oTKY-
Aa 8996+ 80c+ 8§ =914. H3 3r0T0 paBeHCeTBA clAelyer, uTo b =0, TAK KAE OpH
b > 1 1epas yaeTL papeHeTEa Gonsmie 549, p MpaBas YACTL MeHLITe BHXHA PABEA
91-9=818. Ha pasencrea B0c+8=91d cmeaver, uto d+0 m d genurca
Ha &, T.e. d=8, n moaromy c=19. 866. Ectn meppoe TpexX3HATHOE THCIO
x-100a+106+¢, TaAs @, &, ¢ — uudpper H a<0, TO BTOPOE YHCIOQ
y=100c+10b+a u c¢#0. Pasznocers x—py=9%a-c). Tpeanronoxam, UTo
99(a - ¢)=n2, rie 1 — HaTYpAIBHOE YHCTO. TOTAa 1 AeAHTCA Ha 3, T. e. 1t = 3k,
v noaromy 11(a — e} = &2, Ua sroro papercTsa JOMMHO CISACBATD, YTO § JeJiAT-
ca na 11, 1o TOrAn posHOSTL & - ¢ AMIROA ACAHTLCA oo 11, a 2Toro e Momer
OHTE, TAK Kék 4@ HW ¢ — nadpu. 867. BocmonnaoBaTocd pAaBeHCTBOM
35x+6b6y=6(3x+8y)+ 17(x+ y). 868. ITokasaTk, 4YTO cyMMa KBAJDATOE ABYX
HEYETHHIX YHCEX ARAAeTCA YETHEIM THCAOM, He JAeJANIHMCS Ha 4, H UTO Taxoe
YECKC He MOMKeT OLITE EBAAPATOM HATYPAILHOTO gEeia. $69. CymMy S xeagpa-
TOB MATH GOCHASACBATENLHBEIX HATYPANBHLIX YHCEA MOMKHO 3ANHCATL TaK:
S={n-2¥+(n-1F +r2+{(n+ 1 + (1 + 2% =5(n? + 2), rle HaTypANLHOE 9HC-
Jo i # 5. BolH DpeAnoJIosKHTE, Y0 3 n?+ 2)= k2, roe kb — HATYPAIbHCE FACHOD,
TO YHCHO k ZONMHO AEANTLCA HA 5 A T03TOMY YHEIO i2 + 2 TAKKe DOIMKEO Je-
AMTBCA Ha 5. OfHAKO IOKAKeM, TT0 THCIO 12 + 2 He AGINTCA HA 5 HE DDA KAKOM
HATYLANBREOM A. [IpM AeIeHNH HATYPAILHOTO YHCHA 7 HA TACKO 5 OCTATOK F MO-
s#eT GLITH pABeH OAHOMY M3 ukcen 0, 1, 2, 3, 4, . e. 2 =5k + r,THe k — HeoTpa-
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naTensHoE Hedce Gmeao. Toras nl +2 =5(582 + 2kr)+ r2 + 2. kna Toro urobu
STO YHCNO ASNANOCH HA 5, HYKHO, TToGH umeno r? + 2 fesmnces ma 5. Oanaxoe
np# r, pasaon 0, 1, 2, 3, 4, ssHadennn rdy 2 paBAW cooTBeTcTReHRAO 2, 3, 6, 11,
18. 870. Jlannoe uucno @ = n2 + 5n + 16 moncno aanmncats tak: 2 =(n -4)2 + 13n.
Bone s1o uncho gennrea 54 169 =13-12, ro uncac (2 —4)° n waeno n -4 fendar-
ch HAa 13, T.e. n =4+ 13 &, vfie k — BHeoTpULATENbHOS Henoe uncno. Ho Torza
a=160k2 + 13(4+ 123%)=169( 42 + ¥)+ 13-4, a 310 yucno me jyemmres wa 169.
871. Hy®Ho A0KA3ATE, 9TC eCAM X0TA OB 07IHO U3 HATYDARGLHLIX YHCEN B, M He
genutest Ha 3, vo u mmcao nl + m*? me genwrcA ma 3. IIyeTe uHCAD N He AeanTea
Ha 3, T.e. Hinn =8k + 1, mnnn =8% + 2, rue b — HeoTpuuATEABHOE OENCE YHC-
no. Torga nre n2 =3(34% + 2k)+1, wim n2 = 3(3k2 + 4k +1}+ 1. B ofomx cIy-
9aAX NpPH AeASHEH YACAA nZ Ha 3 ocrarok pasen 1. [TosToMy NpH JeseHuH 4HC-
na n?+m? ga 3 ocraTox papen 1, ecim uucno m jeantcs HA 3, HAH CCTATOK
papen 2, eCAH YACAC M He AeJHTCH Ha 3, T. €. YHEA0 n? 4+ m2 e genurcs na 3.
8§72. okazaTn, 910 eCAK A = Tm + r, rAe M — HeoTPHLATEALEOS UeNoe YHCIOo,
A r — OCTATOK OT AeJEEMA yHcaa o ka7, Ton® -3 =Tk+ r® -3, rie & — uenoe
HEOTPHUATEABHOE YUCA), QCTANOCH DPOBADHTE, MTO NPH KaJKIOM 3HAYERHH r,
pasaom O, 1, 2, 3, 4, 5, 6, uncso r° — 3 5o geanTes ma 7. 873, Tak Kam
P — NpocToe YHUENO, TO OR0 AeueTHoe: p=2F+ 1, rae ¥ — maTypanbHoe WHCIO,
k > 2. Mloaromy wmcno p? —1=44(k+ 1) geaurca Ha B, Tax xax 9meno p He fe-
avrcaHa 3, 70 p=3m + 1 wawm p=3m+ 2, rpe m — HaTypaasHoe yucao. B mep-
BOM cayuae uncac p° — 1= 3(3m?2 + 2m) gennres Ha 3, Bo BTOPOM CAVYAE YUCHD
pP2-1=3{9m% +4m + 1) Taxme genurca Ha 3. 874. Ipn n =3 anauenue
n2+8=17 — opocroe wHeAo, Eoan n > 8, B — NPOCTOE UMCITO, TO THEAO RE + 8
He ABAAETCA OPOCTHM, Tak Kak 82+ 8=(n2 —1) + § pequrcs Ha 2 {cM. yKaoanHe
K zafa4e B73). 875. Tak ske Kax U B 3axate 873, NOKasaTs, uTo EPH Aeleduy p2
Ha ¢ u Ha 3 ocrarox pased 1, [IycTe r — OCTATOR OT HeleHHA UHCNA p"! Ba 12,
T. €. ,t.r2 =12n + r, e 1 — HATYDANBEOE YHCIO, 8 © — Uedoe udeno, § € r <11,
Tax wak 12 geaurce a4 u A 3, To npn genernu uncna 1272 + r wa 4 noayuaer-
CE Tak0il ke ocTaTok, KaKoil 4 upn genenun YHCAA F Ha 4. AHRANOTHYEG NIPH Je-
nernn 4ncaa 12z + r Ha 3 nosiyeaercAa TAKOH e OCTATOK, KRKOH W OPH AeneHEAH
yncaa - ga 3. Hrax, npm pgenenvs uucna r ua 4 1 Ha 3 ocTatok pasen 1.
Iporeprnit mMokARATR, YTO chefm wwcer r, papHsx O, 1,2, __ 11, Tomexn
r=1 ymoBnerTeopser 3ToMY ycaoeHo. 876. BocnonbszoBaTincH paBEHCTBOM
nl+4=(n?+22 -4n2=(n? +2+2n)(n%+2-2n). 877. Banucat: ypaBHeHue
pauge (x—-1)y—1y=1. 878. 1)—3) HzbasuThtn OT HppannCoHAABHGCTEH B

1 _Je-y6 1 _Ja+ip

Ja+db  a-b ' JaJs  a-b
1

rae >0, 5>0, a*b. 1) Bocnons3oearscd pPARBEHCTBOM — =
(a+nXa+n+1)

IHAMEHATENAX C MOMOWbY GopMyna

L

=1 1 | 5) Bupasxenua Aepoid ¥ TpaBOil uacTeii pAReACTEA NPEACTA-
a+n a+n+l
BHTB B BlJle MHOrOUNEHOB CTAEIAPTHOIO BIAA ¥ CDABHETE ux. 879. Bocnoaw3o-
BaTbCd paseHcTeoM zagaum 878 (5). 881. IpeolpasoBaTE HCXOAHOE PABEHCTEO
K BHZY {a+ b) b+ cHc+ a)=0, 862, MoxazaTs, 4TO AAHHOE BEIPAXNEHHE PaB-
o (-2} b-cXec—a). 883, IipeobpazoraTe HeX0AHOE PAECHCTBD K BHAY
ab{a - b)+ cla? - b2) = abeta? - 2} + abe? (g~ b). Oenenmen ofienx uacreif sTo-
ro paseHcTsa Ha (a—b)} Doayuaerca papeHcTsO ob+ bet+ ca=abe(at+ b+ c),
OTKYAa AeneHHMeM Ha abe MoayudaeTced PABEHCTEO, KOTOPOEe HYIKHO JOKAZATH.
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884. Ionesuo seectn cBo3RaveHne S, = x"* + y7, rAe 1 — HaTypasbHOE TACD.
Mo yemommw 8;=x+y=a, xy=b. Hosromy Sz=x2+p=(x+yl¥—2xy=
= ¢? -2b. Tlorasars, arc upu & » 3 cnpasefzuna Gopmyns 8, =e5, _-bS, _5.
o aroil dopMyne noouepenHo BMpaautb Sg, S, S, Sg 9epes a m b,
885. 1) Crauans CHOMHTL TPETBIO H YEeTBEDPTYID APOGH ZARHOTO ERIPAMKEHAA,
K DE3VAbTaTY npubaBHTL ATODYI0 OPOGE U K NOCREZHEMY DE3VALTATY NDHOABHTE

nepeyr Jpobe. 2) [Ipreects aApofiu K ofmemMy 3HAMEHATENID H YOPOCTATE THC-
ANTEE DOIyIeHAOH ApoGK, 3) [ToKASATE, YTO MDA 1 & ¥ % 2 COPaBeAIARH DABEH-

crsa Jx+2Jx—1 =-J(1+\-‘x-1)2 =1+4x-1, Jx-2Jx-1 =J(1—‘hr—l)2 =

=i-+¥x—1l=1-x—1. 4) Cnaxana noxasaTs, 4TU NN AUHHRX YCADBAAX LUK~
KOpeHHELIe PLIPAKEeAHA AAHHOTO BLIPAXeAHS TIOJOMHTENALHE H €10 3HaNenaTeNL
He PaBeH HYIK, 3ATeM HCKAKYHUTE HPPALHCHATLHOCTD B 3HAMEHATENE YMHEORE-
HEEM THCIHTEI ¥ 3HAMeRaTeNA Ha (m + x +m — x). llpn gansmefimax mpe-

06pa3oBaHMAX BOCTONbIOBATECH DABHCTBOM ,’(n2 12 =1-n? npu O<n<l.
886. 1)—4) Hconoxnrays onpefiesieHne MOOVAA YHCAS, PACCMOTDETH DAINHIHHE
CAYYAHM JHATEHHH MOSZYJAA BHPEMKEHHA, COAeprRalulere HenapecTroe, o) Hua
KPATKOCTH 3anucy yaobso BBecTd oGosHauedme, Hampnmep, x2+ 3x=t.

6) V1060 BReCcTH OOO3EAYEHHE, BANDUNeD, xZ + 8x+ 5 =t. 7) BrecTn ofosnaqe-

HHE X+ 1 =t, Torpa x? +-lé-= t?-2. 8) lamH0oe ypasHeHMEe MOMEO SADHCATH
x x

rax: x{x ! I x 1) x12)+ 1=0, naw, mepemuaoman x 58 {(x11ym (x-1) ma
(x+2), mar: (2 + ) (22 + x~2)+ 1 =0, nosromy yAcSHC EBecTm obosEazeEme
x2+ x=t. 887. 1) CxaanmnEan ypasHeEMs CUCTeMBl, moayuaeM (x+ y)2 =25,
OTKYAA X+ Y= 15; Aanee NPHMEHATH ¢0CO0 MOACTAHOBKH. 2) BuuuTas u3 BTO-
pOro ypasHEHHA IEPBOE, NOAYYaeM X+ y =7} JaJee IPMMEHATH CrEocol mopcTa-
HOBXKH. 3) CHIAALIBAA YPABMEMMA CUCTEMEI, MIOAYYaeM ( X+ y)2 +(x+ y)-30-0,
OTKYZR X+ y=3 mam x+ = -6 ganee nprmennTs tnceof DOACTAHOBKH.
4) CunafLIBaA YPABHEHHA CHCTeMBl, NoayyseM x2 + x— 12 =0, oTkyZa ¥ = 3 uaH
x = —4. TlogcTaBnAA 2TH 3HAYEHHA X B 0A4EO (Mw0b0e) M3 YpABHEHHH CHCIEMH,
HaXoJHM COQTBETCTEYHIIHE 3HAYeHUA Y. 5) BRIUHTAA ¥23 ETOPOro YpaBHEHHA
NepBO8, BOIBSAOHHCS B KBAJDAT, NOAYIReM Xy —2; janece DIPHMOHHTL cnocol
noAcTaBoBkH. G) OfosHawasa x+y=u, Xy =V M HCIOAL3YH PABEHCTBO ISHATH
884 (2), nonyuseM cHcremy
ul-4uo+ 208 -17u2=0,
v =2u,

KOTODYIO MOKHO DRIMTE ¢Ooco00M DDACTAHOBKH. T) BRIUATAA M3 NEePROTO ypab-
nenma sropoe, noaydaem (y 2x¥ =1, orkyaa y=2x+ lwany=2x 1. 8) Ilpa-
GaRAAA K GEPBOMY YDARHEHHI, YMHOHEHHOMY HA 5, BTODOR, YMAOWAAROS HA T,
nonyuaen ypapsenme 1232 — 19 ¢y + 522 = 0, peman KoTopoe KAK KBAAPATHOE OT-
HOCHTCNILHO [, EAXOARM if = %5 nOH y= %. 888, 1) Pasnenns BTOpOoe YDABHEHHE
Ha mepBoe, ToAYIRM ypasaemne 22 — Sxy+ 2x2 =0, pemasa xKoTopoe KAK KBAA-

PETHUE UTHUCHTEIBHU ¢, HUXOANM =27 uaK = %x. 2) Paspeans Eropoe ypus-

HeHWe Ha mepBoe, noayunM 1242 - 25xy+ 12x% =0, oTRyaa y= %x AAR Y = gx.
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3) Wiz aToporoc YpRBReHHA noayaaem if = 5x2 + 4. [ToAcTaRAAA oTO SHAaueHEE Y2
B IIePECE ypaBHEEHE CUCTeMul, noaywaeM x° —-5x%y-16x =0, orxyaa win x =0,
wna x2 —5xy=16. [Ipt x =0 no Gopmyne y2 =522 + 4 paxoguy y= +1. Bo sro-
PON CXYy9de NOJYIReTeA CHCTENA
xZ —5xy=16,
{5.\:2 — y“ — 4.

PasnennE neproe ypapHeEMe Ha RTOpOE, noxyuaed 4y2 + 5xy - 21x% =0, orryaa
y=—-3x HIn y=%. 4) ObozHauas x+y=u, Xy=v U MCIONL3YHA PAREHCTEO
22+ g =u? - 20, nonyuaeM cucremy

Ju(u?-20)=5,
w2 {u? - 20)=20.

1

Pazgerns mepepos ypasdeHHe @A BTODOS, HAXOLUM i = 4—vz. Iloacrannaa sro

JHIYJEeHHNEe N 8 OJHO H3 y‘pannenuﬁ CHCTEMbL, NoNAy4uaeM YpPABHEHHE
v8-33% -320=0, KRAIDATHOS OTHOCATENLHD o, orkyga b =-2 A Torma i = 1,
unu =245 n rorza u = %. Boappamascks K HEH3IBECTHBIM X H ¥, HOJYIaeM
ABeé CACTEMH
{x+y=1, x+y=%25,
xy=-2, xy=2%5.
Ileppan m3 HNX WMeeT ABa AeiicTERTEeALHMX pemeHHA (2 -1) u (~1; 2), a BTO-

pafd He uMeeT JAeWCTBHUTEALHHX pemeHHH. 3) QfoaMauaf x+ y=u, Xy=0 "

HCOOAL3YI PEBEECTHEO 3ajayu 884 (1), monyuaeMm cucTeMy
r
| U = —Dy

|8(a? ~ 3up) = 65.

IMogcTapnan 3EavYeHAe # N3 [IEPBOTG YPRBHEHHAS BO BTOPOE, NOAYYaeN YpPABEe-
nue 12507 —60v2 — 65 = 0, KoTopoe ¢ HOMONILIO PAAIONEANA ero Aea0il TacTH HA
MHOMKHTEIT MOMKHO 3amnears Tak: (v —1X1250% + 650+ 65) =0, orxyma v =1,
rax xak ypasEenne 12502 + 65v+ 65=0 He MMeeT AelicTBATENHLHBIX KOpPHEH.
§) Cragana paceMoTpeTy Cayuan = tx. Ilpm iy # £ X, pasdeNlHE NEPBOE YPABEE-
HHE HA X - Y4, 8 BTOD0OE€ — HA X+ I, HOIYHIeM CHCTENMY

j!xz + xy+ 2 =19,
x—xyr =T,

BrrumTas u3 neppor0 YpABHEHHMA STOH CHCTEMBI BTOPOE YPARHRHEE, HMOJTYIacM
2xy=12, otxyaa y = g. 7) Pazgenne nepsoe YpABHEHHE HA BTOpOE, NOJYI4EM
&

2y2 —Sxy+ 2x% =0, oTicyAa y=2x maam y— ; x. 8) TepemAosan ypaEHeHAd, NO-

myiaex xy =8, oTRyZa y= ﬁ. 889, 1) C momon(bio JOpMYAR KOPHEH KESIPATHO-
X

ro ypapaeRnA ax? + bx+ ¢ =0, rae a #0, OKA3aTh, YTO 3T0 YPABHEHHE HMEET
PaBHHE KoPHH (T. €. OfHH KOpEHB) TORBKO TOrAA, Koras D = #% —dar =0. B nan-
HOM cayase D =r? —=4(2r~3). 2) Ecaa kopHH KBalDATHOr0 YpasHemnms ReficT-
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BUTENLHEBE, TO U3 TeopeMal Bueta caenyer, uro oHM ABIAICTCA NPOTHROMONGHK-
HEIMHA YACAAMM TOJbKO Opu b=490, T. €. B faHHONM caydae § = r = 0. Ocranoce
norasaTh, IT0 UpH ¥ =0 KopHEKM Aaumoro yparaeHRA JedicTBHTenbHbe. 8. Ilo-
KA3aTh, 9TO NPH r > () KODHH ABHEOr0 KBAADATHOTC YPABBEHHA JeHlCTBOTENb-
HEE, HO3TOMY X+ Xy =, X ¥ = —r. HenoabiyA 3TH PARCACTEA H PABEHCTRA 34-
Aaan 884 (1), nokszaTk, 4TO x?+ r: +{xxp )3 =a3r2. 891. HokxazaTh, uTo R

magmoM eayuae D={{a+ 52 —c2W(a-6)2 -¢2). 892 Moxasare parercTRD
2

2
[r+-1-) B —4q[r—%]=4p3+[r—1] {p% —4q). 893, [1ycT: PANUOHARLHOE
r r r

HHCTO X = E‘ e m -- nenoe 9Mcio, 1 — HATYDAIRHOER 4MLNO, E — HEeCOKpd-
h n

2
TUMAE Apo0E, HBAASTCA KOPHEM JAHHOTD YpaBHeHuA, T, e, ﬂé—+ pRsg=0.
n n

2
Toraa mT = - pm —4gn — Lenoe 4Heno, nosroMy n =1. 894, Mawnoe Grxeagpar-

HOE YPABHCHHEE HMEET YeThipe DASNMYHEBIX JACHACTBHTENLHALIX KOPHA TOABKO TOT-
Aa, Korga ypaBHenue (2 -(a+ b} +ab=0 yMeeT IBa ZEHCTBMTENLHBIX pad-
AHUHHX NOIONHTEABHLIX KOPHA, T. 8. XOTAA, BO-NEPEEIX, (a+ &)2-dab=
=(a~b)* >0, orkyna a £ b, ¥, BO-BTODHX, No Teopene Buera a+ b>0m ab> 0,
oTKYHA a >0, b > 0. 895, KopAr AzHHEOrQ YpaBHeHHA JefcTBHTENBHRE, TAK KAK
4(r—1¥2 -4{2r+1)=4r2 —16r>0 apm r < 0. [Te Tecpeme Buera oba xopasn or-
PHIATEALHA TOALEKO TOMA, Korda r—1<0D u 2/+1 >0, 896, Crauana paccMoT-
PeTE cAyYan, KOTOA NepBwi kKosddaomert r2-1=0, 1, ¢, r=11. Ipu r=+1
AAHHOE HEPABEHCTBO SABJAAETCA KBAADATHHIM. TAK Rax OHO JOJMHD BBRIITOJ-
HATLRCHE MPH BCAX AMRCTRAMTONBHAIX 3HAUEHRAX X, TO YPaBHeHHe (r2 - 1.):vez +
+ 2(r-1)x+ 1= 0 He QONKAO AMETH AeHCTBUTENEHEIX KOPHE, T. €. JONKHEO BEL-
nonEaThes yeaoere 4(r- 1) ~4(r%2 —1)< 0, orxyaa r > 1. TakuM ofipasom, ecin
r>1, To KBADPATHYHAA (PYHKIHA Y x)= (rZ -1)x? 4+ 2(r-1)x+ 1 npA BoEX Aeil-
CTEMTENEBLHEIX JHAYEHHAX X HOPAHAMAET JAAYCHHAA OANOrO 3HAKA! AIH TOARKO
OONCKUTeAbHbIE, HIH TOALKO OTDHUATENBHHWe. QCTANOCH 3aMETHTE, YTO
y(0)=1:0. 897, CHayana Noxaaath, Iro x>+ x+ 1>0 npu peex oHauennnx x.

[loaToMy, YMBOMAA HCXOAHOE HBDHHROE HEPABEHCTBO HA P x+ 1, nonyyaen

%(r?' +x+1)s 28 —x+1< 3(x*+ x+1). B oToM NBOiHOM HEDABEHCTEE NEPBOE

HepaBeHCTEC NpeobpasosaTsh K euay (x— 1) 20, a propoe — x suay (x+1)2 >0,
808, IIycrs £ — obmudt RelcTBHTENLHLIT HOpeHB GARHBIX YPaBHeHNd, T, e.
tax+1=0u ¥2+ x+ g =0 — pepEbe paseHcTBA. BLIYHTAf M3 DEpBOTO pa-
BEHCTRE BTOpoe, noayuaeM (@-1)x—1)=0. Ecax ¢ = 1, 70 nexofuse ypaBHe-
HHA OJHHAKOEL] M HE HMEHOT neﬁCTBHTeJ'IBHHX. Rﬂpﬂeﬁ. CJIE,EOBH.'I‘CJIBHD, OEIJ.U»IM
KopHem Mo:er Ob0Th TOXIBKO ¥ = 1. IlogcTaBnsa x = 1B nepsoe ypasAeRHe, HAXO-
aum g = -2, [IpoBepka NOKAazmeaer, 910 IpH & = -2 ofla YpaABHEHUA HMET 06-
muii wopenr x=1. 899, llycre x, obmAit KOpeHL ABHHBIX VPpEBHEHHAN,
X, — BTODOH KOPEHbL MEPBOTO ypaanenna. X3 — BTOPOR KOPEBL BRTOPOTC YPaB-
Hemms. Buuuras ua pasedcrea x% + ax) + be = 0 papeHctso x2 + bx| + ac =0, no-
nygaeM (a - b} x; —¢)=0. Tax xak a » b, To x) = c. llogerarnaa x = ¢ v napnoe
ypasueane, noaydaeM c{a+ b+ c)=0.Tax xax ¢ #0, To 2 + b+ ¢ =1. [lo Treope-
me Buera HaxopuM Xy, = b, x3 = a. OcTanocs NpoRepHTh, IT0ecar a+ b+ ¢ =0, o
X1 =€, Xa= b — KOPHH NepROTO YPARHEMHA, x| =, xs =0 — HOpHE BTODOCO
ypaeHeHHA, Y3 =&, X3=a — ROpPHE TpeTeero ypasHenusa. 900. Cravana pac-
cMOTpeTh caydal r =4, TIpH r+#4 paAHoe ypaBHeHMe ABAAETCH KBAADATHHIM.
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Hokasar™s, 4r0 KOPHE YPABHeHUSA x%+ px+ g =0 nonosxATeIbEH TONRKO TOTAR,
Korga p—-4¢ 20, p<0, ¢ >0, [IC3TOMY IIDH 7 # 4 380344 CEOIUTCS K DEMIeHAIY
CHCTEMELI HEDABEHLTH

9-~2r20,
3—r{0

r-4

r 0.
r--4

901. BocoonezosaTiea GopMynoll KOpAS HBSAPATHOTG YPABHEFHA H TeOhemMod
Buera. 902. Cragana paccMorpers ¢ayuail » =0, [Ipu r # 0 gassoe ypapEeHHE
HENeeT AeHCTBHTEeNbERE KODEH TOALKO NpA ycAcBWHA (r+ 1)2-8r>0, oTryaa
r<3-2J2 mmm r>3+2J2, Oyers r>0, Torga rpadmxoM GyHEKOER
y=x)=2rx2 —(r+1)x+1 "anfeTcA ngpaGona, BETBH KUTOPOH HALPABACEN
secpx. C momMonquio ackxmaa rpadiKe TOKA3ATL, ITC HYAR X, Xy 0ToM OYHROEH
opuHUIeaeT sETepeany —1< x <1 Toapxo TOTZa, KoTAa abenmHeea xg = %r_l
BePIIAHE DAp20OJEl TAKME OPHHAANEHUT ITOMY HETepBary ®u K -1)>0,
#(1)>0. lloxyuaeTca cHCTEMEZ HEDAEEHCTH

_1.,1.’:1_..1.‘: 1,

4r
2r+(r+1)+120,
2r—(r+l1)+1>0.

Pemas oTy cACTEMY, NMOAYIaEN J">%. HJanee NOKA3&ETH, 49TO 3—2‘\-“54%{

< 3+ 2+42. Caenosarensno, r» 3+ 22, Ananormuno paccMoTpers caydan r<{.
903. C pomompio 5cKkuaa rpadbuka QYHKUMM y= x° + px+ ¢ HOXA3aTh, TTO
y(-1)< 0, (1) <0, 304, 1) Tax xak rpadHK QYHKIHHK Y = ax? + bx + ¢ He UMeeT

ofmex Todex ¢ 0csw abcuuce 1 Y1) = a+ b+ ¢ > 0, To Becs rpadbnAK pacuoNOIKEH
sHine ocu abcuHee, » yacTHoCTH Y(0) = ¢ > 0. 2) ABanoryvyHo, KaK ¥ B OIpe Y-

mEM CAYHAE HCTONL30BATE YCAoBHe ¢ — p+ 1= y{-1) < 0. 905, Crauana oxazare

paBeBCcTED 8, =(x+ x)8,, | —x %8, _q.IlosToMy a8, + &S, (+e8, 5=

={a{x;+x3}+ B)}8,, _;+{—ax,x; +¢)8, _5=0, Tax Rﬂ;{ noz'reopeue Buera

x4 x?_:—g, x,xz=£. 9206. INyers 8,5, Toras a—+b—=t=-2 H JAAA-
a a b a bt a2

HOe BEIPAIKeHWe ¥ Takopo: y=3t2-8i+4= 3[t—%](t—2). Ecau ab<0, rto

2, p2 _
t<0 7 y=3t?-8t+4>0. Ecarn ab>0, To t=ﬂ%=%+2>2 "
a

y= 3[:—%)“—2)20. 907. llokasate paBeHCTBO X2+ 512 —dxy+2x—6y+ 3=

={x-2y4+ 1) +(y—1)2+1. 908. [Toxa3aTk, UTO OPAAAATA BeDIIHHE OepBOi

mapaboan paBEA —a®-2a, a OpAMHATA BepWMHBI BTopel nmapabonn paBEa

4% -1
ia
4g%2-1 3

x[ 1a —1]40, KOTOpOE MOMRHO PEINTE MeTOR0M uETepeamce. 509, Io-

KAa3aTk, 9T0 3agada cBOAWTCA (KAK H B 3agaue 908) k pelmenuss Hepasen-

. llosToMYy 238393 CBOAWUTCA K PAIIGHNIO HEDANCHCTBA [—a2 —2a—%)x
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cTBa (—4a2 —a+5)(a~2—é+5]>0. 910.1) x® -6x% —x + 830=x% + 2x% —
a

Bx2 32) x 2. Dxl- ¥ -T2 1 x16=xt-8 (722 -D+(x-1=
={x - I - Ta-T+D=(x =B+ 1=+ 1D ={x-IHx+ 1K 22 —x+1-T)
3) OGosmauas x%+ x+ 1=, OOKAaTH, YTO BRHEOEe BEIPAMKEHHe pPABHO (f+ 4)}X
x(#— ). 4) ObosEavan x>+ 4x+ 8 = {, DOKAZATEL, YTO JAHHOS BHDAKEHHE PABHC
(2t 8)2x1 219 xP 1 x11=x%1 2! 22123 2312221 x11=x%1 21+
+ 283+ 2t 2+ 1-(xt+ 2P+ )= (2 x+ D+ (% + 2+ D— 22 (22 + x4+ 1).
912. 1) Ynecanrens paser {x2 + 12 {x—1)(x+ 1), sEaMenatens pasen (x2 + 1)x
x (x+ 1). 2) Uncnarens pasen (x+ 1) z+ 2)( x—2), sEaMerarens paseH (x+ 17 x
®(x—2). 3B) "lucamrens pasesn .1:3(x—2)+(x—2)=(x+ Ix—2)(x2~x+1),
SEAMEHATENE paBeH x° —x2 + x—2x% + 22— 2 =(x -2} %% - x + 1). 4) Yncanrens
paeeE (7! —2x% + x8)+ (22 -2x+ D)=(2-12(22-1), smamemarens pasen
(2 -2x2+ x)-2x% +4x-2 = x(22-2x+ 1) - 2(x* - 2x+ 1) =(x— 1B (x - 2).
914. 1}—4) BocuonszosaTsCad MeTOAoM HHTepsaaos. bH) [lokasats, uto
[#2-5x|=2%—5x nupm <0 m mpm x>5, [x% —5x|={x®5g) pE 0 < x <5,
6) PaccMoTpers cayuau x c—g. —g Lx< g‘ x> g T) IlorazaTs, I70 AaHHOE HE-

pasereTBo TakoBo! |x+1||x+ 3|>|x+ 3|. losromy HYMEHO POLINTI HePaBeHcso
|x+1|>1 opm ycaoram x # -3. 8) Ilokazare, ate x* - x+1>0u x2—3x+4>0
L BCEX SHAYEHHMHX X. nUl’TUMy AUHHOE [HMBEHCTBD TAKOBOI x2 -x+ 1=

< r2—3x+4. 915. ITpeofipazonath = HepsrenetTeo: 1) (2—1)2 +(h—1)2 = 0:
2

D(a-bY+a?+4b20; 3 (a-bP+(a -1+ (2 -1)">0; 4)(u+%b]+
. . .
+%b2:§0; 5)(ab)2[(a+%b) +%b2J20; 6) alb2{a-5)2 20. 916. Ipe-

2 2
obpasosars & Hepasencrse: 1) (\"Z—ﬁ)zﬂ—[ L L] =0; 2) (i—l] +
Ja b

Ja b
. a 2
i——1] +[%—1) #0;3)(a+0Ne—-bY =0 4)a+b+2>0.

Ja b

+
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CsoiicTBa
HepaBeHCTB

ec.frua>b, mo@+¢€>b+c¢
ccru@>buc > 0, mo ac > be .
ccru@>bue < O, mo ac < be
ecwa>buc>d mo @a+ec>b+d

ceru @ > 0 u b>0,moa+b L .

Mopyis
qucia

a, cua >0,
la|=
A, ccru @ < 0

-a 0 a -a 0 a
x| < a x| = a

Kopuu .

KBaJPaTHOTO
YPaBHEHU

ax’+bx+c=0

-bt l/ b’—4ac
2a

X2~



KBagparusie
KOPHM

ecxua,;(), mo [/_(;20, (l/(;)z-—_-—a’
/a* = |a]
.eCﬁuaEO, b?O, mom =[/;-l/l;

emu(l}O, b >O, mo _a:V_E

b /b
Popmybl
Buera
. x’+px +q =0
x, +x,=—p

e - x,x,=q

ax’*+bx +¢c=0

x,t x2=—3
_C
X, X, = -5

S



Kpaaparuunas
by UusA

y=ax’+bx+c,a#0
y=ax’tbxtc=a(x—x,)’tyo

b _ 2
x0= —2‘“{—1 s Yo~ a,x0+ be+C

Yy a>0 Ya a <0

/¢ [oFm

Yo
Hanmenbinee Hawubouabsimee
3HAYEeHHEe PaBHO 3HaYeHHEe paBHO
Y, =y(x,) Y=y(x,)

. . ' . .
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RBanpaTHBIe
HepPaBEeHCTBA

L
a>0

ngxgx!

xz/h
axitbx+c>0

X
a>0

X=X, X=X,

axtbx+c<0
a<0

Zishaptiesnt
X,
.x:/ ’ \x
ax tbx+c=0
a<0
x1<x<x2

Y1




